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PREFACE 

These Lessons are intended to serve the purpose of introducing 
beginners to the study of Experimental Physics. My object 
has been, not only to provide a certain amount of useful 
information, but also to give an idea of the methods by which 
this information can be most directly obtained. The course 
has therefore been made experimental, and such brief instruc- 
tions are given as are required for making or using the 
apparatus and carrying out the experiments. I have re- 
peatedly tried and modified each experiment so as to present 
it in a simple form and avoid the more usual causes of 
failure. 

I am well aware that many educational authorities hold that 
teachers of science (more especially in schools) should confine 
their instruction to the principles of the subject, without 
entering into details of manipulation or methods of experiment 
To the teacher who aims chiefly at getting * results ' this view 
readily recommends itself : it saves trouble and expense, and 
enables him to devote more time to laws and generalisations. 
Unfortunately the results thus obtained are not of great value. 
A schoolboy may be taught to repeat glibly certain forms of 
words respecting the conservation of energy or the atomic 
theory ; but, until he has acquired considerable familiarity 
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with the behaviour and properties of bodies, the words convey 
no clear idea to his mind. My own experience in teaching 
has led me to the conclusion that students who come to college 
' with an elementary knowledge of science acquired in this way 
are very unsatisfactory material to work with. They have 
been accustomed to get their knowledge at second-hand from 
their teacher or their book ; and they find an experimental 
course more troublesome, more tedious, and apparently more 
uncertain. They are easily discouraged and do not see how 
much can be learned from their own failures. The method 
fails to bring out one of the chief advantages of science as an 
educational subject — the training in the habit of observation 
and of learning from things at. first-hand. 

In the methods of reasoning, as well as in the choice of 
words and subject-matter, I have earnestly endeavoured 
to be as simple and clear as possible. But I have made no 
attempt to shirk the necessary difficulties that even the 
beginner must, sooner or later, meet. There still remains 
much truth in Rousseau's words : * Parmi tant d'admirables 
mdthodes pour abreger Tetude des sciences, nous aurions grand 
besoin que quelqu'un nous en donnit une pour les apprendre 
avec effort.' 

The paragraphs in the book which are printed in smaller 
type may be omitted on the first reading as being of less 
importance or greater difficulty. Most of the illustrations have 
been engraved with great care by Mr. J. D. Cooper from my 
own sketches and photographs of simple apparatus. Others 
have been borrowed, and for these I am mainly indebted to the 
courtesy of Messrs. Macmillan. The questions at the ends of 
the chapters are taken partly from the elementary papers of 
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the Science and Art Department, and partly from my Examples 
in Physics, 

My warmest thanks are due to Mr. B. B. Skirrow, B.A., of 
the Mason Science College, Birmingham, and to Mr. D. S. 
Macnair, B.Sc, Ph.D., of the People's Palace Technical 
Schools (E.), for their kind advice and assistance in seeing the 
book through the press. 

D. E. JONES. 

University College of Wales, 
Aberystwyth, March 1891. 
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The weights and measures used in this book are for the most part those 
based upon the French or Metric System. In this system the standard of 
length is the length of a certain bar of platinum 
preserved in Paris. This is called a metre^ and is some- 
what more than a yard (39*37 inches). It is divided 
into tenths, hundredths, and thousandths, which are 
called decii^etres^ centimetres, and millimetres respec- 
tively. Both in measuring and in calculating this decimal 
method of division is much more convenient than our 
way of dividing up a yard into 3 feet, each equal to 12 
inches and so on. We shall use as our unit of length 
the centimetre. The relation between the centimetre and 
the inch can be seen from the accompanying figure. 

The imit of area is a square centimetre, and the unit 
of volume a cubic centimetre (commonly abbreviated into 
' I c.c.'). The volume of a cubic decimetre is called a 
litre-, since 1 decimetre =10 centimetres, it follows that 
a litre (or cubic decimetre) contains 1000 c. c. A litre is 
somewhat more than a pint and three-quarters. 

The standard of weight — or rather of mass — i^ called 
a kilogramme, and is a little more than 2^ lbs. It is 
divided into 1000 parts called grammes. We shall use 
the gramme as our unit of mass. 

The British standard pound bears no simple relation to 
the units of length and volume used in this country ; but 
the original standard kilogramme was so constructed as 
to have a mass equal to that of a cubic decimetre (or 
litre) of water at a temperature of 4° Centigrade. Thus 
I c.c. (one-thousandth of a cubic decimetre) of water at 
4** C. weighs exactly one gramme (one-thousandth of a 
kilogramme). 
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A little experience will show the student how con- 
venient it is to have a definite and simple relation 
between the unit of volume and the unit of mass : he 
will also find that by using a decimal system we avoid a 
number of troublesome calculations, such as those re- 
quired for reducing miles to inches and pounds to 
ounces. The system is now generally used in scientific 
books, and by scientific men in all countries : hence it is 
advisable that the student should acquire some acquaintance with it at as 
early a stage as possible. 
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CHAPTER I 
TEMPERATURE 

1. Hot and Cold Bodies. — When we stand in front 
of a fire on a cold day we experience a pleasant sensation of 
warmth. The same sensation is produced, in a more or less 
pleasant degree, when we touch objects in the neighbourhood 
of the fireplace which have been warmed by the fire. We 
attribute the sensation, in the first case directly, and in the 
second case indirectly, to the heat given out by the fire, and 
objects which produce this feeling when we touch them are 
said to be hot. Objects which have not been warmed by 
the fire will generally produce a sensation of an opposite kind, 
and we say that they feel cold. In ordinary language we 
frequently use the same word to denote the effect produced 
and the cause which produces it : thus we speak of the 
sensation of heat. Whatever heat may be, we may for the 
present regard it as something that produces in us the sensation 
of warmth. Let us now consider more closely what we mean 
by the terms * hot * and « cold,' and how we can best find 
out which of two bodies is hotter than the other. 

You will perhaps say that this can easily be found out by 
touching each of them with the hand and finding out which of 
the two feels the hotter. Now try this in a room heated 
artificially, say a hothouse which is heated by steam or hot- 
watef pipes. The pipes themselves, and perhaps the object 
nearest to them, will feel very hot, and we may naturally assume 
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that they are really hotter than other objects. But these 
latter produce sensations which differ among themselves in a 
surprising manner. The wooden shelves on which the .flower- 
pots are arranged do not appear much warmer than the hand 
itself, whereas the iron brackets ion which they are supported 
feel uncomfortably hot ; a pLece of slate or iron in a far 
corner of the room may even appear hotter to the hand than a 
wooden shelf just above the heating apparatus or a strip of 
matting wound round the pipes, so that nearness to the source 
of heat cannot be the cause of the difference in behaviour. 
Before concluding that the iron and slate are really warmer 
than the wood and matting we ought to extend our observa- 
tions and examine them more closely, so as to see whether 
there is any source of error. 

Try a cold room next, say an ordinary dwelling-room on a 
cold day and without any fire. Touch the various articles in 
the room as you walk round and note the sensations which 
they produce in the hand. The table and chairs appear some- 
what cold, the mantelpiece (if of slate or marble) colder, and 
the fireplace and fire-irons colder still. The carpet and table- 
cloth scarcely produce any sensation of cold at all, and if you 
bury your hand in a thick soft hearthrug it will appear warm 
to the touch after a while. The naked soles of the feet, which 
are ordinarily preserved from extremes of heat and cold by 
stockings and leather soles, are even more sensitive than the 
hands. You can readily test this by drawing a hearthrug near 
to a slate or tiled hearth and standing bare-foot partly on 
each : the rug scarcely produces any sensation of cold, but the 
hearthstone is uncomfortably cold, and the floor between 
slightly cold. And in this case we have no good reason for 
believing that the stone is really colder than the wood, or 
the wood than the rug. 

2. Conduotion of Heat. — If you take a poker and push 
the point of it well into a fire, you will find that after a while 
the handle begins to get warm ; the heat travels along the 
poker by a process which is called oonduotion. You can 
observe the same thing in a teaspoon partly immersed in hot 
water, and if you take two different teaspoons — a common one 
made of Britannia metal and a silver one — and put them in the 
same cup of hot water, you will find that the handle of the 
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silver spoon gets hot more quickly than the other. The silver 
conducts heat more rapidly than the alloy, or is said to be a 
better conductor. Metals are generally good conductors of 
heat, and stone, slate, and marble are fairly good ; wood is a 
bad conductor, and wool, flannel, and fur still worse. Now 
when you take hold of a warm iron rod heat at once begins to 
flow from the hot body (the iron) to the colder body (your 
hand) which is in contact with it ; and, since iron is a good 
conductor of heat, there is also a rapid flow of heat from all 
parts of the rod toward that part which is cooled by contact 
with the hand. Thus there is a rapid transference of heat 
from the iron to your hand ; your hand gets warm quickly 
and you say that the iron * feels hot.' An equally hot wooden 
rod would not * feel ' nearly as hot to the hand : wood is such 
a bad conductor that the part of the rod first cooled by contact 
with the hand would practically remain cool. And so when 
you touch a cold body ; if it is a good conductor, iron or stone, 
heat flows from your hand and is rapidly conducted away into 
colder parts of the body. But if it is a bad conductor, such 
as flannel, most of the heat taken from your hand remains in 
the part of the flannel which is in contact with the hand, and 
so it soon begins to feel warm. Thus the heat-sensation which 
you experience when you touch a body with your hand depends 
not only upon whether the body is hot or cold, but also to some 
extent upon its conducting power. It also depends upon the 
previous state of the hand, as can be shown by the following 
experiment. 

ExPT. I . — Take three large basins and fill the first with ice 
or a freezing mixture of ice and salt. Into the second pour 
tap-water or water slightly warmed, and into the third water as 
hot as the hand can bear. Plunge your left hand into the ice 
and your right into the hot water : after holding them there for 
a few minutes put both hands in the middle basin. The water 
in it will, by contrast, appear cold to your right hand, while, at 
the same time, it feels warm to the left hand. 

3. Temperature. — In scientific language a hot body is said 
to have a high temperature, while a cold body is said to have 
a low temperature. It is important that you should iinderstand 
exactly what this term temperature means. It is not the same 
thing as heat. Nor is it a quality of any particular body, for 
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a body may be cold at one time and hot at anothei : it is 
simply a state or condition of a body. Temperature is some- 
times defined as being the * state of a body with respect to 
sensible heat ; ' but we had better from the outset avoid the 
use of any terms which would seem to indicate that there are 
different kinds of heat. 

When two water cisterns at different levels are connected 
by a pipe, the difference of level produces a pressure which 
causes the water to flow from the higher cistern to the lower 
one. So when a hot body is placed in contact with a colder 
body heat flows from the hot body to the colder one. Here 
the difference in temperature corresponds to the difference in 
level of the water cisterns, and the heat flows from the body at 
a higher temperature to that at a lower temperature, just as 
water tends to flow from a higher to a lower level. We are 
thus led to the following definition : — 

Temperature is a condition of bodies that determines which 
of two bodies when placed in contact will part with heat to the 
other. 

The body which parts with the heat is said to have the 
higher temperature ; if there is no transference of heat the 
two bodies are said to be at the same temperature. 

4. Bfltects of Heat — Expansion. — The principal effects 
produced by applying heat to a body are (i) change of size, (2) 
change of temperature, and (3) change of state. We shall 

begin by observing how heat causes 
solids, liquids, and gases to expand, 
and then go on to see how this ex- 
pansion can be used as a means of 
measuring temperature. 

EXPT. 2. — Expansion of Solids. 
— This can be observed by taking 
a brass ball and a ring (Fig. i) 
which fits it loosely, so that the ball 
can just pass through the ring when 
both are cold. After the ball has 
been heated over a spirit-lamp or in 
the flame of a Bunsen burner it will 
no longer pass through the ring but 
will rest upon it, thus showing that it has expanded. As the 
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ball cools it contracts to its original size, and the ring, being 
warmed by contact, also expands a little : so that after a few 
minutes the ball drops through. 

ExPT. 3. — Expansion of Liquids. — Fit a small ^ flask with a 
cork and long narrow glass tube. Fill the flask with water 
coloured by a little litmus tincture or solution of indigo ; push 
the cork in so as to force the 
coloured water half-way up the 
tube and see that no air is en- 
closed below the cork. Make a 
movable index out of a piece of 
card or stiff paper by cutting two 
slits near the ends and slipping 
it over the tube, as in Fig. 2. 
On immersing the flask in luke- 
warm water its contents will 
expand and the column of 
coloured water in the tube will 
gradually ascend. 

Liquids expand with heat 
more rapidly than solids, and 
air and other gases more rapidly 
than either. 

ExPT. 4. — Expansion of 
Gases. — The expansion of air 
can be observed in a simple 
way with a' flask (empty) fitted 
as above. Hold the flask upside down with the open end of 
the tube just dipping under water ; the heat of the hand 
applied to the flask is enough to make the air expand, as can 
be seen by the bubbles which escape through the water. To 
fit up the instrument for permanent use take a bottle with 
a fairly broad bottom, pour a little coloured water into it, and 
by means of a good thick cork fix the tube in the neck of 
the bottle with the end dipping under the water (Fig. 3). In 
the side of the cork cut a slit so as to allow the air to pass 

1 In fitting up apparatus for an experiment the exact size will depend largely upon 
whether it is to be used for private observation or class demonstration. In order to 
avoid unnecessary details in the text, many of the figures are drawn to scale. The 
scale is either marked on the engraving or beneath it : thus Fig. 2 is one-tenth [i/io] of 
the natural size. The sizes thus indicated are generally those suitable for class work. 




Fig. 2 [i/io]. 



Fig. 3 [i/io]. 
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freely in and out of the low^r bottle. Place your hand on the 
flask, or heat it gently by holding a lighted match near it, until 
about a dozen bubbles of air have been expelled ; the air will 
contract on cooling, and the column of liquid will ascend about 
half-way up the tube, which should be provided with a movable 
index as before* The instrument now forms a fairly sensitive 
thermoscope ; by watching the movements of the column of 
water you can find out when heat is imparted to, or taken 
away from the air in the flask. Thus you can tell whether a 
given sample of water is hotter or colder than the air ; for you 
can ^our a few drops of the water upon the inverted bottom of 
the flask, and if the temperature of the w^ater is higher than 
that of the air, expansion will occur and the column will 
descend and vice versa. Or again, by moving the thermoscope 
from one room to another you can compare the temperatures of 
a series of rooms. 



CHAPTER II 

THERMOMETERS 

6. What we have called an air-thermoscope (Art. 4) is 
sometimes called an air-thermometer, but it does not deserve 
to be dignified with this name, for a thermometer (as its name 
implies) ought not only to indicate changes of temperature but 
also to measure them. Our air-thermoscope does not always 
give the same indication when exposed to the same temper- 
ature ; its indication, />. the height at which the column of 
water stands, depends upon the pressure of the atmosphere, 
which varies from time to time. For this and other reasons it 
would not be easy to use it (in the form described) for 
measuring temperature. Liquids are not affected by changes 
of atmospheric pressure as gases are. A rough kind of ther- 
mometer can be made by blowing a bulb at one end of a narrow 
glass tube and filling it with coloured water or some other 
liquid : the liquid should then be warmed and the open end of 
the tube sealed. But how is the thermometer to be graduated ? 
You might affix a paper or cardboard scale to it and divide 
this into a convenient number of equal parts, say twenty or a 
hundred ; but you would find if you made another ther- 
mometer in the same way that the two would not give the same 
indications at the same temperature. Your graduation being 
an arbitrary one, the indications of one instrument cannot be 
compared with those of another. A more scientific way would 
be to begin by choosing two standard temperatures as * fixed 
points' to which all thermometers could be referred. The 
fixed points always adopted are the temperature at which ice 
melts and that at which water boils. If you immerse a ther- 
mometer in melting ice, or in a mixture of ice and water, you 
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will find that it always registers the same temperature ; this 
is called the melting-point of ice, and is taken as the ' lower 
fixed point ' of the thermometer. The temperature at which 
water boils varies slightly with the atmospheric pressure, but 
for a given pressure it is constant, so that if we fix upon a 
certain pressure as the standard atmospheric pressure, 
then the boiling-point of water will give us a second or * higher 
fixed point ' for our thermometer. These two fixed points are 
very convenient standards of reference, for both water and ice 
can always be obtained in a state of purity. 

Thermometers are never filled with water : a water-ther- 
mometer could only be used through a very limited range of 
temperature ; it would be impossible to mark the fixed points, 
and even between these the expansion of water is very irregular. 
Mercury (quicksilver) can be used through a much wider range 
of temperature ; it expands more regularly than other liquids, 
and for these and other reasons it is almost always preferred 
as a thermometric fluid. 

6. Construction of a Mercury Thermometer. — A bulb 
is blown at one end of a capillary glass tube, t.e. a tube with a 
very fine bore. On account of the contained air and the fine- 
ness of the bore the bulb cannot be filled by pouring mercury 
down, but if you gently warm it so as to expel some of the air, 
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Fig. 4. Thermometers. 

and then dip the open end of the tube under mercury, a little 
of this will be sucked up as the air cools and contracts. The 
process of heating and alternate cooling must be repeated 
several times until the bulb and tube are filled with mercury; 
finally the whole is carefully heated, so as to drive off any con- 
tained air and moisture. While the mercury is still warm the 
end of the tube is closed by cautiously directing a blow-pipe 
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flame against ii, so as to fuse the glass ; a vessel closed in this 
way is said to be hermetically sealed. The thermometer 
should now be allowed to cool very slowly, and should be put 
aside for several days before the fixed points are marked. 
After the bulb is blown it does not contract at once to the 
siie which it finally assumes ; the greater part of the con- 
traction may occur in the first hour or so, but the bulb goes 
on shrinking gradually for a long time after. Good ther. 
mometer- makers keep a stock of filled tubes, and do not 
graduate them until about a year or so after they are filled. 

,7. Marbdng the Melting-point. — In order to determine 
the lower fixed point the bulb and part of the stem of the ther- 
mometer must be covered with 
melting ice or snow. Put the 
pounded ice or snow in a large 
glass funnel supported on a tripod 
(Fig. 5) ; push a pencil or pen- 
holder into the ice so as to make 
a hole into which the themiometer 
is to be introduced, and pack it 
round with finely - pounded ice. 
After it has stood for a few minutes, 
readjust it so that only the top of 
the mercury column can be seen 
above the ice ; leave it for a quarter 
of an hour, and then mark off the 
height of the column by making 
a fine scratch on the glass with 
a diamond point or a sharp three- 
cornered file, 

8. The BoiUng-point— Inde- 
tertnining the upper fixed point the 

bulb and as much as possible of the stem are immersed in 
a current of steam. The apparatus used is shown in Fig. 6. 
The steam arising from the boiling water ascends through 
the inner of the two concentric cylinders, descends (as 
shown by the arrows) through the annular space between 
them, and escapes into the air by the spout C. The ther- 
mometer is fixed by a cork in a hole in the lid, and should 
be pushed down unti! the top of the mercury column is only 



just visible above the cork. After standing for a quarter of 
an hour (or until the mercury has stopped rising), the height 
is noted. At the same time the barometer should be read : 
if its height is 76 centimetres (see p. 29) the pressure is that 
which is taken as the atcindard atmospheric pressure, and 
the boiling-point is ex- 
actly the temperature 
which is taken as the 
upper fixed point for 
thermometers. If the 
pressure is greater, the 
boiling-point is higher 
and vice versa; the 
corrections to be made 
for these changes will be 
understood after reading 
Chapter VII I. It is im- 
portant to expose as 
much as possible of the 
stem, as well as the 
bulb, to the steam : the 
bulb should not dip into 
the water, for the tem- 
perature of the boiling 
water itself is somewhat 
uncertain, 
p. ^ O. Qraduation — 

'*' TbeOentigrade Scale. 

— The interval between the two fixed points can now be divided 
up into a number of parts of equal volume called degrees. In 
thermometers intended for scientific use the number adopted is 
one hundred, the lower fixed point being marked 0° and the 
upper 100°. Thermometers so graduated are called Centi- 
grade thermometers, and the Oentigrade Scale is the one 
which will be used throughout this book. The graduation is 
effected by etching it on the glass stem of the instrument ; 
this is covered with a thin coating of wax, upon which the 
divisions and numbers are marked with a needle point so as 
to lay bare the glass, after which the marks are etched or 
bitten into the glass with hydrofluoric acid. 
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The graduation can be extended above the boiling-point 
(loo**) and below the freezing-point (o''). Temperatures below 
the freezing-point are indicated by a minus sign ( - ) prefixed : 
thus *- io° C is read * minus ten degrees Centigrade,' and 
indibates a temperature of ten degrees Centigrade below the 
freezing-point of water. 

10. The Fahrenheit Scale. — On the Continent (especially 
in France) the Centigrade scale is used not only for scientific 
purposes but universally. In England the Fahrenheit Scale 
is still in popular use. In this scale the interval between the 
two fixed points is divided into i8o equal parts or degrees. 
Since the same interval of temperature is divided into loo 
degrees in the Centigrade scale, it is clear 

that one degree Fahrenheit is equal to five- 
ninths of a degree Centigrade, and a degree 
Centigrade is equal to nine-fifths of a degree 
Fahrenheit. Further, the zero (or o** mark) 
on the Fahrenheit scale is not placed at the 
melting-point of ice but 32 degrees Fahrenheit 2fipjjj 100 

lower ; this is about the temperature given by 
a mixture of ice and salt, and was erroneously 
supposed by Fahrenheit to be the lowest tem- 
perature which could be attained. Thus the 
melting-point of ice is marked as 32° in the 
Fahrenheit scale and the boiling-point of water 
as 212* (32*'+ 180° = 212°). The relation 
between the two scales is shown in Fig. 7, 
and the following examples illustrate the pig. 7. 

method of conversion from one scale to the other. 

11. Conversion of Scales. — Ex, i. Find the Centi- 
grade temperature corresponding to T*]"" F. 

77* F. is 77 - 32 = 45 Fahrenheit degrees above the freezing-point 



0- 



4 



or Centigfrade zero, and this is equivalent to 45 x - = 25 Centigrade 
degrees. The required temperature is therefore 25" C. 

Ex, 2. What is the Fahrenheit temperature corresponding 
to IS** C. ? 

15 Centigrade degrees are equivalent to 15 x ^ = 27 Fahrenheit degrees, 
and since the Centigrade zero counts as 32° F. , the required tem- 
perature is 32° + 27° = 59** F. 
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The rules for conversion of scales may be stated thus : — 

To change from Fahrenheit to Centigrade. — Subtract 32, multiply the 

remainder by 5 and divide by 9. 
To change from Centigrade to Fahrenheit. — Multiply by 9, divide 

by 5 and add 32. 

12. Advantages of the Mercurial Thermometer. — 
The convenient form and size of the mercurial thermometer, its 
cheapness, the ease with which it can be read and the fact that 
the readings give the temperature directly without any correc- 
tions, e.g, for barometric height, — ^these are all points in its 
favour. By making the capillary bore of the tube very fine and 
the bulb comparatively large, it can be made almost as delicate 
as we please ; e.g. thermometers can be made to measure the 
one-hundredth part of a degree Centigrade. The special advan- 
tages of mercury as a thermometric fluid are : — 

(i) The large range of temperature which it allows. (Mercury solidifies 
at - sS^'-s and boils at 357*. ) 

(2) The regularity of its expansion. 

(3) It is opaque ; this enables us to follow the movements of a fine 

thread of the liquid with ease, 

(4) Its specific heat (see Art. 40) is low (0*033) ^"^ ^t is a good con- 

ductor of heat ; thus it rapidly takes the temperature of the medium 
in which it is placed. 

13. Errors and Corrections — (i) The gradual rise of the zero- 
point. — This is due to the slow contraction of the bulb and has been 
referred to in Art. 6. Every thermometer used for accurate work should 
from time to time have its zero-point redetermined as described in Art. 7. 
The requisite correction can then be applied throughout the scale ; e.g. if the 
new zero-point is found to be ©"'S this amount must be subtracted from all 
readings, so that a reading of, say, i8'''4 would indicate a temperature of 
i7°.6. 

(2) Temporary lowering: of the zero-point. — This occurs when 
the instrument has been subjected to a high temperature, as in deter- 
mining the boiling-point of a liquid ; the bulb does not contract at once to 
its normal size, so that for some hours afterward the readings of the 
thermometer are too low. 

(3) Error due to exposure of the stem. — This is a frequent source 
of ^-ror in determining high temperatures, e.g. in finding the boiling-points 
of liquids. It is not sufficient to immerse the bulb alone in the vapour of 
the liquid, for in this case the whole of the mercury is not at the same 
temperature ; a portion of it (that contained in the exposed part of the 
stem) is at a lower temperatiwe, approximately that of the surrounding 
atmosphere, and in consequence the reading will be too low. The 
most satisfactory way of dealing with this error is to remove it alto- 
gether by subjecting the whole of the mercury-column to the temperature to 
be measured (see Art. 8). 
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(4) Errors due to position and pressure. — A thermometer used 
in a horizontal position will give higher readings than when it is vertical, 
on account of the removal of the hydrostatic pressure due to the mercury 
colimin : in the vertical position this tends to compress the mercury and 
dilate the bulb. Thermometers exposed to great pressure give readings 
which are too high on account of compression of the bulb. 

Examples on Chapter II 

I. On a certain day I found that the temperature of the air rose through 
13-5 degrees Fahrenheit between sunrise and mid-day : through how many 
degrees would a Centigrade thermometer have risen ? 

"2. Find the temperatures on the Centigrade scale corresponding to the 
following: 59** F., 104° F., 185** F., 203*' F. 

3. Find the temperatures on the Fahrenheit scale corresponding to the 
following : 90" C, So*' C, 30** C, - 5** C. 

4. Express on the Fahrenheit scale the temperatures at which mercury 
solidifies ( - 38°«5 C.) and boils (357° C.) 



CHAPTER III 

EXPANSION OF SOLIDS 

14. Linear Expanelon of Metals, eto.^The following 
is one of the simplest ways of observing the increase in length 
of a metal bar when it is heated, 

EXPT. 5. — Lay a flat bar of iron, about i ft. long, across two 
wooden blocks, as in Fig, 3. Under one end (between it and 



Fig. 8 ti/ai. 

the block) place a fine sewing-needle at right angles to tlie 
length of the bar. On the other end place a weight, so as to 
keep it fixed, and make the bar bear well down upon the needle. 
Attach a light straw pointer by sealing-wax to the eye end 
of the needle, and at right angles (o it. 

Heat the bar with a spirit-lamp or ISunsen burner : as it 
expands the free end moves forward and rolls the needle round. 
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Since the needle is small, a. very slight movement of the end 
will make the pointer move through a sensible arc. 

Repeat the experiment with strips of glass (which should be 
heated cautiously), copper, zinc, etc. 

16. Unequal Expansion of Metals. — Different metals 
do not expand equally when heated. The following experi- 
jnents show that brass expands more than iron when both are 
heated through the same interval of temperature. 

ExPT. 6. — Cut off fromathin iron rodapiece about 6 inches 
long and file the ends square. Cut a " gauge " out of thick 
sheet-brass, so that the iron rod just fits 
into it lengthways when cold (Fig. 9). 
By filing the inside of the gauge or tap- 
ping it with a hammer on the outside 
you can adjust it so that it grips the 
iron rod firmly. Suspend the gauge 
and rod in a sauce-pan or tin dish filled 
with water, and heat the water to boiling. | 
You will find that the rod soon drops out, 
thus showing that the brass expands " '^' ' '"'"' 

more than the iron. 

ExPT. 7.— Take two thin strips of iron and brass respectively: 
solder or rivet them together, hammer the compound strip 




aight, and then heat it by holding it over a fire or passing it 
rough 3 gas-fiame. On account of the unequal expansion of 
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the metals the strip bends, the more expansible metal (brass) 
being on the outside of the curve (Fig. lo). 

16. Coefficients of Expansion. — Experiment shows that 
when a metal bar is heated it expands uniformly, and the ex- 
pansibn or increase in length is proportional (i) to the 
original length of the bar, (2) to the interval of temperature 
through which it is heated, and (3) to a certain fraction 
which depends upon the nature of the substance, and which 
is called the coefficient of linear expansion of that sub- 
stance. 

The coefficient of linear expansion of copper is about or O'ooooij. 

If a bar of copper 30 inches in length at 0° be heated to 1°, its length 
will become 30 ( i H — - — J inches or 30 (i 4-0'Ooooi7) inches ; and, since 
the expansion is proportional to the rise of temperature, at 10" its length 
will become 30 (1+ -^^) inches or 30 (i + O'OOooiy x 10) inches, and 

so on. 

The coefficient of linear expansion of a substance may be defined in any 
of the following ways : — 

Definition i. — If a bar of any substance be heated through i", its length 
will increase by a certain fraction, and this fraction is called the coefficient 
of linear expansion of the substance. 

Definition 2. — The coefficient of linear expansion is the ratio of the in- 
crease of length produced by a rise of i** to the original length. 

Definition 3. — The coefficient of linear expansion is numerically equal 
to the increase in length produced in unit length of the substance by a rise 
in temperature of i**. 

Let a denote the coefficient of linear expansion of a body whose length 
at o* is / : starting with any one of the above definitions you will easily see 
that the expansion produced by heating the body to /° will be /a/, and 
that its length /' at /" will be given by the equation 

/' = /+/a/=/(i + aO . . . . (i) 

You will find examples of the use of this equation at the end of the 
chapter, and you should make yourself thoroughly familiar with it. 

Approximate Coefficients of Linear Expansion. 



Glass 


. 0'Ooooo86 


Platinum 


•0000086 


Iron 


0«0000I2 


Copper . 


. 0*000017 


Brass 


O'Ooooig 


Zinc 


. 0*000029 
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17. Examples and Applications of Expansion. — You 

will see by the above table that glass and platinum have the 
same coefficient of expansion. These two substances expand 
and contract at the same rate, so that if a platinum wire is 
fused into a glass tube the joint will remain good on cooling. 
It is mainly on this account that whenever a metallic wire has 
to be fused through the side of a glass vessel platinum is 
always used. If you try to fuse a copper wire into a piece of 
glass tubing, you will find that on cooling the copper contracts 
more rapidly than the glass, and so a crack is started which 
makes the joint leaky. 

Boiling water may be poured into thin glass vessels such 
as beakers and flasks without much danger of cracking them. 
But glass is such a bad conductor of heat that, if boiling water 
is poured into a thick-bottomed tumbler, the inside of the 
tumbler expands before the heat has had time to reach the 
outside, and in consequence of this irregular expansion the 
glass cracks. 

The best way of loosening a glass stopper when it has 
stuck fast in the neck of a bottle is to make use ofthe expansion 
of glass by heat. Hold the neck of the bottle over a small gas- 
flame, turning it round so as to heat it gently and uniformly : 
the neck expands before the heat has time to penetrate farther, 
and after tapping the stopper with a knife or key it can generally 
be pulled out. 

ExPT. 8. — Stretch an iron or platinum wire, two or three 
feet in length, horizontally ; if you have no suitable clips for 
holding it, support it on bricks with heavy weights placed 
on top. Heat it by means of a long burner placed underneath, 
or, better still, by passing an electrical current from a battery 
through it. As the wire expands it bends or *sags' under 
the influence of its own weight : on cooling it tightens up again. 
This sagging can be observed in telegraph wires, and is more 
noticeable in summer than in winter. 

Standard yard-measures and metre-scales are constructed so 
as to be of a given length at a definite temperature : thus the 
metre is defined as being the distance between the ends of a 
rod of platinum made by Borda, the rod being at the temperature 
of melting ice, A scale which is correct at o" will not be 
correct at 15°, for it will have expanded, and its real length 

c 
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will, be greater than its apparent length : to make allowance for 
this we require to know the coefficient of expansion of the 
material of the scale, and then we can calculate its real length 
at. any temperature according to equation (i) Art. i6. Such 
corrections have to be applied to all brass and glass scales 
affixed to barometers, etc. 

18. Force exerted in Expansion and Crontraction. — 
Great force is required to stretch a bar of iron appreciably, 
and when such a bar is made to expand by heat a corre- 
spondingly large force is exerted against any obstacle which 
resists its expansion. 

If the bars of a furnace were firmly fixed at both ends, they 
would, in endeavouring to expand, either loosen the masonry on 
either side, or else the bars themselves would bend. Instead 
of this, they are fixed at one end only and are free to expand 
at the other end ; or, as in boiler-furnaces, the fire-bars are not 
fixed at all at the ends, but simply rest upon cross-bars. 

Wheelwrights employ the force of contraction in making 
cart-wheels. When the wooden framework of the wheel is 
ready it is placed in position on the ground : the tire or iron 
rim, which is made somewhat smaller in diameter, is heated 
until it has expanded sufficiently to allow the wheelwright to 
slip it on. Cold water is now poured over the iron, and as it 
shrinks it binds the parts of the wheel firmly together. 

In making railways, especially if the rails are laid in cold 
weather, a space of about a quarter of an inch is left between 
each rail and the next in order to allow for expansion in summer. 
In all large metal structures engineers endeavour to obtain 
freedom of movement under changes of temperature. In the 
Britannia tubular bridge over the Menai Straits this is secured 
by resting the metal tubes on rollers at one end ; and in the 
huge Forth bridge, which has recently been constructed, the 
rails on the 1700- feet span are free to slide to the extent of 
18 inches. 

19. Compensation of Clocks and Watches. — ^The 
rate at which a clock goes is controlled by the movements 
of its pendulum, and the time taken by the pendulum to swing 
backwards and forwards depends upon its length. You can test 
this with a pendulum consisting of a bullet hung from a string. 
If the string is a metre (or about 39 inches) in length, the 
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bullet takes just a second to swing from side to side : if you 
reduce the length of the string to one half, it will swing four 
times as quickly. Now the metal rod which supports the bob 
of a pendulum expands and contracts as Ihe temperature rises 
and falls, so that unless the pendulum Js compensated for 
changes of temperature the clock will go faster in summer than 



If you refer to the table in Art 16, you will see that the 
coefficient of expansion of brass is 
about i^ times that of iron. 

Now lei AC (Fig. 11) repre- 
sent an iron rod and BC a brass 
rod, the two being connected by a 
cross bar at C : if the iron rod is 
made just 1^ times as long as the 
other, both will expand equally 
when the temperature rises. 
Further, if the point A is fixed, 
the iron rod AC will expand down- 
wards, while the brass rod CB will 
expand upwards through the same 
distance, so that if A were the point 
of suspension of a pendulum and 
B its bob, the length of the pen- 
dulum would not be affected by a 
change of temperature. A pendu- 
lum made exactly as in Fig. 1 1 
would be long and awkward ; the 
form commonly used is Ihe ' grid- 
iron pendulum' shown in Fig. 12, p^ "^^ 
in which the dark lines represent 
iron rods and the lighter lines brass rods. 

If you examine a walch, you will find 
a heavy rim, which is called a balance- 
backwards and forwards and regulates the 
a pendulum does that of a clock. In hot weather the wheel 
expands and the watch tends to go more slowly ; in order to 
prevent this, good watches and chronometers are fitted with 
compensated balance-wheels, in which the rim is divided into 
two or three separate pieces (Fig. 13), each of which is fixed 



n it a wheel with 
heel ; this swings 
ite of the watch as 
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to a spoke at one end and is loaded at the free end. Each 
portion of the rim is made of two metals of unequal expan- 
sibility, such as steel and brass, the more 
expansible metal being outside : this is 
shown in Fig. 13, where the black segments 
represent steel and the shaded ones brass. 
You have learned from Expt. 7 (Art. 15) 
that such strips curl inwards when heated, 
and in so doing they throw their loaded 
ends nearer the centre of the wheel. At 
the same time the direct expansion of the 
spoke pushes the rim outwards. These two effects can be 
made to compensate one another so as to keep the time of 
oscillation the same in summer as in winter. 




Fig. 13. 



20. Superficial and Cubical Expansion. — With the necessary 
change of terms, the coefficients of superficial and cubical expansion may 
be defined in the same way as the coefficient of linear expansion (Art. 16). 

Let ABCD represent a square, each of whose sides is of unit length at 
o". (In the figure each side is an inch 
long and the area ABCD is a square inch. ) 
Let the coefficient of linear expansion of 
the material of which the square is made 
be denoted by a : on heating it from o** to 
1° the square will expand so that each side 
increases in length from i to i + a. Let 
hbcd be the expanded square : each of the 
short lengths B^, D<f represents the linear 
expansion (a), and the shaded border at the 
bottom and right hand represents the super- 
ficial expansion or increase of area. Con- 
sider the strip Qb : its length is unity, and 
its breadth is a : thus its area is a (or that 
fraction of an inch), and so is the area of Qd, 
If ive neglect the corner-piece Cc, its size being very small compared with 
AC or Cd, we may say that the increase of area is 2a, and the increase 
is produced by raising the temperature of unit area through 1°. Hence 
(see Def. 3, Art. 16) the coefficient of superficial expansion is 2a or is 
double the coefficient of linear expansion. 

This may also be shown in another way. The length of each side of 
the expanded square at i** is i + a. The area of the square is therefore 
(H-ct)''^=H-2a + a*. Now a — the coefficient of linear expansion — is 
always a small fraction : the largest coefficient given in Art. 16 is less 
than 0*00003, so that the largest value of a^ is less than 0-00000009, 
and in comparison with the other quantities this is so small that we may 
neglect it. 




Fig. 14. 
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Similarly it can be proved that the coefficient of cubical expansion is 
approximately three times the coefficient of linear expansion. Consider 
a cube each of whose sides is of unit length at o° and of length i + a at 
1°. The volume of the cube at the latter temperature is 

(i+a)'=i + 3a + 3a2 + a3. 

We have already seen that a^ is very small and a^ is smaller still ; 
we may therefore neglect the last tWo terms. The volume of our cube 
which was unity at o° becomes i +3a at i°, and therefore the coefficient 
of cubical expansion is 3a. 



Examples on Chapter III 
(The coefficients of expansion used are given on page 16) 

1. Find the length at 200" of a zinc rod whose length at o** is 128 cm. 

If we denote by I^qq the length at 200°, then by equation (i), page 16, 

^200 = ^( I + 20oa)j 

= 128 ( I + 200 X 0*000029), 
= 128 X 1-0058 = 128*7424 cm. 

2. A piece of brass wire is exactly 3 metres long at 250° : what will be 

its length at 0° ? 

Using the same system of notation, we have 

^250 300 



i + 25oa 

298*582 cm. 



® I + 250a I+(250X0«0000I9)' 
300 



1*00475 

3. An iron steam-pipe is 40 feet long at 0° : what will be its length when 
steam at 100° passes through it ? 

4. What is meant by saying that the coefficient of expansion of steel is 
0*000012? Assuming the highest summer temperatiu"e to be 40° C, and 
the lowest winter temperature -20° C, what allowance should be made 
for expansion in one of the 1700-feet spans of the Forth Bridge? 

5. The length of the iron railway bridge across the Menai Straits is 
about 461 metres. Find the total expansion of this iron tube between 

- 5° and 35°. 

6. A copper rod, the length of which at 0° is 2 metres, is heated to 
200** : what will its length now be ? At what temperature will its length 
be 200*51 centimetres? 

7. An iron yard-measure is correct at the temperature of melting ice : 
express, as a fraction of an inch, its error at the temperature of boiling 
water. 



CHAPTER IV 
EXPANSION OF LIQUIDS 

21. Real and Apparent Expansion. — In the experiment 
with a flask and tube described in Art. 4 it is not the real 
expansion of the liquid that is observed. The flask expands 
at the same time and its capacity increases, so that the 
observed or apparent expansion of the liquid is less than its 
real expansion. That the flask does expand can lie shown 
in a very striking way by heating it suddenly. Instead of 
immersing it in lukewarm water, so as to heat it gradually, 
plunge it at once into hot water and watch the top of the 
column in the tube. This will fall as if there were a sudden 
contraction of the liquid : the contraction soon ceases and is 
followed by a steady rise of the column. The apparent con- 
traction is accounted for by the fact that the flask expands 
before the heat has time to pass through the glass and warm 
the water inside. Thermometers behave in the same way. 
It is clear that the liquid expands more than the glass, for 
otherwise there would be no rise of the column. 

We have thus to distinguish between the real expansion 
of a liquid and its apparent expansion as observed in a 
glass vessel. It can be proved that the real expansion is 
equal to the apparent expansion together with the cubical 
expansion of the containing vessel. 

22. Unequal Expansion of Liquids. — Expt. 9. — Fit 
up three glass flasks with tubes as in Expt. 3. The flasks 
should have a capacity of about 100 c.c, but in any case they 
should be of the same size and be fitted with tubes of the 
same bore. Fill one flask with mercury, the second with 
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coloured water, and the third with some other liquid, such as 
alcohol or common methylated spirit coloured with turmeric. 
Put in the corks so that the liquids stand at the same height 
in the three tubes and fix a cardboard scale behind to indicate 
this height. Place the three flasks side by side in a tin trough or 
any other convenient vessel and pour into this sufficient luke- 
warm water to cover the flasks up to the corks. Wait until the 
expansion has ceased and there is no further rise : when this is 
the case the flasks and their contents will be all three at the 
same temperature, and to make sure of this you may stir the 
water about so as to mix it. 

You will now find that all three columns have risen, but to 
different heights : the mercury has risen least, the water next, 
and the alcohol or spirit much more than either. At the 
beginning of the experiment the three liquids were at the same 
temperature and occupied the same volume : they have been 
heated through the same interval of temperature and now they 
occupy different volumes. What you observe is, of course, the 
apparent expansion, but as the flasks are of the same size and 
made of the same material, it follows that the observed expansion 
is less than the real expansion by the same amount in all three 
cases. We can, therefore, conclude with certainty from this 
experiment that different liquids expand unequally when heated 
through the same interval of temperature : in other words, 
different liquids have different coefficients of expansion. 

23. Mecu3urement of Apparent Expansion. — If a glass vessel 
filled with any liquid is warmed, a portion of the liquid over- 
flows ; and if you weigh the amount of the liquid expelled 
and also that which is left in the vessel, you can calculate the 
coefficient of apparent expansion of the liquid in glass. The 
vessel used is a spherical or cylindrical glass bulb with a 
narrow neck, and is called a wei^ht-thermonieter. 

ExpT. ID. — To find the coefficient of apparent expansion 
of mercury. Make a weight-thermometer by blowing a bulb 
at the end of a piece of thermometer tubing, or seal off one 
end of a wide tube and draw out the other end into a fine 
neck. Bend the neck twice at right angles, ais shown in Fig. 
15. Weigh the empty thermometer. Fill it in the same way 
as an ordinary thermometer (Art. 6) by dipping the open end 
or beak under mercury and alternately heating and cooling 
the bulb until all air is expelled and the mercury fills the bulb j^ig. 15. 
and tube completely. Allow it to cool slowly (with the beak 
still dipping under mercury) to the temperature of the air and note what 
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that temperature is. Clean and weigh a small porcelain crucible and 
place it under the beak of the thermometer. Warm the bulb and its 
contents to a convenient known temperature (say 60") by immersing it in 
a large beaker of hot water. Weigh the mercury which overflows into 
the crucible : also dry and weigh the thiermometer. 

You can improve the above method by cooling the mercury in melting 
ice to o** (instead of to the temperature of the air) and heating it to 100** in 
the boiling-point apparatus (Fig. 6). The following are the results of such 
an experiment : — 

Weight of mercury expelled at loo** .... 8*49 gm. 
Weight of mercury contained in thermometer at 100" . 545 ,, 

The amount expelled (8 '49 gm.) represents the increase in volume 
produced by heating 545 gm. through 100* : one-himdredth of this, or 
o«o349 gm., represents the increase of volumje for a rise of i**. 

The ratio of this to the original volume (see Def. 2, Art. 16) is the co- 
efficient of apparent expansion, which is therefore equal to 0'0849/545, or 
0'000i558. 

From this the real expansion of mercury can be found when the cubical 
expansion of the glass is known. Assuming, according to Art. 20, that 
the coefficient of cubical expansion of the glass is 3 x 0*0000086 or 
0*0000258, we find that the coefficient of real expansion of mercury is 
0*0001558 + 0*0000258 = o*oooi 8 16. 

24. Peculiar behaviour of "Water. — When water is 
gradually cooled it does not contract regularly down to the 
freezing-point, but begins to expand again before it reaches this 
temperature. 

ExPT. 1 1. — Make a coil of lead tubing by bending it round 
a bottle. Close the lower end with a cork ; leave the other 
end sticking up and fit it with a cork and narrow tube. Fill 
the coil and tube with water : this is best done by sucking up 
the water before the bottom cork is pushed in. Now cover the 
coil with ice and watch the water in the tube. At first it falls 
rapidly ; gradually the contraction becomes slower, and after a 
while the column comes to rest : then it begins to rise, showing 
that the contraction has been followed by an expansion. 

Remove the ice and let the water gradually rise to the 
temperature of the air : at first it contracts, then stops, and 
finally begins to expand. 

The temperature at which the water occupies the smallest 
volume is 4** : both below and above this temperature its 
volume increases. This is expressed by saying that water has 
its maximum density at 4**. 

The density of a substance is defined to be the mass of 
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unit-volume of that substance. If M be the mass of a body 
and V its volume, its density is given by the equation D = M/V. 
If we measure mass in grammes and volume in cubic centi- 
metres, the density of a substance will be measured by the 
number of grammes in a cubic centimetre of that substance. 
Thus when we say that the density of mercury is 13-6, we 
mean that i c.c. of mercury weighs I3'6 grammes. When a 
substance expands by heat its density becomes less in propor- 
tion as its volume increases. The following experiment shows 
that hot water is lighter or less dense than cold water. 

EXPT. 1 2. — Boil some water in a flask or saucepan, adding 
a few drops of ink or indigo solution to colour it. Half fill a 
beaker with cold water and on its surface float a thin piece of 
wood. Pour the hot water gently upon this : the wood rises 
with it but serves to break its fall and prevent it from rushing 
at once to the bottom of the beaker. The hot water does not 
mix immediately with the cold water, but being lighter floats 
above it, and is easily distinguished by its blue colour. 

26. Hope's Experiment. — Hope showed by the following 
experiment that water has its maximum density at 4**. 

A freezing mixture is applied round the middle of a cylindrical 
jar (Fig. 16) filled with water at the temperature of the air. 
Thermometers are inserted through 
holes in the sides of the vessel, so 
as to give the temperature of the 
water in it at the top and bottom. 
The first effect produced by the 
freezing mixture is that the lower 
thermometer falls, whereas the 
upper one is scarcely affected : this 
shows that the water sinks to the 
bottom as it is cooled by the freez- 
ing mixture. But the temperature 
indicated by the lower thermometer 
does not fall steadily to the freezing- 
point — // stops at 4*. Now the 
upper thermometer begins to fall, and \\, falls right down to o". 
This shows that water at 0° is lighter than water at 4**, and 
^ swims upon its surface. 

This fact is of great importance in nature, for the process 
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which we have described is just what takes place in ponds and 
lakes in winter. As the water cools it becomes heavier and 
sinks to the bottom, its place being taken by warmer and 
lighter water. If water contracted regularly down to o**, this 
process would go on until all the water in the lake was 
reduced to o', and it would then begin to freeze outright. But 
the circulation stops as soon as the temperature reaches 4' ; 
after this the colder water floats on the surface and gradually 
freezes. Ice is lighter than water and is also a bad conductor 
of heat ; thus the sheet of ice formed on the surface of a 
lake to some extent protects it from further cooling. The deep 
water of lakes in our climate seldom falls below 4", so that fish 
can exist in them through our coldest winters. 

Examples on Chapter IV 

1. Distinguish between the real and apparent expansion of a liquid 
contained in a glass vessel. If the coefficient of apparent expansion of 

mercury contained in a glass vessel is 7 — , while its coefficient of real 

expansion is , what is the coefficient of cubical expansion of the glass ? 

2. The volume of a gramme of water being i c.c. at 4°, and i'Oi69 c.c. 
at 60", what is the mean coefficient of expansion of water between these 
temperatures ? 

3. Calculate the coefficient of apparent expansion of mercury in glass 
from the following results of an experiment with a weight-thermometer : — 

Weight of mercury expelled at 100' .... iO'2877 gm. 
Weight of mercury contained in thermometer at 100° . 659 gm. 

4. A weight- thermometer which contains a kilogramme (1000 gm.) of 
mercury at o** is placed in an oil-bath, and the mercury expelled is found 
to weigh 20 grammes. Find the temperature of the bath, the coefficient 
of apparent expansion of mercury in glass being 0-000155. 

5. A flask containing ice-cold water is warmed gradually by letting it 
stand in a room at 10°. How will the volume of the water alter during 
the process ? What would happen if the flask were plunged into hot water 
so as to heat it more quickly ? 

6. A pond of water has been cooled just to the point of freezing : would 
you expect the temperature and density of the water to be the same at the 
top and bottom of the pond ? 

7. The coefficient of linear expansion of glass is o*ooooo8, and a certain 
glass flask holds exactly 100 c.c. of water at o**. What will be the volume 
of the water contained when the flask and its contents are heated to 100** ? 



CHAPTER V 
EXPANSION OF GASES 

26. Behaviour of Gkises as compared with Liquids 
and Solids. — Every boy who has used a pop-gun knows that air 
can be compressed or diminished in volume by increasing the 
pressure upon it. In the pop-gun a certain quantity of air is 
shut off between two corks in a tube : by pressing a rod against 
one of the corks it is pushed nearer the other ; the volume of the 
enclosed air is gradually diminished and, at the same time, 
its pressure gradually increases. At last the pressure becomes 
great enough to blow out the front cork, and the enclosed air 
suddenly expands and returns to its original state. 

If you fill the pop-gun with water, you know that the water 
accommodates itself to the form of the tube, as indeed it does to 
the form of any vessel into which it is poured. But if you cork 
up the water and try to compress it in the same way as air, you 
will find that you cannot do it ; either the front cork is pushed 
out at once, or else the water leaks out through the corks. It 
is true that water can be slightly compressed by subjecting it 
to great pressures, but you would require a much stronger 
instrument than a pop -gun to do this, and a much more 
delicate means of observing the effect. 

Not only are gases more compressible than liquids, but 
they also show a tendency to expand which liquids do not 
possess. If you pour a cupful of water into a glass flask, the 
water lies at the bottom of the flask, and a definite surface 
separates the water from the air above it. It easily ac- 
commodates itself to the shape of the flask, but it shows no 
tendency to accommodate itself to the size of the flask, i.e, to 
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fill it. On the other hand, if you pump out all the air from a 
flask and then introduce into it a small quantity of air or any 
other gas, however small the quantity of the gas may be, it 
will expand and fill the flask entirely. And if the size of the 
flask could by any means be increased, the gas would still 
expand and continually fill it. 

Thus you see what are the peculiar properties of solids, 
liquids, and gases. A solid has a definite form and shape, 
which cannot be altered except by applying force to it. A 
liquid has no definite form, but takes the form of the vessel 
which contains it. A gas not only has no definite form, but its 
bulk or volume can also be readily changed : it can be easily 
compressed and it also tends to expand so as to fill completely 
any vessel in which it is placed. 

27. Pressure of the Atmosphere. — Expt. 13. 
Choose a glass tumbler having a smooth rim and fill it to the 
brim with water. Slide a piece of stiff paper over the rim, so 
as to cover it and exclude all air-bubbles. Place your hand on 
top and turn the whole upside down. On removing your hand 
you will find that nothing happens — the water does not run out. 

What is it that supports the water ? It is simply the 
pressure of the atmosphere. This pressure is exerted by the 
air in all directions — downwards, upwards, and sideways : in 
the above experiment the air underneath the paper presses 
it upwards and so prevents the water from falling out. It can 
be shown by experiment and calculation that the pressure 
exerted by the atmosphere upon objects at the surface of the 
earth is about equal to a weight of 1 5 lbs. per square inch, 
or somewhat more than a weight of 1000 grammes on every 
square centimetre. The pressure on the mouth of a pint 
tumbler would be over 100 lbs. weight — far greater than the 
weight of the water contained in it. You will have some idea 
of what this atmospheric pressure amounts to when it is stated 
that the pressure exerted by the air on a house is generally 
greater than the weight of the house itself. We will now see 
how this pressure can be measured. 

28. The Barometer. — Expt. 14. Close one end of a 
clean glass tube about a yard in length, and fill it with mercury. 
Place your thumb over the open end (taking care that no air is 
enclosed) and invert the tube in a small basin or glass mortar 
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Fig. 17. 



containing mercury, keeping your thumb tightly pressed 

against the open end of the tube until it 

is well under the mercury. Now remove 

your thumb. Only a portion of the mer- 
cury runs out of the tube ; a column of 

mercury about 30 inches or 76 centimetres 

in height is supported in the tube by the 

pressure of the atmosphere. Repeat the 

experiment with tubes of different lengths 

and diameters, and measure the height of 

the column each time ; you will find that it 

does not depend upon the size of the tube 

provided that the tube is always long 

enough. 

The instrument is called a barometer, 

because it enables us to measure the weight 

or pressure of the atmosphere. The space 

in the tube above the mercury is as near an 

approach to a vacuum or empty space as we can obtain : it 

is called the Torricellian vacuum, after Torricelli, by whom 

the experiment was devised. The barometric height varies 

from time to time and from place to place according to the 

changes of the atmospheric pressure. We shall adopt a 

pressure equal to that of a 
column of mercury 76 centi- 
metres high as the standard 
atmospheric pressure. 

29. Boyle*B Law. — Expt. 
1 5. Choose a long glass tube of 
uniform bore ; clean it carefully, 
close one end and bend it as in 

Ufll , Fig. 18. The open end should 

ip Jj)' be more than ^d centimetres long. 
11 Fasten the tube to an upright 

I^^^Jf board and pour into it a little 
p. ^g mercury (less than is shown in 

the figure), so as to close the 
bend. By pouring more mercury into the open limb you can 
find out the effect of varying the pressure upon the air shut 
off in the closed limb. 
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Suppose that the height of the barometer is 76 centimetres. 
When the mercury is at the same level in both limbs of our 
tube the pressure of the enclosed air is the same as that of the 
air outside : it is equal to that of a column of mercury 76 
centimetres high. Now pour mercury into the tube until the 
difference of level (D'C) between the closed and open limbs is 
76 centimetres ; this produces an increase of pressure equal to 
the original pressure of the enclosed air. You have increased 
the pressure upon it from one atmosphere to two atmospheres, 
and you will find that the volume of the air is in consequence 
reduced to one-half. If you were to increase the pressure to 
three atmospheres, you would see that the volume could be 
reduced to one-third, and so on. 

By such experiments Boyle was led to discover the following 
law : — 

Boyle's Law. — The volume of a given mass of gas is 
inversely proportional to its pressure. 

In what is stMed above it is supposed that the temperature 
of the gas is kept constant ; we now proceed to consider the 
effect of heating a gas. 

30. Equal Expansion of Gases. — We have already 
seen that heat causes both liquids and gases to expand, and 
we found from Expt. 9 that different liquids have different 
coefficients of expansion : the following experiment will show 
us that this is not true of gases. 

Expt. 16. — Choose two flasks of equal capacity (as in Expt. 
9), fitted with corks and narrow tubes. Bend the tubes so 
that they may dip under water contained in a dish. Fill 
two equal test-tubes with water and invert them over the 
open ends of the tubes. Have ready some hot water and a 
tin trough deep enough to contain the flasks. Before putting 
the flasks in position fill one of them with coal-gas by 
upward displacement ; or you may fit it with another tube 
and clip and drive a current of coal-gas through it. Pour 
hot water into the trough until the flasks are covered 
up to the corks. The contents of both flasks expand 
rapidly — far more rapidly than the liquids in Expt. 9. 
The increase of volume can be measured by the amounts 
of gas collected in the two test-tubes. You will find that 
these amounts are equal. And if you repeat the experiment 
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with hydrogen, oxygen, or nitrogen, you will always get the 
same result. 

We learn from this (i) that gases expand more rapidly than 
liquids ; (2) that equal volumes of these gases expand equally 
when heated through the same interval of temperature — in 
other words, that they have the same coefficient of expansion. 

31. Cliarles's La'W. — Experiments made by Charles, and 
soon afterwards by Gay-Lussac, have established the following 
law: — 

Charles's Law. — The volume of a given mass of gas ^ kept 
at a constant pressure ^ increases by a definite fraction of its 
amount at o'* for each degree rise in temperature. 

This fraction is called the coefficient of expansion of the 
gas. For all the gases referred to above (air, oxygen, 
hydrogen, nitrogen) its value is o»oo366, or about '-. 

Thus if we take a quantity of gas whose volume at o** is i 
(unity), its volume will become 

I + -^ at 1°, 
273 

I + at 2 , 

273 

i+— at3% 
273 

/ 
and I + — - at /°. 

273 

Or if we denote by Vq the volume at 0° and by Vj the 
volume at /*, then 

Ex, I. — A certmn quantity of oxygen gas occupies a volume of 300 
c.c. at o* : find its volume at 91°. 

The required volume is given by the equation 

or V9i= 3oo[ I +- J = 300 X - =400 CO. 
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If we adopt;the symbol a to denote the coefficient of expansion, we may 
put equation (i) into the algebraical form 

V«=Vo(i+a/) (2) 

from which we obtain 

an equation by which we can find the volume at 0° when the volume at /** 
is given. 

With reference to this important law observe the following points : — 

(a) ' Kept at a constant pressure.' — These words are inserted because 
the law only holds good if the pressure remains constant : if it varies, the 
volume also varies according to Boyle's Law (Art. 29). 

{d) ' For each degree.' — The increase of volume is proportional to the 
rise of temperature. 

(c) The coefficient of expansion (which is defined by the statements at 
the beginning of this article) is the same for all the gases named. This is 
in accordance with Expt. 17. 

{d) 'Of its amount at o^' — ^Just as a certain pressure (76 cm. of 
mercury) is adopted as the standard atmospheric pressure, so this tempera- 
ture (0°) is adopted as the standard or normal temperature for measuring 
the volume of a gas, and the value of the coefficient of expansion is stated 
with reference to this. If you are given the volume at 20° you are not at 
liberty to say that a/ 21" the volume will have increased by the same fraction 

/— y You must either find by equation (3) its volume at o**, and then by 

equation (2) its volume at 21°, or you may proceed as follows: — 



Given the volume Nt of a tfiass of gas at /**, to find its volume Yt 
at t'\ 

As in equation (2) we can refer the volumes at both temperatures to 
the volume Vq at o**, thus 

Ve = V,(i + a/). 

and V/=Vo(i+aO. 

It follows that 



Vt~i+at 

Vj' = V,(i + aO/(i + aO- 
Since a = — we may write equation (4) in the form 

V^/ 1 4-/7273 273 + / 
V, ~ i+//273~273 + / 

which is convenient for calculation (see next article). 



(4) 



(s) 



32. Absolute Temperature. — Charles's law holds good 
not only for expansion on heating but also for contraction on 
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cooling. Thus if the volume of a certain mass of gas at 0° 
be I (unity), its volume on cooling would become 



I 



I - rrr: at - i , 
273 ' 

2 
I - — at - 2 , 
273 

/ 

and I — — —- at - r . 

273 

Now suppose the gas to be cooled down to — 273*: if this 
were possible, and if the law held good down to this tempera- 
ture, the volume of the gas would be reduced to zero (for 

I -= 1 — 1=0). This temperature (—273°) is commonly 

called the absolute zero of temperature. A scale of tempera- 
tures in which this is taken as the zero is called the absolute 
scale of temperature, and temperatures reckoned according 
to this scale are called absolute temperatures. Clearly the 
absolute temperature corresponding to any given temperature 
on the Centigrade scale will be found by adding 273 to it. 
Thus the following are corresponding temperatures : — 

Centigrade Scale. Absolute Scale. 

o o 

o** 273 

o o 

I 274 

100" 373" 

273'* . 546' 

^ ^=273'' + /'' 

It will now be seen that the numerator and denominator on the right- 
hand side of equation (5) represent respectively the absolute temperatures 
corresponding to t"* and /° on the Centigrade scale ; denoting these by T' 
and T we may write the equation in the form 

Vt' T' 

y^ ^T" '^' 

or, TAe volume of a given mass of gas is proportional to its absolute tem- 
perature. 

Ex. 2. — 15 litres of air are cooled from 27° to 7° : by how much will 
the volume diminish ? 

The absolute temperature corresponding to 27° C. is 273" + 27" = 300" ; 
and the absolute temperature corresponding to 7** C. is 273** + 7° 
= 280**. Let V be the volimie of the air at the lower tem- 

D 
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peratiire ; since the volumes are proportional to the absolute 
temperatures, ' 

V_28o_i4 

" i5~300~i5' 
or V= 14 litres. 

Thus the volume of the air becomes i litre less. 

38. Changre of Pressure at Constant Volume. — We have hitherto 
supposed the gas to be kept at constant pressure under such conditions 
that it is free to expand as its temperature rises. Suppose now that 
instead of keeping the pressure constant we keep the volume constant ; 
what win happen when the gas is heated ? It will exert an increasing 
pressiu'e upon the walls of the vessel in which it is contained, and experi- 
ment shows that the pressure increases in the same way and at the same 
rate as the increase of volume discussed in Art. 31. We have thus to 
distinguish between two sets of conditions under which a gas may be 
heated, with the corresponding effects — 

Condition. Effect. 

(i) Constant Pressure. . . Increase of Volume (according 

to Charles's law). 
(2) Constant Volume . . . Increase of Pressure (according 

to the same law). 

For the second case we may therefore put Charles's law in the following 
form. 

The pressure of a given mass of gas, kept at constant volume, increases by 
a definite fraction of its amount at 0° for each degree rise in temperature. 

This fraction is called the coefficient of increase of pressure at constant 

volume ; its value is the same ( — ) as that of the coefficient of increase of 

\273/ 

volume at constant pressure. All the equations given above (1-6) apply 
equally to change of pressure ; e.g, equation (2) may be written 

Pt=Po(i + aO (7) 

where Pq denotes the pressure at o", and P^ the pressure at f, 

Ex. 3. — A steel cylinder placed in melting ice is filled with com- 
pressed oxygen at a pressure of 42 atmospheres : if the cylinder is now 
taken out of the freezing mixture and allowed to stand in a room at 26**, 
, what will the pressure become ? 

Since the pressure increases by -i- of its original value at o" for every 

degree rise in temperature, the pressure at 26° will be 



4.2 X 2*^ 

=. =^=46 atmospheres. 



34. Alr-Thennometers. — We may here refer to an instru- 
ment called the differential air-thennoineter» a convenient 
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fonn of which is shown in Fig. 19. The U-tube in the centre 
contains enough coloured water to fill each limb to a height 
of a couple of inches. Each limb 
is connected by a short piece of 
rubber tubing with a glass tube 
having a bulb at the end If one 
of the bulbs — say the left-hand one 
— be warmed, the air in it will ex- 
pand and force the liquid column 
or index down in the left-hand limb 
in the U-tube and up in the right- 
hand limb. The differential air- 
thermometer gives us an easy and 

Fig. .9 lilidl. 

delicate means of finding 
whether there is any differ- 
ence of temperature between 
two liquids and will be used 
for this purpose in Expt. 18. 
If there is any difference, the 
index moves downwards on 
the side nearer the warmer 
liquid ; if both liquids are at 
the same temperature, the 



The cross-tube and stop -cock 
are not absolutely necessary, but 
are useful for equalising ihe pres- 
sure in the Iwo bulbs and levelling 
the index al any time. A simple 
but serviceable form of differential 
thermometer can lie made from a 
couple of small glass flasks and a 
piece of tubing bent six times al 

righ, „gio. fi>»- r|_|-i 

After whal *e have said about 
changes of pressure and volume, Fig. ao li/ao]. 

you will be able to understand why 

we cannot use the air-thermoscope (described in Art. 4-5) as a thermometer. 
The atmospheric pressure changes from time to lime, causing alterations in 
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the volume of the contained air independently of changes of temperature ; 
thus when the external pressure increases the column of liquid is forced 
up the tube just as it is when there is a fall of temperature. And beside 
all this, the very movement of the liquid colmnn alters the pressure so that 
it never remains constant. 

What is properly called an air-thermometer is shown in Fig. 20. 
The air is contained in the bulb B, which is connected by a capillary tube 
C with a wider glass tube T fixed to a vertical stand : T' is a similar tube, 
which can be moved up and down and adjusted at any height. T and T' 
are connected below by a strong india-rubber tube, and the U-tube thus 
formed is filled with mercury to about the level TT'. We cannot describe 
fully the method of using the thermometer, but can only state here that 
by adjusting the height of the tube T' we can keep constant either the 
pressure or the volume of the air in the bulb, and so use it either as a 
constant-pressure or constant-volume thermometer ; and that by means of 
this apparatus we can test the accuracy of the laws described in Arts. 

31-33- 



Examples on Chapter V 

In the following examples the coefficient of expansion of air and other 

gases may be taken as — . The equations required are given in Arts. 

31-34 with some solved examples ; but beginners will find it well to work 
out the simpler questions (4-1 1) in the way the first two are worked out 
below, i.e. by applying Charles's law directly. Students should pay 
especial attention to problems on the expansion of gases, because such 
calculations have frequently to be made in physical and chemical work. 
The volumes of gases are generally measured at temperatures higher than 
o** and* under varying barometric pressures. In order to compare the 
results of experiments made under different conditions of pressure and 
temperature, it is necessary to find the voliune which the gas would occupy 
under a pressure of 76 cm. of mercury and at the temperature of o" C. 
This process is known as ' reducing the volume to the normal pressure and 
temperature,' and is illustrated in Ex. 3. * 

1. What change of volume will be produced by heating 26 litres of air 
from o** to 21°? 

According to Charles's law the increase of volume for each degree rise 

in temperature is C26 x ~) litre. For a rise of 21° the increase is 

= — = 2 litres, so that the volume at 21** is 26 + 2 = 28 litres. 

273 13 

2. A gas-bag contains 14 cubic feet of coal-gas at 0° and under a pres- 
sure of 26 lbs. per square foot : if the pressure is increased to 28 lbs. per 
square foot what will the volume become ? To what temperature would 
the gas have to be warmed so as to recover its original volume ? 

When the pressure increases from 26 to 28 lbs. per square foot 
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the volume diminishes in the inverse proportion and becomes 

14 X ^= 13 cubic feet. 

We have next to find what rise of temperature above 0° would bring 
back the volume from 13 to 14 cubic feet. The expansion per 

degree is -^=— cubic feet. The expansion for x degrees would 

/ J 

be — , and this must be equal to i cubic foot. Hence :r=2i, and 

21 

the required temperature is 21°. 

3. On heating a certain quantity of mercuric oxide it is found to g^ve off 
380 C.C. of oxygen gas, the temperature being 23° and the barometric height 
74 cm. : what would be the volume of the oxygen measured at the nor- 
mal pressure and temperature ? 

First allow for the change of pressure, according to Boyle's law, 
assuming the temperature to remain constant. Since the volumes 
are inversely proportional to the pressures, the gas would occupy 

under a pressure of 76 cm. a volume of 380 x ^= 370 c.c. 

Next allow for the change of temperature, the pressure remaining 
constant and equal to 76 cm. The absolute temperatures corre- 
sponding to 23° and 0° are 296° and 273" respectively. At the 
latter temperature the volume would be 

Thus the volume at the normal pressure and temperature would 
be 341 J c.c. 

4. A certain quantity of gas measures 260 c.c. at o** : what would be 
its volume at 63° ? 

5. To what temperature must a gas be heated in order that its volume 
may become double of what it is at o** ? 

6. A certain quantity of gas measures 90 c. c. at 0° : at what tempera- 
ture will its volume become 120 c.c. ? 

7. The volume of a gramme of hydrogen at 0° is 11. 16 litres : what is 
its volume (i) at 30", (2) at 50°? 

8. 200 cubic centimetres of air are heated from 0° to 30° and at the 
latter temperature the volume is found to be 222 c. c. : what value does this 
give for the coefficient of expansion of air ? 

9. A closed glass tube fiUed with air at o** and under atmospheric pres- 
sure is gradually heated If the tube can safely stand a pressure of 3 
atmospheres, to what temperature may it be heated ? 

10. A litre flask contains 1*293 gm. of air at o** : how much will it 
contain at 100° ? 

11. The pressure upon a gas is doubled, and at the same time its tem- 
perature is raised from 0° to 91° : how is the volume altered ? 

12. A certain quantity of gas occupies a volume of 66 c.c. at 13** : what 
will be its volume at 52® ? At what temperature will its volume be 63 

C.C.? 
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13. At what temperature will the volume of a given mass of gas be 
exactly double of what it is at 30° ? 

14. The pressure upon a gas is doubled, and at the same time its tem- 
perature is raised from 13° to 299** : how does this affect its volume? 

15. Find the volume at the normal pressure and temperature of a 
quantity of gas which measures 392 c.c. at 21**, and under a pressure of 
80 cm. [See Ex. 3.] 

16. If 3000 cubic inches of air at o** C. expand by 11 cubic inches for 
each degree rise of temperature, find the volume at loo** of a quantity of 
air which at 50** measures 100 cubic inches, the pressure being supposed 
to undergo no change. 

17. The pressure inside a steel cylinder containing compressed oxygen 
is measured by means of a manometer, and is found to be 30 atmospheres 
at a temperature of 27**. The cylinder is now surrounded by a freezing 
mixture, which reduces the temperature to - 13", and the pressure falls to 
26 atmospheres. Find the coefficient of increase of pressure. 



CHAPTER VI 
SPECIFIC HEAT AND CALORIMETRY 

36. Distinction between Temperature and Heat. — 
We now proceed to that branch of our subject which is called 
calorimetry, and which treats of heat as a measurable quantity. 
The important difference between temperature and heat may 
be illustrated by comparing it with the difference between the 
* level ' or height of a cistern and the quantity of water in that 
cistern. If two cisterns at different levels are connected by a 
tube, the water will tend to flow from the higher cistern to the 
one at a lower level : so in the case of two bodies in thermal 
conmiunication, heat tends to flow from the one at a higher 
temperature to the one at a lower temperature. But you cannot 
tell from the height of the cistern how much water there is in 
it, or how much work you could make the water do by turning 
a wheel. Similarly, the thermometer indicates the temperature 
of a body, but does not of itself tell us how much heat we can 
get out of the body.^ You may have a bucketful of hot water 
and a thimbleful of water equally hot : they are at the same 
temperature, but it is clear that the bucketful would give out 
more heat than the thimbleful in cooling through the same 
number of degrees. And this is equally true of the amounts 
of heat required to warm them through equal ranges of 
temperature. 

* Avoid the use of the term ' heat contained in a body. ' It is 
misleading ; at any rate it is of no practical importance, for we are only 
interested in finding how much heat is given out or absorbed by a body 
when it is cooled or heated, and this obviously depends not only upon its 
temperature at the time but also upon the temperature to which it is 
cooled or heated. 
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36. Heat as a Measurable Quantity. — In measuring 
lengths we express them in terms of a certain unit of length 
— the centimetre: we state the mass of a body as being so 
many grammes — using the gramme as the unit of mass ; and 
so, in order to measure and express quantities of heat, we 
require to choose a heat-unit^ which is defined as follows : — 

The unit of heat is the amount of heat required to heat a 
gramme of water through one degree. This is the same as the 
amount of heat given out by a gramme of water in cooling 
through I**. 

It is clear that the amount of heat required to raise the 
temperature of 2 grammes of water through 1° is twice as 
great as that required to heat i gramme through 1° — or is 
equal to 2 heat-units: to heat 10 grammes through 1° would 
require 10 units ; and so on, the quantity of heat being 
proportional to the mass of the substance heated. 

Again, experiment shows that the amount of heat required 
to warm a body through a given range of temperature is 
proportional to that range of temperature, i,e, to the number 
of degrees through which it is heated. Thus : to heat i gramme 
of water from 0° to 100° we require 100 units (the same 
amount as would be required to heat 100 grammes from 0° to 
I**). To heat 100 grammes of water from 0° to 100* we require 
100 X 100= 10,000 units. A kilogramme (1000 grammes) of 
water in cooling from 75° to 10* gives out 1000 x 65 = 65,000 
units of heat. In general, the amount of heat required to raise 
m grammes of water through &* is given by the equation 

H = w^ .... (I) 

37. Speciflo Heat. — The question now arises — If we take 
equal weights of different substances and heat them through 
equal intervals of temperature, shall we find any differences 
between the amounts of heat required? The following ex- 
periments supply the answer and show that there are such 
differences. 

ExPT. 17. — ^Apparatus required — A few metal balls or 
bullets (with hooks attached) made of lead, iron, tin, bismuth, 
etc. ; a cake of beeswax (or a mixture of beeswax and 
vaseline) about 6 mm. or quarter of an inch thick : this 
may be made by pouring the melted wax into a flat dish or 
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by melting the wax on the surface of hot water; an oil- 
bath. 

Suspend the balls from strings, or on a wire support (as in 
Fig. 2 1 ), and heat them to about 150** in the oil-bath. Drop 
them simultaneously on to the 
wax cake. The iron ball melts 
through first, and is followed by 
copper, zinc, and tin. Lead is 
barely able to get through : the 
bismuth ball will probably not 
get through at all. 

Now the rate at which any 
ball melts through depends 
chiefly upon the amount of heat 
which it gives out in cooling, 
for this determines how much 
wax it will melt ; it also depends 
upon the density (Art. 24) of 
the ball, for the densest ball 
would tend to sink fastest through 
the melting wax, as it would 
if the balls were thrown into 
treacle. The lead ball is heavier 
than any of the others : the density of lead is 11 '4, while that 
of iron is 7*2. Although the lead is so much heavier it does not 
get through nearly as quickly as the iron. We conclude from 
this that iron in cooling gives out more heat than lead does. 




Fig. 21 [i/8]. 



EXPT. 18. — Place equal quantities (about 400 c.c.) of 
water in two beakers, and in these immerse the two bulbs of 
the differential thermometer (Art. 34). Take equal weights 
(100 grammes) of water and any metal, say lead shot, and put 
them in separate test-tubes. Plunge the two test-tubes into the 
same vessel of hot water, and, after keeping them there for 10 
minutes, pour the hot lead into the left-hand beaker and the 
hot water into the other, moving the bulbs of the thermometer 
slightly so as to stir the contents of the beakers. The index 
of the differential thermometer will move, showing that the 
contents of the right-hand beaker have been warmed more than 
those of the other. 
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We conclude fFom this that the water gives out more heat 
than the lead in cooling through the same interval of tempera- 
ture,i and this is found to hold for all other metals. The 
experiment may be varied by immersing equal weights of 
different metals in the two beakers : it will be found that 
similar differences exist among the metals. This is expressed 
by saying that every substance has a distinct speciflc heat, 
and this term is defined as follows : — 

The. specific heat of a substance is the ratio between the 
amount of heat required to raise a given mass of that substance 
through a given interval of temperature and the amount of 
heat required to raise an equal mass of water through the same 
interval of temperature. 

Thus when we say that the specific heat of mercury is -^ 
or 0.033, we mean that the amount of heat required to raise 
a given mass of mercury through any interval of temperature 
is only one-thirtieth of the amount of heat required to raise an 
equal mass of water through the same interval of temperature ; 
or that in cooling through the same range of temperature 
water would evolve thirty times as much heat as an equal 
mass of mercury. 

We have seen (Art. 36) that m 6 units of heat are required 
to cause a rise of temperature of 6'' in m grammes of water 
(the specific heat of which is unity). For any other substance, 
the specific heat of which is less than unity and equal to s 
say, the amount of heat required will be less in the same 
proportion and will be given by the equation 

H^msO . . . . (2) 

which also expresses the amount of heat given out by a body 
of mass m and specific heat s in cooling through O'*, 

The following examples will illustrate the use of this 
important equation : — 

Ex. I. — How much heat is required to raise the temperature of a 
kilogramme of mercury (specific heat = o«033) from 20° to 170°? 

Here 0=i 70' - 20** = 1 50", and m = i kgm. = 1000 gm. 
. • . H = msd = 1000 X 0'033 x 150 = 4950, 

and the amount of heat required is 4950 units. 

^ The fact that the hot water really falls through a somewhat smaller 
range of temperature only makes the experiment more conclusive. 
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Ex. 2. — If 342 units of heat are imparted to 150 grammes of iron 
(specific heat = o«ii4) originally at 10**, what will be the final temperature 
of the iron ? 

If we suppose the temperature of the iron to be raised through ^°, we 
know that 

342 = 150 X O' 1 14 X ^, 

and .-.0= ^ =gig- = 20°. 

i5oxo«ii4 i7«i 

Thus the final temperature of the iron will be 10° + 20° = 30"*. 

38. Methods of Finding Specific Heats. — (i) The 
Method of Mixtures. — The specific heat of a substance may 
be found by heating it to a known temperature and dropping it 
into a weighed quantity of water contained in a suitable vessel 
(called a calorimeter). The temperature of the water is observed 
by means of a thermometer before and after dropping in the hot 
substance, and from the rise of temperature we can calculate 
the amount of heat gained by the water. This must be exactly 
equal to the amount of heat given out by the hot body, pro- 
vided that care is taken to prevent loss or gain of heat from 
surrounding bodies during the experiment. Having thus found 
how much heat the substance gives out in cooling through a 
known interval of temperature, we can easily calculate its 
specific heat. This method is described more fully below 
(Expt. 19). 

(2) The Method of Cooling. — The specific heat of a 
substance can also be found by heating it and allowing it to 
cool ; the rate at which it cools is observed and compared 
with the rate at which water cools under similar conditions. 
For example, put equal weights of water and turpentine, both 
at 50°, into two similar glass beakers or thin metal vessels 
(suspended by strings so as not to be influenced by surrounding 
bodies), and put a thermometer in each. Note the time taken 
by each to cool from 50" to 20° ; you will find that the water 
takes more than twice as long as the turpentine. Since the 
turpentine cools under just the same conditions as the water, 
the difference must be due to its lower specific heat, which is 
less than half that of water. 

(3) The Method by Fusion of Ice. — The amount of heat 
given out by a hot body in cooling to o" can also be measured 
by finding how much ice it is able to melt. This method of 



determining specific heats will be described in the next 

ExPT. 19. — To find the specific heat of had shot by the 
method of ndxtures. Apparatus required — A steam-heater; 
this can be made by fitting 
a wide test-tube loosely into 
the neck of a corked flask ; 
a bent tube should also be 
fitted into the cork so as 
to allow the steam to escape 
(Fig. 22). A thermometer. 
A beaker holding about 200 
c.c. to serve as a calori- 
meter : a cylindrical vessel 
made of thin sheet-brass 
does better as a calorimeter 
because it absorbs less 
heat ; a small tin pot, such 
as can be obtained at a 
grocer's or chemist's shop 
does fairly well. 

Weigh into the calori- 
meter 100 grammes of 
water (or as much as will 
half fill it), and place the 
*' °'' calorimeter on a fiat cork 

or wrap it round with wool or flannel (to prevent loss of 
heat by conduction). Put zoo grammes of lead shot into the 
test-tube and close the mouth of the tube with a plug of 
cotton-wool to keep out cold air. Boil the water in the flask, 
and keep it boiling for quarter of an hour so that the lead 
may get heated to the temperature of the steam. When all 
is ready, observe carefully by means of the thermometer the 
temperature of the water in the calorimeter ; suppose this to 
be 9°'6. Now remove the cotton-wool, lift the test-tube out 
and quickly pour the shot into the calQrimeter. Stir the water 
gently by moving the bulb of the thermometer, and note the 
highest temperattire which it reaches. Suppose this to be 
1 4''-9 ; we can now calculate the specific heat of the lead shot. 
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Let s be the required specific heat The lead has cooled 
from 100" to i4°-9, t\e, through 85°.!. By equation (2) the 
amount of heat it has given out in cooling is 

H = 200 xsx. 85* I units. 
; This has been absorbed by the water, and has raised its 
temperature from g°'6 to i4°'9, t'.e, through 5°«3 The amount 
of heat required for this is 

H = 100 X 5-3. 
Since the two quantities are equal, we have 

200 X 85-ij= 100 X 5«3, 

5-3 
s = = 0.031. 



and 



170.2 



Make similar experiments with mercury, iron (nails), copper 
(short pieces of thick wire), etc. 

30. Thermal Capacity. — The specific heat of a sub- 
stance depends only upon the nature of the substance : it does 
not depend upon its size or weight, any more than its hardness 
or colour does. The specific heat of a brass button is the same 
as that of a brass cannon — if both are made of the same kind 
of brass. But the quantity of heat required to warm a body 
through a given range of temperature depends not only upon 
its specific heat (s) but also upon its mass (/«). The product 
(fns) of these two quantities is called the thermal capacity or 
capacity for heat of the body, and may be defined as follows : — 

The thermal capacity of a body is measured by the amount 
of heat required to raise its temperature by one degree, 

Ex. 3. — What is the thermal capacity of a calorimeter weighing 100 gm. 
and made of copper of specific heat 0.095 ? 

Since 0.095 is the specific heat of copper, 0.095 of a heat-unit is 
required to raise i gm. of copper 1°. The amount of heat required 
to raise 100 gm. of copper 1° is 100x0.095 = 9.5 units. Thus 
the thermal capacity of the calorimeter is 9.5. 

40. Besults and Applications. — In the following table 
the approximate values of the specific heats of a few substances 



are given : — 








Ice . 


• 0.5 


Water . 


. 1.000 


Glass 


0*2 


Alcohol 


. 0.615 


Sulphur 


. 0.18 


Turpentine . 


. 0.425 


Iron . 


0.114 


Mercury 


. 0.033 


Copper 


0.095 


Air (at constant 


pres- 


T^ad 


0.031 


sure) 


0.237 
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Observe that mercury has a very low specific heat This 
is another reason in favour of its use in thermometers. When 
we wish to find the temperature of a hot liquid and dip a 
thermometer into it, the bulb and its contents absorb some 
heat, and so the liquid is slightly cooled : but the amount of 
heat so absorbed by a mercurial thermometer is much less 
than it would be, for example, if the bulb were filled with 
water. 

Water has a higher specific heat than any other liquid or 
solid. For this and other reasons the sea is not warmed to 
nearly the same extent as land by the sun's rays ; nor does it 
cool so rapidly when they are absent. As the air above it 
partakes of its temperature, it follows that islands and places 
on or near the sea-coast enjoy a more equable climate than 
inland places. The differences between summer and winter 
temperatures in our island are only about half as great as the 
corresponding differences in regions of central Russia which 
are in the same latitude. 

On account of its high specific heat, water not only cools 
slowly but gives out a large amount of heat in the process. 
Among familiar applications of this we may mention hot water 
bottles, the foot-warmers used in railway carriages, and the 
systems of heating by hot- water pipes commonly used in green- 
houses and public buildings. 



Examples on Chapter VI 

Read Arts. 37-39 ^S^^ before you attempt to work these out. The 
specific heats required may be taken from the table in Art. 40. You will 
generally find that the best and simplest method of solving a specific heat 
problem is the method we adopted in working out the results of Expt. 19. 
Find the amounts of heat given out by the hot substance and taken in by 
the cold substance : if no heat is lost or gained in the experiment, these 
must be equal and can be equated. 

1 . A certain vessel holds 800 c. c. of water at its temperature of maximum 
density (4**). How much heat must be imparted to the water before it 
begins to boil ? 

2. How many units of heat are required to raise the temperature of 
150 gm. of copper from 10" to 150**? 

3. What is the thermal capacity of a leaden bullet weighing 100 gm. ? 

4. Find the specific heat of a substance 125 gm. of which at 78°, when 
immersed in 250 gm. of water at 12**, gave a resulting temperature of 18". 
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5. Two pounds of boiling water are poured upon 10 lbs. of mercury at 
16" : what will be the common temperature after mixing ? 

6. What is meant by saying that the ' specific heat ' of water is thirty 
times as great as that of mercury ? If a pound of boiling water be mixed 
with 3 lbs. of ice-cold mercury, what will be the temperature of the 
mixture ? 

7. If a kilogramme of mercury at 120® is poured into a vessel contain- 
ing 200 gm. of ice-cold water, what will be the temperature after the 
whole is mixed ? How would the weight and material of the vessel affect 
the result ? 

8. How is the climate of the British Isles affected by the high capacity 
for heat of water ? 

9. 30 grammes of iron nails at 100° are dropped into 60 gm. of water 
at i3^>2, and the final temperature is found to be i8°*6 : what is the 
specific heat of the nails ? 

10. What is meant by the statement that the specific heat of platiniun 
is 0*03 ? 

In order to ascertain the temperature of a furnace, a platinum ball 
weighing 80 grammes is introduced into it : when this has 
attained the temperature of the furnace it is quickly transferred 
to a vessel containing 400 grammes of water at 15°. The tem- 
perature of the water rises to 20° : what was the temperature of 
the furnace? 



CHAPTER VII 
CHANGE OF STATE— FUSION AND SOLIDIFICATION 

41. Fusion. — We have seen that the application of heat to a 
solid causes a rise of temperature and an increase in size : in 
most cases, when the temperature is raised sufficiently, the 
solid is converted into a liquid. This change of state is called 
melting or fusion. Thus ice melts at o° to form water : 
sulphur melts to a yellow liquid when heated somewhat above 
the boiling-point of water. Crystals of iodine placed in a 
flask and gently heated over a flame melt to an almost 
black liquid ; this on further heating undergoes a further 
change of state and boils, filling the flask with a splendid 
purple vapour. 

There are some substances, such as carbon and lime, which 
have not yet been fused because we are not able to heat them 
to a sufficiently high temperature. Others, such as iron, glass, 
sealing-wax, and pitch, before they become liquid pass through 
an intermediate stage in which they are plastic and can be 
easily moulded into any shape. It is in this intermediate stage 
that the glass-blower works glass before the blowpipe and the 
smith works and welds wrought-iron. 

42. Melting-Points. — But, in general, the change from the 
solid to the liquid state is well marked and occurs at a definite 
temperature. This is called the temperature of fusion 
or the melting-point of the substance. The reverse change — 
solidification — takes place at the same temperature, provided 
the liquid is stirred or shaken as it is cooled ; and thus we 
speak of o° C. either as the melting-point of ice or the freezing- 
point of water. As this is taken as one of the standard points 
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in measuring temperature, you should convince yourself by 
some such experiments as the following that it is really a fixed 
point. 

ExPT. 20. — Pound some clean ice and put it in a funnel : pour on it 
some water to wash it, and then immerse a thermometer in it as in Art. 7. 
Read off the height of the mercury. 

Put the ice into a beaker and pour water on it. Stir both well round 
with the thermometer : observe that it indicates the same temperature as 
when put into melting ice, and that this temperature does not depend upon 
the proportion of ice and water in the mixture. 

Repeat the experiment with hot water. This melts some of the ice, but 
is itself cooled thereby. Warm the mixture with a lamp. Remove the 
lamp and stir the ice and water well up. As long as any ice is left the 
temperature does not rise above o"*. 

ExPT. 21. — Add a little common salt to the ice and water in the pre- 
ceding experiment. The thermometer will fall below o". The salt lowers 
the melting-point (see Art. 45). Clean ice should therefore be used in 
marking the lower fixed point of a thermometer. 

ExPT. 22. — To find the melting-point of beeswax. Draw out a piece 
of glass tubing (or a test-tube) before the blowpipe into a fine tube. Cut off 
a piece about 2 inches long and seal up one end in the flame. Introduce a 
few small pieces of the wax. Tie the tube on to a thermometer, so that the 
wax is near the bulb, and dip it into a beaker of water. Heat gradually, 
stirring the water, and observe the temperature at which the first drop runs 
down the tube. This is the melting-point. 

Table of Melting- Points. 



Mercury 


• . -ss^-s 


Bismuth 


• 


. 26s'* 


Ice 


o** 


Cadmium . 


• 


. 320° 


Beeswax 


. . 65" 


Lead 


• 


• 330** 


Sulphur 


. . US'* 


Cast-iron 


• 


. 1200" 


Tin . 


. 230° 









Mixtures and alloys generally melt at lower temperatures than their 
constituents. Thus an alloy of bismuth, lead, tin, and cadmium, known as 
Rose's fusible metal, melts at about 70**. The melting-points of its con- 
stituents are all above 200° : but a slip of the alloy placed in boiling water 
fuses readily. 

43. Heat Absorbed in Melting. — When heat is applied 
to a mixture of ice and watet the ice gradually melts, but the 
temperature remains at 0° provided the mixture is constantly 
stirred. As the heat does not produce any rise of temperature 
it must be spent in converting the ice into water. The heat 
thus spent in producing change of state without change of 
temperature is called the latent heat of fusion, and may be 
defined as follows : — 

£ 
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The latent heat of fusion of ice (or the latent heat of water) 
is the amount of heat required to convert unit mass (one gramme) 
of ice at o** into water at the same temperature. 

The latent heat of water is 80 : by saying this we mean 
that 80 units of heat are required to melt i gramme of ice at 
o** without raising its temperature. 

Think over this in connection with frosts and thaws. Try 
to realise that before a single pound of ice can be melted, as 
much heat must be imparted to it as would raise 80 lbs. of 
water through i °, or i lb. of water from 0° to 80° ; and that 
before a single pound of ice can be frozen, the same amount of 
heat must be taken away from it. This will help you to under- 
stand how roads remain covered with half-frozen slush long 
after a thaw has set in ; and how it takes several frosty nights 
to freeze over a pond or lake (see also Art. 25). 

EXPT. 23. — To find the latent heat of water. This can be 
found by putting a known quantity of ice into warm water and 
observing how much heat is taken from the water to melt the 
ice. 

Weigh out 150 grammes of water at about 40° into a beaker 
or calorimeter (such as was used in Expt. 19). Note the 
total weight of calorimeter and water. Weigh out (roughly) 
about 60 grammes of pounded ice. Dry it quickly, first with a 
towel and then with blotting-paper. After taking the tempera- 
ture of the water, pour in the ice : stir it round with the 
thermometer (or a wire stirrer) and observe the lowest tempera- 
ture reached when all the ice is melted. Now weigh the 
calorimeter and its contents again ; the increase of weight tells 
us how much ice has been put in. We shall suppose that this 
is 50 grammes, and that the final temperature of the water 
is 10°. 

Now let X be the latent heat of fusion that we wish to find ; 
i.e. the number of heat-units required to melt i gramme of 
ice. Clearly 5o;rare required to melt 50 grammes. Further, 
the 50 grammes of ice-cold water thus produced have been 
warmed up from 0° to 10**: this requires a further supply of 
50 X 10= 500 units. 

The whole of the heat thus absorbed has been supplied by 
150 grammes of water in cooling from 40° to 10°, in which 
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process we know that 1 50 x 30 = 4500 heat-units are given out 
Thus soj:+5oo = 45oo, 

,■, 50^=4000 and ;r=3o. 
Thus the latent heat as determined by our experimeot is 80. 

44. loe-CalorimeterB. — You will now be able to under- 
stand how it is possible to determine the specific heat of a sub- 
stance by finding out how much ice it can melt in cooling down 
(say) from 100° to the temperature of melting ice (0°). For 
when we know this we know how much heat the substance has 
given out — every gramme of ice melted corresponding to 80 
units of heat evolved. 

Black (who discovered the law above referred to) used an 



ice-calorimeter of the very simple form shown in Fig. 23. The 
hot body was dropped into a hole scooped out of a block of ice, 
which was immediately covered with another slab of ice. 
Lavoisier and Laplace improved the ice -calorimeter and gave it 
the form shown in Fig. 24. The hot body is dropped into the 
inner vessel, which is made of perforated metal : the heat 
which it gives out in cooling melts some of the ice in the 
middle vessel, and the water thus produced is run off by the 
stopcock at the bottom and measured. The outer vessel, also 
filled with ice, simply serves as a screen to protect the middle 
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vessel from the surrounding atmosphere, which would otherwise 
gradually melt the ice in it. The way in which the results are 
worked out will be understood from the following example. 

A copper ball weighing 600 grammes was heated to 100" and introduced 
into an ice-calorimeter. The water produced was found to weigh 72 
grammes. Find the specific heat of copper. 

Let s be the required specific heat. By equation (2), Art. 37, the 
amount of heat given out by the copper in cooling from 100* to 
0° is ms0 = 6ooxsx 100. This was entirely spent in melting 72 
grammes of ice, for which purpose we know that 72 x 80 = 5760 
heat-units are required. These two quantities are therefore equal, 
i.e. 

60,000^=5760, 

576 
and .'. s=^ — =0-096. 

6000 

45. Freezing Mixtures. — Expt. 24. Dissolve a spoon- 
ful of common salt or of sodium sulphate in a cupful of water, 
stirring it up with a thermometer. Observe that the water 
becomes colder as the salt dissolves. This is generally the 
case : solution, like liquefaction, requires a supply of heat, and 
if the heat required is not supplied from the outside, it is taken 
from the materials themselves, which are thereby cooled. 
Ammonium nitrate shows this cooling effect better than either 
of the substances named. 

Freezing mixtures, such as are used for the artificial pro- 
duction of ice, depend upon this principle. If ammonium 
nitrate at o** is mixed with an equal weight of water at the 
same temperature, the solution will be found to assume the low 
temperature of — 1 5°. Another common freezing mixture (used 
by confectioners in making * ices ') consists of equal weights of 
common salt and pounded ice or snow. In cases like this, 
where both materials are solid, there is a double absorption of 
heat, for (i) heat is absorbed in melting the ice, and (2) a 
further supply of heat is required to make the salt dissolve. 

Expt. 25. — Fill a metal vessel (tin pot or saucepan, or 
brass calorimeter) with either of the above-mentioned freezing 
mixtures and place it on a flat saucer, into which a /////? water 
has been poured. Stir the mixture with a stick. In a few 
minutes the water will have frozen, and you will be able to lift 
up the pot with the saucer frozen to it. 
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Pour a little water into a test-tube and plunge it into the 
mixture, stirring it about from time to time. In about half 
an hour the water will be converted into a cylinder of ice. 
Notice that the outside of the vessel soon gets covered with 
dew and later on with ice (hoar-frost). 

The common practice of sprinkling salt over pavements to 
clear off snow is in ^any ways bad. It converts the snow 
into a slushy freezing-mixture : and even if this is swept and 
washed off, it leaves the pavement so cold that the water freezes 
on it into a smooth and slippery sheet of ice. 

46. Expansion of Water on Freezing. — Most sub- 
stances contract on solidifying, but water is a remarkable 
exception to this rule. It expands on freezing, 10 c.c. of water 
forming 11 c.c. of ice. Consequently ice is lighter than water 
arid floats upon its surface. 

ExPT. 26. — Fit a small flask with a cork and glass tube as 
in Fig. 25. Put into the flask a handful of pounded ice and 
fill it with coloured water. Fit the cork and 
tube into the neck, pushing the cork down until 
the water rises to the level of the mark on the 
card. Put the flask in a basin of luke-warm 
water. Observe the contraction that takes place 
as the ice melts. 

ExPT. 27. — Blow a small bulb at one end of 
a glass tube and draw the other end out to a 
fine point. Fill the tube with water and seal off 
the point in a blowpipe-flame. Place the bulb 
in a freezing mixture and cover it with a cloth. I 

The bulb will soon burst, owing to the expansion i 

of the water in freezing. W 

Water expands in freezing with almost irre- Ml 

sistible force. Not only thick glass bottles, such JBl m 
as soda-water bottles, but even cast-iron shells i|^H|A^ 
half an inch thick are easily burst by filling them 
with water and exposing them to the frost. Thus F»g« 25 [i/io]. 
water-pipes often burst during frosty weather, as householders 
find out to their disgust when the thaw sets in and their houses 
are flooded with water. It is usual to cover water-pipes and 
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hydrants with straw and other non-conducting substances to 
protect them from the action of frost ; and, as running water 
does not readily freeze, taps are often kept open (in spite of 
municipal regulations !) as long as the frost lasts. 



Examples on Chapter VII 

Read Arts. 43, 44 again ; also the note at end of Chap. VI. When- 
ever weights are expressed in pounds (instead of grammes) use as your 
unit of heat the ' pound-degree ' or amount of heat required to raise the 
temperature of i lb. of water through 1°. 

The latent heat of water may be taken as 80. 

1. What will be the result of mixing 10 lbs. of snow at 0° with 4 lbs. of 
water at 60** ? 

First find whether all or only part of the snow will be melted. The 
amount of h^at required to melt 10 lbs. of snow would be 
10x80 = 800 pound-degree imits of heat. The temperature of 
the mixture cannot fall below 0°, and 4 lbs. of water in cooling 
from 60° to 0° only give out 4 x 60= 240 pound-degrees, or enough 

to melt ^=3 lbs. of snow. Thus the result will be a mixture of 
80 

7 lbs. of snow and 7 lbs. of water, all at 0°. 

2. How much ice at 6** will be melted by 1000 gm. of boiling water ? 

3. When equal weights of boiling water and melting ice are mixed, the 
ice all melts, and the resulting temperature is 10° : find from this the latent 
heat of fusion. 

4. How much hot water at 75° will just melt 30 lbs. of ice ? 

5. 300 grammes of melting ice are mixed with 700 grammes of boiling 
water, and the resulting temperature is 46** : what is the latent heat of 
fusion ? . 

6. A brass cylinder weighing 80 gm. was heated to 100° and dropped 
into an ice-calorimeter. The amount of ice melted was 9 gm. : find the 
specific heat of the brass. 

7. Two copper balls of the same weight and raised to the same tem- 
perature are laid, the one on a cake of slowly-melting ice, and the other on 
a cake of wax. The latter sinks in the more deeply. What inference 
would you draw from this ? 

8. Explain the statement that the latent heat of water is 80. To a 
pound of ice at 0° are commimicated 100 units of heat (pound-degrees 
Centigrade). What change of temperature does the ice undergo, and in 
what way is its volume altered ? 

9. 143 grammes of water were obtained when a kilogramme of iron at 
100" was introduced into an ice-calorimeter : what was the specific heat of 
the iron ? 

10. A quantity of ice is thrown into a basin containing 4 lbs. of water 
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at 30°, and after all the ice has melted the temperature is found to have 
fallen to 8** : how much ice was thrown in ? 

II. What is meant by a, unit of heat f Taking the specific heat of lead 
as 0*031, and its latent heat as 5*07, find the amount of heat necessary to 
raise 15 lbs. of lead from a temperature of 115° C. to its melting-point, 
325° C. , and to melt it. 



CHAPTER VIII 

CHANGE OF STATE— VAPORISATION AND 

CONDENSATION 

47. Evaporation and Boilingr. — There are two ways in 
which a liquid may be changed into a vapour. The first of these 
is the slow process which is called evaporation. You have 
doubtless noticed that, if water is left exposed in a shallow dish 
or saucer, it gradually dries up or evaporates. This evaporation 
of water goes on at all ordinary temperatures, but most rapidly 
in warm dry weather. Alcohol (methylated spirit) evaporates 
more rapidly than water ; and ether evaporates so quickly that, 
if you pour a few drops on the palm of your hand, the ether 
will disappear in a few seconds, and produce an intense sensa- 
tion of cold. 

The second process is the familiar one of boilingf. You 
should begin your study of this by boiling some water" in a 
glass flask. When the cold water is heated, the first thing you 
notice is the expulsion of the air which it always contains in 
solution. This makes its appearance in the form of minute 
bubbles, which gradually rise through the water and are 
expelled. Larger bubbles, of steam or water-vapour, soon 
make their appearance, but as they rise into the upper and 
cooler water, they condense and collapse with a peculiar 
rattling noise. This is what causes the * singing ' of a kettle 
— always a sign that boiling is not far off. Finally bubbles of 
steam begin to rise rapidly and freely from all parts of the 
water, and the actual boiling sets in as soon as the whole of 
the liquid has been heated to a certain temperature, called its 
boilinff-point. Observe that the steam itself is, like air. 
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invisible ; the cloud that forms above the mouth of the flask 
consists of condensed water-particles, not water-vapour. 

The distinction between the two processes (evaporation and 
boiling) is this. Evaporation goes on at all temperatures, but 
only from the surface of the liquid. Boiling consists in the 
rapid production of bubbles of vapour throughout the mass of 
the liquid^ and only takes place at a definite temperature (the 
boiling-point of the liquid). 

EXPT. 28. — To find the boiling-point of a liquid. All that 
is needed for a rough determination is a small long-necked 
flask or test-tube (Fig. 26), fitted with 
a double -bored cork, in which are in- 
serted the thermometer and a bent tube 
for the escape of the vapour. The 
thermometer should be pushed down 
until the bulb nearly touches the liquid, 
but it should not dip into it. Alcohol 
or methylated spirit will do well for the 
experiment. If you wish to recover the 
liquid, you can do so by connecting the 
bent tube to a condenser (see Art. 52). 
If the liquid boils by fits and starts, or 
'bumps,' you should put into the test- 
tube a few bits of crumpled tin-foil or 
platinum-foil. This will make the boil- 
ing more regular. 

Fig. 26. 

48. Vapour - Pressure. — Wherf 
water is introduced into a closed space containing air (e.g. a 
corked flask), it goes on evaporating slowly until the air con- 
tains as much water-vapour as it can hold in suspension ; the 
evaporation then stops, and the air is said to be saturated with 
water-vapour. 

If the water is introduced into a vacuous space {e.g. a flask 
out of which all the air has been pumped), the evaporation 
goes on more rapidly ; practically it is instantaneous. You 
already know that the vapour of boiling water (steam) exerts a 
pressure : it is by this pressure of steam that all steam-engines 
work. You have now to learn that even at ordinary 
temperatures water -vapour exerts a small but measurable 



pressure. This pressure can be observed and measured by 
introducing water into a Torricellian vacuum (Art. 28). 

ExPT. 29. — -Fill a barometer-tube with mercury and invert 
it as in Expt. 15. Make a bent pipette, fill it with the 
liquid to be introduced, and push 
the curved point of it under the 
mercury and into the tube (Fig. 
27). Ether is the best liquid to start 
with. Blowcawft'fwj/fintotheupper 
end of the pipette, so as to make the 
ether ascend ifro^ dydrep, andv/^tcb 
the effect. The first drop will evap- 
orate almost before it reaches the 
vacuum, and the column of mercury 




will fall through a few centimetres. 
This fall is due to the pressure ex- 
erted by the ether-vapour, for there 
is nothing else above the mercury 
column to exert any pressure. As 
the ether ascends drop by drop, 
the mercury falls lower and lower 
until a point is reached, after which 
the introduction of more ether does 

not cause any further depression : i 

the evaporation stops, and a layer 
of liquid ether is seen resting on p; ^g 

the mercury. Before this, the space 

above the mercury was only partially saturated with ether- 
vapour, or contained unsaturaled vapour; it is now saturated, 
and the vapour exerts its maximum pressure, i.e. the greatest 
pressure that it can exert at the temperature of the room. 
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Now warm the tube cautiously by passing the flame of a 
spirit-lamp along it : the mercury falls lower and lower, showing 
that the maximum vapour-pressure increases with the tempera- 
ture. 

Perform the same experiments with alcohol and water, 
cleaning the tube and pipette each time, or using fresh ones. 
You will find that alcohol gives a much smaller depression, and 
water a smaller one still. Thus the vapour-pressure of a liquid 
depends upon the nature of that liquid. 

In Fig. 28 are shown four tubes dipping into a mercury 
trough, the first tube being a reference-tube containing mercury 
only (a barometer, in fact), and the others containing water, 
alcohol, and ether respectively above the mercury. The 
maximum vapour-pressure in each case is measured by the 
depression produced, and is expressed as being equal to so 
many * centimetres of mercury.' At 15° it is i'3 cm. for 
water, 3-3 cm. for alcohol, and 55-4 cm. for ether. 

40. Saturated and Unsaturated Vapours. — We may here point 
out the chief distinctions between the two states in which the vapour of a 
liquid may exist. 

When a vapour cannot exist without change in the presence of its own 
liquid, it is c^ed an unsaturated vapour. Such a vapour behaves 
much like a gas, and if its volume be diminished, its pressure increases 
according to Boyle's law (Art. 29). 

On the other hand, a vapour which can exist without change in presence 
of its own liquid is called a saturated vapour. The pressure exerted 
by the vapour in this state is called the maximum vapour-pressure of the 
liquid, and is the greatest pressure which can be exerted by the vapour of 
the liquid at that temperature. It does not depend upon the volume 
occupied by the vapour. Thus in Fig. 28 it is not necessary that the 
tubes should be of the same length : if they were of different lengths, the 
depressions would be exactly the same. If the trough were deeper, so that 
any tube could be depressed in it or raised up at will, the level of the 
mercury inside the tube would remain unaltered. 

Or, again, suppose a quantity of water and water-vapour (steam) to be 
contained in a cylinder closed by a movable piston. Suppose further that 
the temperature of the whole is kept constant, and that no air is enclosed 
(the space between the water and the piston being filled with saturated 
water- vapour). If now the piston be pushed down, the pressure will not 
increase (as it would in the case of a gas), but some of the vapour will 
condense to water, the pressure remaining constant. If the volume be 
increased by pulling out the piston, more of the water will evaporate to 
fill up the space, and the pressure will still remain unchanged. A 
saturated vapour, then, does not obey Boyle's law. 
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We may sum up briefly by saying that a saturated vapour is a vapour 
which is in contact with an excess of its own liquid. Its pressure depends 
only upon (i) the nature of the liquid^ and (2) the temperature. 

In what follows, unless the contrary is stated, the word vapour-pressure 
will be used as meaning maximum vapour-pressure or pressure of saturated 
vapour. 

60. Vapour-Pressure and Temperature. — We have 
seen (Expt. 29) that vapour-pressure increases with tempera- 
ture. We shall now show that at the boiling-point of a liquid 
its vapour 'pressure becomes equal to the pressure of the 
atmosphere, 

Expt. 30. — Fill and invert a barometer-tube as in the last 
experiment, and pass up about i c.c. of water into it. Surround 
it with a * steam-jacket,' i.e. a wider tube through which a 
rapid current of steam is passed (Fig. 29). The mercury 
column will gradually fall as the tube warms up, until finally, 
after the steam has passed freely for a few minutes, it will have 
fallen just to the level of the mercury in the trough outside. 
Clearly when this is the case the pressure inside and outside 
are equal. But the pressure inside is simply due to the vapour 
of water at its boiling-point ; and the pressure outside is that of 
the atmosphere. 

This result enables us to define the boiling-point of a liquid 
as follows. The boiling-point of a liquid is that temperature at 
which its vapour-pressure is equal to the pressure of the 
atmosphere. 

The maximum pressure of water-vapour at various tempera- 
tures is given in the following table, the pressure being 
expressed in centimetres of mercury. 



Temperature. 


Pressure. 


Temperature. 


Ppjbssure. 


0' . 


©•46 cm. 


60" 


• 


14*9 cm. 


10° . 


0.91 ,, 


70** 


• • 


23-3 M 


20° . 


1-74 .. 


80° 


• • 


35-5 ..• 


30° . 


3-15 .. 


90'* 


• • 


52-5 .. 


40° . 


5-49 M 








SO** . 


9-20 ,, 


100° 


• • 


76.0 ,. 
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In Fig. 29 (he 
ouler lube is corked 
at lop and boKom. 
Through Ihe upper 



a flask or boiler 

(An oil-can makes 
a cajMtal boiler 
for such purposes.) 
The steam escapes 
by the pipe b. which 
passes through the 
lowerxork and dips 
under the mercuiy. 
The inner glass tube 



Fig. 19. 

61. Influence of Pressure on Boiling-point. — If the 

boiling-point of water be determined with a delicate thermo- 
meter from time to time, it is found to vary slightly as the 
atmospheric pressure varies. The experiment in the preceding 
article gives us the key to the connection between pressure and 
boiling-point. Before a liquid can boil it must he heated to 
such a temperaiure that the pressure of its vapour is equal to 
the atmospheric pressure. Thus water boils at 100° when the 
atmospheric pressure is equal to that of 3 column of mercury 
76 cm. high. If the pressure increases to 77 cm., the 
water must be heated to a higher temperature before its 
pressure becomes equal to that of the atmosphere, and so the 
boiling-point is raised to ioo°-34. If the atmospheric pressure 
is below the normal pressure, the boiling-point is lowered : 
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thus water boils at 99°'64 under a pressure of 75 cm. You 
will now understand why it is necessary to read the barometer 
when marking or testing the boiling-point of a thermometer. 

If you gradually ascend from the sea-level up to, say, the 
top of a mountain, you leave more and more of the atmosphere 
below you, and consequently the pressure gradually becomes 
less. If you took with you a portable boiling-point ap- 
paratus, you would find the boiling-point become lower and 
lower. Thus while water boils at 100" at the sea-level, its 
boiling-point is 96°-3 at the top of Snowdon (3571 feet above 
sea-level) and 85° at the top of Mont Blanc (15,781 ft.) In 
Quito, which is the highest city in the world (9520 ft.), the 
mean height of the barometer is about 52-5 cm., so that the 
water boils at 90°. The change of boiling-point in ascending 
a mountain is one of the ways (though not the best) by which 
its height can be found. 

The cooking and solving powers of * boiling water ' depend 
upon the temperature at which it boils : hence it is scarcely 
possible to make good tea at the top of a higti mountain. By 
increasing the pressure we can make water boil at temperatures 
much higher than 100°, and so can increase its solvent power. 
Thus gelatine is extracted from bones by boiling them with 
water under great pressure in a strong closed iron boiler called 
a 'digester.' 

52. Condensation and Distillation. — ^When steam is 
cooled below the boiling-point it is converted into water or 
condenses. If a vessel in which water is kept boiling is 
connected with another vessel which is always kept cool, the 
steam from the boiling water passes over into the colder vessel 
and there condenses. This process is known as distillation, 
and is used as a means of separating water and other liquids 
from impurities which they may contain in solution. Thus pure 
water can be obtained from sea-water by distillation, the salt 
and other soluble matters remaining behind in the still. Dis- 
tilled water is not very pleasant to drink : it tastes * flat,' 
because it contains but little air in solution. 

The usual form of distillation apparatus used in laboratories 
is shown in Fig. 30. The liquid to be distilled is placed in a 
glass retort, which is heated by a burner ; the neck of the 
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retort fits into the oondenser, which consists of a long glass 
tube surrounded by a wider (but shorter) tube corked at both 
ends. Between these two a current of cold water is kept flowing, 




Fig. 30. 

so as to cool and condense the vapour ; from the condenser 
the distilled liquid flows into a flask or other suitable receiver. 

53. Boilingr under Dizuinished Pressure. — Referring to 
the table in Art. 50, we see that the maximum vapour-pressure 
of water at 90* is 52'5 cm. This is equivalent to saying that 
under a pressure of 5 2' 5 cm. water would boil at 90°. 
Suppose, then, that you had water at 90° in a flask, and that 
by any means you reduced the pressure below 52'5 cm., the 
water would now be above its boiling-point, and it ought to 
boil without any application of heat ; and this ought to occur 
at any temperature if you reduced the pressure in the flask 
below the maximum pressure of water-vapour at that tempera- 
ture. The following experiments show that this reasoning is 
correct. 

ExPT. 31 (Franklin's Experiment). — Half fill a flask with 
water, and boil it over a naked flame so as to drive out the air 
and fill the upper part of the flask with steam. While the 
water is boiling freely, remove the burner, and at the same 
instant close the neck of the flask tightly with . a well-fitting 
cork or rubber stopper. Turn the flask upside down (Fig. 3 1 ) 
and cool it cautiously by pouring cold water on the bottom of 
it. The water inside begins to boil, and the more you cool it 
the longer the boiling continues. 

The explanation is that by pouring on the cold water you 



cool and condense the steam, and so lower the pressure, 
a. case of boiling under diminished pressure. 



sure. There is no real danger in 
Ibis, for ibe flash does □□! burst 
outwards, but simply collapses ; 
Still il is best to use a small one, 
holding nol more than half a pint 
(o,j„..o.) 

EXPT. 3S. — Connect a flasb 
containing hot water with an 
air-pump, using an intermediate 
flask or Woulff's bottle to prevent 
the steam from getting inside the 
air-pump. On working (he pump 
the water will be found to boil 
under the reduced pressure, get- 
ting colder as il boils. 

El flask, and a walei-pump instead of Ibe 



31. BoiLIHG UHDUt DlUIHTSHin PKHSSURE. 

ir-pump. The neck of the retort should b 



53-55 VAPORISATION AND CONDENSATION 65 



so that it may be pushed into a thick rubber tube to connect it to the 
water-pump. 

ExPT. 33. — In Fig. 32 is shown an arrangement by which water can 
be made to boil continuously under diminished pressure in a flask 
connected with a ' reversed condenser ' {a d). The following are the results 
of an experiment made with this apparatus — 

Temperature at which the water boiled ..... 80* 
Height to which the mercury was sucked up in the tube de 41 cm. 
Height of barometer at the time 76*5 ,, 

The pressure inside the apparatus was therefore 41 cm. less than that 
outside, or was equal to 76'5-4i = 35«5 cm. Thus water boils at 80* 
under a pressure of 35-5 cm. We may also express the result by saying 
that the maximum pressure of water -vapour at 80° is 35*5 cm. By 
pumping out more air, or by letting a little enter, the pressure can be 
altered and the boiling-points at different pressures found. It is in this 
way that the vapour-pressiu-e of water at temperatures above 50° has been 
measured. 



54. Heat absorbed in Vaporisation. — When you boil 
water its temperature does not rise after it has reached the 
boiling-point, although it is continually heated. What becomes 
of the heat supplied to the water ? It is simply spent in 
converting the water into steam at the same temperature. 

On the other hand, when steam condenses to water, heat is 
given out. Thus if you hold a cold spoon in a jet of steam 
issuing from the spout of a kettle, the spoon will rapidly get 
warm as the steam condenses upon it. 

Evaporation at ordinary temperatures, too, is always ac- 
companied by absorption of heat. Illustrations of this cooling 
effect of evaporation are given in Art. 57. 

05. Latent Heat of Steam. — It is found that a definite 
quantity of heat is required to convert a given quantity (say a 
gramme or a pound) of water at 100** into steam at 100': 
this is called the latent heat of vaporisation, and may be 
defined as follows : — 

Tke latent heat of vaporisation of water (or the latent heat of 
steam) is the amount of heat required to convert unit mass {one 
gramme") of water at 100° into steam at the same temperature. 

The latent heat of steam is 536. By saying this we mean 
that 536 units of heat are required to convert a gramme of 
water at 100° into steam without raising its temperature. 

The same amount of heat is given out by a gramme of 

F 
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Steam in condensing to water at 1 00". By observing how much 
heat is evolved by a known weight of steam in condensing, 
we can find by experiment the value of the latent heat of steam. 

EXPT. 34. To find the latent heat of steam. — The method 
consists in boiling water in a flask and conveying the steam by 
a bent glass tube into a weighed quantity of water contained 
in a beaker or calorimeter (such as was used in Expts. 19 




Fig. 33. Heat Evolved in Condensation. 

and 23). The increase in weight of the water tells us how 
much steam has been condensed, and the rise in temperature 
tells us how much heat has been given out in the process. 

Owing to the cooling action of the air, some of the steam 
always condenses on its way through the bent tube ; the object 
of the *trap* shown in Fig. 33 is to catch this condensed 
water and prevent it from getting into the calorimeter. The 
trap consists of a wider corked glass tube, through which the 
steam has to circulate before passing down through the nozzle 
into the calorimeter; any condensed water remains at the 
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bottom of this wider tube. A vertical screen (of tin-plate or 
cardboard) should be introduced between the flask and the 
calorimeter. 

Begin by setting the water in the flask to boil ; weigh the 
empty calorimeter; pour into it 100-150 gm. of cold water 
and again weigh carefully. When the steam is issuing freely 
from the nozzle take the temperature of the water in the 
calorimeter. , Place the calorimeter in the position shown in 
Fig. 33, supporting it upon a wood block, so that the nozzle 
dips well under the water. The steam condenses with a loud 
rattling noise and the temperature of the water begins to rise. 
Let this go on until the temperature has risen about 20", 
stirring the water throughout the experiment with the ther- 
mometer or a wire stirrer. When you want to finish the 
experiment, take away the block, lower the calorimeter, and 
remove it from the escaping steam. Do this smartly, and note 
the highest temperature attained by the water before it begins 
to cooL Now weigh the calorimeter and water again ; the 
difference between this and the previous weighing tells you the 
weight of steam condensed. The following are the results of 
such an experiment — 

Weight of water in calorimeter . . . 1 20 gm. 

„ steam condensed . . . 5 „ 

Temperature of water before passing in steam . .10* 
if )» alter „ „ • • 35 

Now let X be the latent heat of steam : then 5jr will be 
the number of heat-units given out by 5 gm. of steam in 
condensing to water at 100°. The 5 gm. of hot water thus 
produced will, in cooling from 100° to 35°, give out a further 
supply of heat amounting to 5x65 = 325 units. 

The effect of this has been to raise 120 gm. of water from 
10" to 35°, for which 120 x 25 = 3000 heat-units are required. 
This gives us the equation 

Heat evolved = Heat absorbed 

!■ I . '^ . '* . ^ in warming cold water, 

in condensing + in cooling. 

5;r+32 5 = 3000. 

Thus 5r= 3000 - 32 5 = 2675. 

and ^=535- 
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According to our experiment, then, i gm. of steam gives 
out 535 heat-units in condensing. 

66. Laws of Ebullition. — We may here sum up the 
principal facts concerning the ebullition or boiling of liquids. 

I. When a liquid is heated it begins to boil at a certain 
temperature (called its boiling-point), and further heating does 
not raise the temperature of the liquid, but simply converts it 
into vapour. 

II. This temperature is constant for a given liquid as long 
as the pressure is constant. 

III. When the pressure increases the boiling-point rises, 
and when the pressure decreases the boiling-point becomes 
lower. 

IV. A definite amount of heat (called the latent heat of 
vaporisation) is absorbed in converting unit mass of a liquid at 
the boiling-point into vapour at the same temperature. 

67. Freezing by Evaporation. — The following ex- 
periments illustrate the cooling effect produced by rapid 
evaporation. 

ExPT. 35. — Place a piece of filter-paper on top of the 
air-thermoscope (Fig. 3, p. 5). Pour some ether on this. The 
ether rapidly evaporates, and as the heat required for its 
evaporation is taken from surrounding bodies, it cools the 
flask and the air inside. The cooling effect is shown by the 
contraction of the air and the rise of the liquid in the tube. 

ExPT. 36. — Place a watch-glass on a 
thin piece of wood, with a few drops of 
water between them ; pour ether into the 
watch-glass, and blow air from a bellows 
over its surface so as to make it evapo- 
rate rapidly. By the time the ether has 
evaporated the water will have been con- 
verted into ice. If you lift up the watch- 
glass, you will find that the wood sticks 
to it, the two being frozen together. 
^'2- 34- The watch-glass may with advantage 
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be replaced by a shallow capsule, such as may be made of 
sheet copper (Fig. 34). 

EXPT. 37. — Water may be made to evaporate so rapidly as 
to freeze by its own evaporation. This is inost simply doae 
by means of WoUaston's cryophorus (or 'ice-carrier'), a good 
form of which is shown in Fig. 35. It consists of a glass tube 
with a bulb at each end. One of these is half-filled with water ; 
the rest of the space contains nothing but 
water-vapour, the air having been driven out 
by boiling the water and sealing up the instru- 
ment while tiiU of steam. 

If the hulb A is surrounded by a freezing 
mixture (Art. 45), the water-vapour in it con- 
denses ; more vapour flows over from B to 
take its place and is continuously condensed 
in A, So much heat is taken from B by this 
process, that in about half an hour its con- 
tents will have frozen. 

If the water in the cryophorus more than 
half-fills the bulb B, some of it should be 
transferred to A : otherwise the expansion 
in freezing may burst the glass. The freezing 
mixture should be stirred from time to time. 
The bulb B should be covered with flannel or 
with a woollen sock, and it is well to shake 
it slightly if the freezing does not start in due 
time. 

The cryophorus may be regarded as a . ~ 

distillation -apparatus, of which the freezing 
mixture and buib A form the condenser. There is no outside 
source of heat ; the water-vapour in passing over transfers heat 
fi-om B to A, thus cooling the water in B to the freezing- 
point, and then converting it into ice. 

58. ApplloatioDB and lUustrations. — Machines for 
making ice artificially have been constructed on the principles 
explained above. In Carry's machine a bottle of water is 
placed in connection with a powerful air-pump and a reservoir 
containing strong sulphuric acid. After working the pump for 
a few minutes, the water begins to boil, the vapour is rapidly 
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absorbed by the acid, and the water soon freezes to a solid 
mass of ice. 

The refreshing effect produced by watering a dusty road on 
a hot day is not due to the laying of the dust alone : the water 
by its evaporation produces a pleasant coolness. The simplest 
way of cooling a bottle of wine in hot dry weather is to wrap 
round it a wet towel ; if it is then put to stand in a draught the 
ra{)id evaporation of the water will cool it several degrees below 
the temperature of the air (see Expt. 35). 

Our own bodies are cooled by evaporation, which when too 
rapid produces chills and colds, such as are often caught by 
exposure to draughts or after taking a warm bath. The air 
expired from our lungs is always charged with water-vapour, 
and from the surface of our bodies water is continually removed 
by perspiration and evaporation. You have probably noticed 
that a dog when hot after running quickly hangs out his tongue, 
thus exposing a larger surface for evaporation and increasing 
the cooling effect. 

The lowest temperatures hitherto attained have been 
produced by the rapid evaporation of liquids with very low 
boiling-points (liquefied gases). 

Examples on Chapter VIII 

1. Explain exactly the nature of boiling. Is it possible to make luke- 
warm water boil without heating it, and, if so, how ? 

2. How would you measure the maximum pressure of alcohol-vapour at 
a temperature of 25° ? ' 

3. How would you distinguish between vaporisation and ebullition t 
Does the boiling-point of a liquid depend upon the pressure on its surface ? 
Illustrate your answer with an experiment. 

4. How many heat-units are required to convert 50 grammes of water 
at 12* into steam at 100° ? 

5. A vessel containing 30 gm. of ice is placed over a spirit-lamp : how 
much heat will be required to melt it and vaporise the water completely ? 

6. The calorific power of Welsh steam coal is 8240. How many 
pounds of water at loo® could be converted into steam by the combustion 
of I lb. of this coal ? 

The most convenient heat-unit to employ here is the * pound-degree, ' 
or amount of heat required to raise i lb. of water through 
i". 536 of these units are required to convert i lb. of water at 
lOO** into steam. In the combustion of i lb. of coal 8240 
units are evolved, or an amoimt sufficient to convert into steam 

-^ = i5«4 lbs. of water at 100". 



VIII VAPORISATION AND CONDENSATION 71 



7. I lb. of a certain sample of coal is found to be sufficient to evaporate 
15 lbs. of water at ioo° : how much heat does it give out in burning? 

8. How many pounds of steam at 100° will just melt 50 lbs. of ice at 
o°? 

9. 10 gm. of steam at loo** is condensed in a kilogramme (1000 gm.) 
of water at o", and the temperature of the water is thereby raised to 6«3'* ; 
what value does this give for the latent heat of steam ? 

10. How many grammes of steam at loo** must be passed into 200 gm. 
of ice-cold water in order to raise it to the boiling-point? What will 
happen if more steam than this is passed in ? 

1 1, Describe an experiment showing that water can be frozen by its own 
evaporation. What weight of vapour must evaporate in order to freeze a 
gramme of water at freezing-point ? 



CHAPTER IX 

HYGROMETRY 

69. Water-vapour in our Atmosphere. — ^The presence 
of water-vapour in our atmosphere may be shown as follows. 

ExPT. 38. — Place some calcium chloride [CaCy in a 
saucer and leave it exposed to the air. The salt becomes wet 
on the surface and gradually dissolves in the water which it 
attracts from the air. 

Substances like calcium chloride and sulphuric acid, which 
combine eagerly with water, are said to be hygroscopic^ and are 
used for drying air and other gases (see Art. 60). 

ExPT. 39. — Dry the outside of a glass tumbler or beaker 
and pour cold water (or iced water) into it ; take it into a 
warm room. The surface of the glass becomes dimmed. As 
the air in contact with it is gradually cooled the vapour present 
is deposited upon it in the form of minute drops of water or 
dew. 

You must not conclude from such experiments that the air 
is fully charged or saturated with water-vapour. This seldom 
happens ; and when it does, the air is incapable of taking up 
any more water- vapour. Now common observation shows us 
that, except on very damp days, water exposed to the aij 
rapidly evaporates, as, for example, when wet clothes are hung 
out to dry. We conclude, then, that our atmosphere generally 
contains a certain proportion of water-vapour, but seldom 
sufficient to saturate it. A good * drying ' day is one on which 
the amount of water-vapour present is far from being sufficient 
to saturate the air ; but the rate of evaporation also depends 
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upon the presence or absence of wind, for when the a 
contact with a moist surface is frequently renewed the n 
is more rapidly removed. 

The branch of Physics that deals with the moisture of the 
atmosphere is called Hygrometty. 

SO, Absolute amoimt ofWater-vapour. — The amount 
of water-vapour contained in a given volume of air can be 
measured by slowly aspirating the air through a series of tubes 
(Fig. 36) containing a hygroscopic substance which absorbs 



Fig. 36. AspiBATOK andDbyihc-Tuees. 

and retains the water. Any large bottle or jar with a stop- 
cock at the bottom will serve as an aspirator (A). This is 
filled with water which, as it runs out, draws a current of air 
through the U-tubes C, D, and E. These contain pumice- 
stone soaked with sulphuric acid, and are carefully weighed 
before and after the CKperiment ; the increase of weight tells us 
the total amount of water absorbed. The volume of air which 
has passed through the apparatus can be found by measuring 
the water which runs out from the aspirator. The results are 
expressed by saying that the air contains so many grains of 
water-vapour per cubic foot, or a certain fraction of a gramme 
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per litre. The quantity thus measured is the absolute (or 
actual) amount of water- vapour contained in a given volume of 
the air at the time of the experiment and under the conditions 
then existing. 

Similarly, by passing through the apparatus a known 
volume of air which has beforehand been saturated with water- 
vapour, we can find out how much water-vapour is required to 
saturate a given volume of air at any temperature. 

61. * Wetness * and * Dryness.* — Experiments made in 
the way described above show that the absolute amount of 
water-vapour contained in the air at a given time does not 
fully explain what we call the ' wetness * or * dryness ' of the 
air. For it is found that on cold misty days in winter, when 
the air appears quite damp, the amount of water-vapour actually 
present in a given volume of it is frequently less than on a hot 
summer day, when we say that the air * feels dry.' And the 
reason is not difficult to understand. The amount of water- 
vapour required to saturate a given space depends upon the 
temperature, being greater in hot weather than in cold. Now 
we judge of the * wetness ' or * dryness ' of the air by the rate at 
which evaporation goes on, and this does not depend chiefly 
upon how much water-vapour the air already contains, but 
rather upon how much more it can take up, />. how far it is 
from being saturated. 

62. Relative Humidity. — The apparent wetness or 
dryness of the air depends, then, upon two things — 

(i) upon the amount of water-vapour actually present in a 
given volume of the air (which we have called the absolute 
amount of water-vapour or absolute humidity), 

and (2) upon the ratio between this and the amount required 
to saturate the same volume. 

This last is called the Relative Humidity, and may be 
defined as follows : — 

The relative humidity of the air at any time is the ratio 
between the amount of water-vapour actually present at the 
time and the amount which would be required to saturate it at 
that temperature. 

Thus, if a given volume of air is found to contain an amount 
w of water-vapour, and if an amount W would be required in 
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order to saturate it at its actual temperature, then the relative 

w 
humidity is -77^ 

This is sometimes expressed as a fraction and sometimes 
as a percentage ; thus, when the air is found to contain one- 
fifth as much water- vapour as would saturate it, we may either 
say that the relative humidity is 0-2 or 20 per cent 

63. The De-w-point. — If we wish to know the humidity 
of the air at any time, the simplest way of proceeding is to 
find out how far it is from being saturated. This can be done 
by cooling the air gradually down until it begins to deposit its 
moisture as dew (see Expt. 39). The temperature at which 
this occurs is called the de'w-point. 

The dew-point is the temperature^ at which the air begins to 
deposit its moisture in the form of dew. 

You should understand clearly that the dew-point is not a 
fixed temperature ; it changes continually, as the temperature 
of the air and the amount of water-vapour contained in it 
change. On very damp days the dew-point is only slightly 
below the temperature of the air. In dry weather the air needs 
to be cooled very considerably before the deposition of dew 
begins, so that the dew-point is much below the actual 
temperature. 

Instruments used for the 
purpose of finding the dew- 
point are called hygrometers. 

64. Dajiiell's Hygrro- 
xneter. — This is one of the 
oldest forms of dew-point in- 
struments. It consists of two 
bulbs (A and B, Fig. 37) con- 
nected by a bent glass tube. 
The bulb A is half-filled with 
ether ; the rest of the instru- 
ment contains nothing but 
ether-vapour. The bulb B is 
covered with muslin and can 
be cooled by dropping ether upon it. This condenses the 
ether-vapour inside B, and more ether distils over from A to 





Fig. 37- 



take its place. Thus A is gradually cooled, just as the bulb 
A in the cryophorus (Fig. 34) is cooled when B is placed in a 
freezing-mixture. At a certain point a thin film of dew makes 
its appearance on A ; the temperature at which this occurs is 
indicated by a delicate thermometer, the bulb of which dips 
into the ether in A, Another thermometer attached to the 
stem (C) gives the actual temperature of the air. 

65. Dlnes'B Hydrometer. — There are two difficulties in 
using Daniell's hygrometer. The observer must stand near 
the instrument ; also ether must be used, and this, of course, 
gets into the air. Both these objections are removed by 
the hygrometer introduced by Mr. G. Dines (Fig. 38), in 




Fig- 2t. 

which a current of cold water is made to cool a thin plate of 
black glass (E) upon which the dew is deposited. Cold water 
(or iced water) is placed in the vessel A, which communicates 
by a tube with the chamber D. The thin glass plaie E forms 
the lop of this chamber, and just underneath it is the bulb of 
the thermometer C. The observer adjusts the stop-cock B so 
that a slow current of water flows through ; he then watches 
the plate E, and as soon as its surface becomes dimmed he 
reads off the temperature indicated by the thermometer C. 

It is usual, both with this and the Daniell hygrometer, to 
ntake a double observation. First, the temperature at which 
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the deposition of dew begins is observed ; then the cooling is 
stopped, and, as the cold surface gradually gets warmer, the 
temperature at which the dew disappears is noted. The 
mean of these two is taken as the dew-point 

66. "Wet and Dry Bulb Hygrometer. — Another way 
of judging of the humidity of the atmosphere is by observing 
the rate at which evaporation is going on. This can be done 
by measuring the cooling effect produced by it. 

EXPT. 40. — Take the temperature of the air with a ther- 
mometer, then wrap round the bulb a small piece of fine 
muslin, and thoroughly wet this with water which has stood for 
some time in the room and is at the same temperature as the 
^r in it. The thermometer falls, and on a dry day may fall 
through several degrees. This effect is due to the heat 
absorbed in evaporation of the water. It is not so marked as 
if we had used ether (see Expt. 35), but it always occurs 
excepting when the air 
is saturated with water- 
vapour, which is seldom 
the case. 

Upon this prmciple 
the wet and dry bulb 
hygrometer (Fig. 39) is 
based. It consists of 
two thermometers, one 
of which is simply ex- 
posed to the air and 
indicates its tempera- 
ture, while the bulb of 
the other is kept con- 
tinually moist. This is 
done by covering the 
bulb with muslin, which 
is connected by a wick 
with a vessel containing 

water. (This vessel p;„ .„ 

should be smaller, and 
placed at one side ; noi 
figure.) The 



directly beneath the bulb as in the 
evaporation from the' wet bulb 
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keeps its temperature constantly lower than that of the dry 
bulb. The difference between the two temperatures depends 
upon the dryness of the air. When this difference is 
great it indicates that evaporation is going on rapidly, and 
consequently that the air is dry and the dew-point low. When 
the difference in temperature is small it indicates that but 
little evaporation is going on from the wet bulb : hence we 
conclude that the air already contains much water-vapour and 
that the dew-point is high. 

67. You should understand clearly that the temperature of the wet-bulb 
thermometer is not constant, but (like the dew-i>oint) changes with the 
temperature and humidity of the air. Nor must it be confused with the 
dew-point : it is higher than the dew-point. The greater the difference 
between the dry and wet bulb readings, the lower the dew-point is. 

But consider what would happen if the instrument were surrounded by 
air already saturated with water-vapour. There would be no further 
evaporation ; the wet-bulb thermometer would show the same temperature 
as the dry-bulb thermometer, and this (under the conditions stated) would 
also be the dew-point. 

The theory of the instrument has been worked out and a formula has 
been constructed which enables us to calculate the dew-point when the 
temperatures of the wet and dry-bulb thermometers are known. The 
results thus obtained have been compared with those |^ven by the conden- 
sation hygrometers (Arts. 64 and 65), and tables have also been drawn up 
from which the dew-point can at once be found when the readings of the 
wet and dry-bulb hygrometer are known. — On account of its convenience, 
it is the form of hygrometer most conunonly used by meteorologists. 



Examples on Chapter IX 

1. What circumstance determines whether a towel exposed to the air 
shall dry or shall become damp ? Why does a damp cloth exposed to 
draught become very cold ? 

2. Describe an instrument for actually determining the dew-point 
What do you understand by the term ? 



CHAPTER X 

TRANSMISSION OF HEAT— CONDUCTION 

68. Modes of Transmission of Heat. — Heat may be 
transmitted from one point to another by three processes, 
called respectively conduction, convection, and radiation. 

You know that if the point of a poker be pushed into a 
fire, the heating effect is not confined to the point alone : it 
gradually extends throughout the length of the poker, from the 
parts near the point towards the handle, which, after a while, 
may become top hot for you to hold. This transference of 
heat from hotter to colder parts of the poker, and from the hot 
poker to your hand, is called conduction. 

Again, if you withdraw the red-hot poker from the fire and 
hold your hand above it, you feel a sensation of heat which is 
mainly due to the warm air (heated by contact with the poker) 
rising upwards. This process is called convection. 

Lastly, if you hold your hand an inch or so delow the red- 
hot poker you still feel a sensation of heat. This is not due 
to convection (for heated air always rises upwards), but is pro- 
duced by a direct transmission of heat through the air from the 
poker to your hand, a process which is called radiation. It 
is by radiation that your hands are warmed when you hold 
them in front of the fire. 

69. Definition, — Conduction is the transmission of heat from 
hotter to colder parts of a body^ or from a hot body to a colder 
body in contact with it. This transmission takes place 
gradually from particle to particle^ but without any visible 
motion of the parts of the body. 
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The last sentence is added to point out how conduction 
differs from radiation and convection. Conduction is a 
gradual process in which heat only passes from hot to cold 
parts of the body by heating the intermediate parts. The 
transmission of heaf by radiation is so rapid as to be prac- 
tically instantaneous ; it also takes place without heating the 
medium through which it passes. In the case of convection 
heat is conveyed from one point to another by actual motion 
of the hot body as a whole. These distinctions will be better 
understood after reading the next two chapters. 

70. Oonduction in Solids. — Solids differ from one 
another enormously in their power of conducting heat. Metals 
are generally good conductors, silver and copper being the 
best. Glass, stone, leather, wood, flannel, and organic sub- 
stances generally are bad conductors. 

ExPT. 41. — Hold one end of a copper or brass wire, about 
3 inches long, in a flame. The heat is rapidly conducted 
along the wire, and it soon becomes too hot to hold. An iron 
or platinum wire does not get hot so quickly. A strip of wood 
(a match) can be held until it bums down quite near the 
fingers. A piece of glass rod or tubing can be held quite 
comfortably for a long time. It is this bad conducting power 
of glass that makes glass-blowing possible. When a glass tube 
is fused in a blowpipe-flame, it can be handled to within an 
inch or so of the fixed part without discomfort. 

ExPT. 42. — Place spoons made of different substances with 
their bowls dipping into hot water. The handle of a silver 
spoon (real silver) soon gets so hot that you cannot comfortably 
hold it. A common spoon (made of Britannia metal) does 
not get hot so soon ; with spoons made of bone or wood the 
heating effect is scarcely noticeable. 

ExPT. 43. — Paper is a bad conductor of heat, and at once 
becomes scorched and begins to bum when placed in a flame. 
Yet a piece of paper may be held for some time in a flame 
without burning (and even without getting scorched) if there is 
a metal surface immediately behind it to carry away the heat. 

This can be well shown by means of a cylinder one half of 
which is made of brass and the other half of wood (or one end 
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of a wooden cylinder may be turned down so that a brass lube 

of the same diameter can be slipped over it). Wrap a piece of 

writing-paper tightly round the cylinder and hold it in a Bunsen 

flame, as in Fig. 40. The paper covering the wooden half of the 

cylinder is scorched (just up to 

the hne of junction) long before 

any eflect is produced on the 

other half. The brass conducts 

away the heat so rapidly that 

the paper is kept cool. The 

expieriment shows that brass is 

a far better conductor of heat 

than wood is. 

71. OompariBon of Ooii- 
dnctlnff Powers. — The fol- 
lowing experiments show how 
the conducting powers (or con- 
ductivities)ofdi flerent materials 
may be compared, 

EXPT. 44. — A number of metal and other rods, of the 
same length and thickness, are covered with a coating of wax, 
and are introduced into holes in the front of a metal trough 
(Fig. 41), which is then filled with boiling water. As the heat 
travels along each rod and warms it up to the proper tempera- 
ture, the wax melts. 




Wait until there is no further sign of melting, and then 
observe that the wax has melted much farther along some rods 
than others. 
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EXPT. 45. — Take two strips or bars of iron and copper 
respectively, and of the same size. Attach small wooden balls 
(or marbles) to them by means of wax. Fix them end to end 




Fig. 4a. 

and place a burner underneath, so as to heat them equally (a 
better plan is to riv^t both to a cross-piece and heat this). 

The balls will be found to drop off the copper strip more 
rapidly than off the iron. 

ExPT. 46. — Cut discs of copper, iron, wood, and cork of 
about J inch thickness, and large enough to cover the top of 
the air-thermoscope (p. 5). As a source of heat use a liietal 
cylinder (iron or copper) heated to 100° by immersion in boiling 
water. 

Place one of the discs on top of the air-thermoscope, and 
on this put the hot cylinder. Wait a couple of minutes and 
observe the greatest depression produced. Try the other discs 
in the same way. Copper gives the greatest depression ; wood 
and cork scarcely allow any heat to pass. 

72. When one end of a bar is heated, the rate at which its 
temperature rises depends not only upon its conductivity but 
also upon its specific heat. Other things being equal, a bar 
having a low specific heat would get hot more rapidly than 
another having a high specific heat. Thus the above methods 
of experimenting are not quite satisfactory, excepting where the 
substances compared have nearly the same specific heat (as in 
the case of iron and copper, Expt. 45). But they show 
sufficiently well that metals are, in general, good conductors of 
heat, silver and copper being the best ; whereas stone, glass, 
wood, cork, etc., do not conduct heat nearly so well, or are bad 
conductors. 
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In order to keep our bodies warm we make use of such bad 
conductors (woollen clotheSy flannel blankets, fur, leather, etc.) 
Other applications of non-conductors will readily occur to you 
— e.g, kettle-holders, the handles of coffee-pots, kettles, and 
soldering-irons, etc. The badly-conducting materials which we 
use for * keeping out cold ' are also the best for keeping out 
heat. Thus, if you wish to keep a block of ice in hot weather, 
and have no ice-chest to put it in, it should be wrapped up in 
flannel. 

You will now be better able to understand why it is that, in our 
climate, metals and other good conductors feel cold to the touch 
(see pp. 1-3). If the temperature of surrounding objects were 
higher than that of our bodies, the reverse would be the case ; 
and so in the hot rooms of Turkish baths it is found that iron 
and stone are painful to touch because they part with heat so 
readily ; whereas wood and flannel can be handled without 
discomfort. 

73. Action of Wire-gauze on Flame. — A combustible 
substance will not burn, even in presence of air or oxygen, 
unless it is raised to a certain temperature, which is called the 
'temperature of ignition' of the particular substance. Now 
when a good conductor is introduced into a flame it rapidly with- 
draws heat from the flame and thus cools it. The following 
experiments show that it is easy to cool and extinguish a flame 
in this way. 

ExPT. 47. — Coil some copper wire round a rod, leaving 
a piece free at the end to serve as a handle, and making 
the coil of such size as to fit round the flame of a spirit- 
lamp. Lower the coil vertically over the flame until the bottom 
of it touches the wick. The flame shrinks away from the coil 
and then goes out. 

The coil does not crush out the flame ; there is plenty of 
room for it to burn and air can easily pass between the turns of 
wire. That the effect is really due to the cooling action of the 
metal may be shown as follows. Heat the coil to redness by 
means of a Bunsen burner and lower it again over the flame 
of the spirit-lamp ; it is no longer extinguished. Cool the coil 
by dipping it in water; dry it, and repeat the experiment. 
The cold coil at once puts out the flame. 
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[A coil of No. 1 6 wire, | in. in diameter and 2 in. long, does 
well for a spirit-lamp. For a candle-flame use a smaller coil.] 

ExPT. 48. — Procure a piece of wire-gauze, such as is 
commonly used in laboratories for supporting glass vessels in 
which water is to be boiled. Lower the gauze upon the flame 
of a Bunsen burner. The flame does not pass through the 
meshes of the gauze but appears to be crushed down by it 
(Fig. 43). 





Fig. 43- Fig. 44. 

The gauze cools the mixture of coal-gas and air that streams 
through it below the temperature of ignition. That this 
inflammable mixture does readily pass through the gauze may 
be shown by setting fire to it with a lighted match. It may 
also take fire of itself if the gauze gets red hot. 

ExPT. 49. — Turn on the burner but do not light the gas. 
Place the wire-gauze on the top of the burner and light the gas 
above it. The gauze may now be lifted an inch or so above 
the burner (Fig. 44), but the flame does not strike down. 

74. The Safety-lamp. — Upon this principle depends the 
action of the safety-lamp invented by Sir Humphry Davy. It 
consists of an oil-lamp (Figs. 45, 46), the flame of which is 
surrounded by a cylinder of wire-gauze closed on top by a 
brass plate. The gauze does not interfere with the burning of 
the oil, but, as we have seen, it prevents any flame from 
passing fi-om the inside to the outside. Thus the lamp can be 
safely used even in an atmosphere containing inflammable gases, 
such as the * fire-damp * which is the terror of coal-miners. 

The use of naked lights is no longer permitted in mines 
which are known to be * fiery ' or liable to accumulations of 
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fire-damp. By using the Davy lamp the miner is able to work 

with safety in such mines, and is also provided with a warning 

of the approach of danger. 

For when the amount of 

inflammable gas present 

becomes great enough to 

produce an explosion, it 

bums inside the gauze 

with a blue flame, and the 

miner then knows that it 

is time for him to with- 

ExPT. 50. — Connect a 
glass tube by india-rubber 
tubing to a gas tap, and 
direct the stream of gas 
against the gauze of a 
lighted safety-lamp. The 

flame of the lamp grows pfg. 45, Fig. 46, 

larger, and the coal-gas 

bums quietly inside, but the flame does not spread outside the 
gauze. 

75. Oonduotdon in LlquldB. — As may be seen from the 

following experiments, liquids 

are bad conductors of heat 
Mercury and other molten metals 
are exceptions to this rule. 

EXPT. 51. — Apparatus re- 
quired — A differential thermo- 
meter of the form shown in Fig. 
47 (having one bulb higher than 
the other): a vessel large enough 
to contain the thermometer ; and 
a tin dish which can be supported 
''. from the top of this. 

Pour into the vessel enough 

J., water to cover the bulb to a 

depth of a couple of inches. 

Support the tin dish so that it just dips into the water, and 
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then fill it with boiling water or hot oil. It will be some time 
before enough heat is conducted downward to affect the ther- 
mometer. 

EXPT. 52. — Another form of the experiment is shown in 
Fig. 48. An ordinary (mercurial) thermometer is inserted 
through a hole in the side of a vessel into which water is 
poured to about an inch above the bulb. The water is heated 
by carefully pouring hot oil on its surface, or a few drops of 




Fig. 48. 

benzene may be poured on its surface and ignited ; in this 
case the thermometer will scarcely be affected at all. 



ExPT. 53. — Twist some copper wire round a piece of ice, so 
as to make it heavy enough to sink in water ; drop it into a 
long test-tube nearly filled with water ; tilt the test-tube so 
that the water in the upper part may be heated over a fiame. 
The water may thus be made to boil on top without causing 
any noticeable melting of the ice. 

76. Mercury a good Conductor. — That mercury con- 
ducts heat much better than water may be shown by the 
following experiment. 

ExPT. 54. — Take two test-tubes of equal size and fix a 
wooden ball (or a marble) on to the bottom of each with bees- 
wax. Nearly fill one with water and the other with mercury. 
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Bend a piece of thick copper w 



(which is drawn one-fifth of the actual size), 
redness, and support it with one \te dipping i 
the other into the mercury. The baJl will s 
left-hand tube, while the other will remain 
water may be spluttering and boiling on 

Observe that in all the above experi- 
ments the liquid is heated from on top, so 
that the heat has to pass downward ; this 
is the only way in which the true conduct- 
ing power of liquids can be examined. If 
they are healed from below, convection- 
currents are produced ; and the same is true 
for gases (see next chapter). 

77. Oonduotion in Oaaes. — Gases 
are even worse conductors of heat than 
liquids. Hence ice-houses (for the storage 
of ice in summer) are constructed with 
double walls : the air between these protects 
the contents from external heat. So in 
cold climates double doors and windows 
are used to retain heal and keep dwelling- 
houses warm. 



o the shape shown in Fig. 49 



Heat the v 
ito the water and 
aon drop off the 

on although the 



— Place upon the palm of your hand a ioase 

badly, conducting powder such as lime, as- 

r of Paris. On this lay the point of a red- 

a piece of iron (not too heavy) heated to redness. 

I be held for some time without burning the 



ExPT. 55.- 

bestos, or plas 
hot poker 
The iron 

If the powder were pressed down tightly upon the hand (as 
would happen if the iron were heavy), it would soon feel 
painfully hot. This shows that the effect is mainly due to the 
bad conducting power of the air entangled between the solid 
particles. The powder is interposed to cut off the direct 
radiation of heat 

in the 
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casing. The space between is filled with straw, sawdust, or 
other loose, badly-conducting material, which hinders the free 
motion of the air, or in other words, stops convection. Fur, 
feathers, eider-down, and wool owe their warmth to the air 
entangled in them. 



CHAPTER XI 



TRANSMISSION OF HEAT— CONVECTION 



78. On account of their low conductivity, fluids (i>. liquids 
and gases) are only warmed very slowly when the heat is 
applied from on lop. But they soon get warm when the heat 
is applied from bdow, as when water is heated in a kettle by 
placing it on a fire, or when air is heated 
by contact with warmer soil. The parts 
which are first heated expand, and being 
thus rendered lighter ^ they ascend ; their 
place is taken by colder parts of the fluid, 
which, in turn, are healed and also as- 
cend. There is thus produced in the fluid 
an upward current which carries heat 
with it. This mode of transmission of | 
heat is called convection, and may be 
defined as follows :— 

Convection is the transmission of heal 
by actual motion of the parts of a heated 
fluid. 

It is clear that convection -currents can 
only be produced in liquids and gases, 
for the parts of a solid cannot move 
about in the manner described. , 

7©. ConveotioD in Liquids. — The | 

convection of heat in liquids may be ^\ 

Illustrated by the following experiments. 

EXPT. 56. — Fill a round -bottomed flask with v 
' See Expt Ja, p. 25. 




drop into it some crystals of magenia dye. Heat the 
flaslE over a small flame (smaller than that shown in the 
figure). The water just above the heated spot ascends, and its 
place is taken by colder water from the sides, A current of 
hot (and coloured) water rises up the middle of the flask, 
spreads out on top, and then works its way down the colder 
sides as indicated by the arrows. 

The direction of the currents may also be shown by 
throwing in sawdust. 

ExPT. 57.— With the aid of a lantern convection-currents 
in water may be shown by projection o 




Fig. 5a. 

The water (slightly warmed) is placed in a cell with parallel 
glass sides (Fig. ji), and the image of this is focussed on the 
screen. If a piece of ice be now floated on the water, it will 
gradually melt, and the colder water sinks to the bottom of the 
cell. The descending current shows upon the screen in the 
form of streaks, which are due fo the unequal refraction of cold 
and warm water (see Light, ch. vi.) 

Or again, the cell may be filled with cold water and hot 
water may be introduced into this by means of a pipette 
dipping into it. If this is done very slowly and cautiously, the 
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hot water will be seen to rise upwards and form a layer floating 
on the colder water. (The image on the screen is of course 
inverted.) (See Light, ch. viii.) 

ExPT. 58. — Make ^ paper box by folding stout writing- 
paper ; put a few stitches in to keep the flaps from opening, 
and hang the box up by threads from the four comers (Fig. 
52). Half-fill the box with water and let the flame of a 
Bunsen burner play on the bottom of it. The water can be 
heated to boiling without scorching the paper. 

You should not conclude from this experiment that paper is 
a good conductor of heat. It rather shows how rapidly heat is 
carried off* by convection. If it were not for the water the 
paper would soon bum, and if the flame is too big the box does 
get scorched above the water-line. 

80. Circulation of Water. — The following experiment 
shows how a continuous circulation of water can be maintained 
by convection. 

ExPT. 59. — A glass tube of the form shown in Fig. 53 is 




Fig. 53- 

filled with water up to the open neck on top, and one of the 
vertical branches of the tube is heated (near the lower comer) 



by means of a small gas-flame or spirit-lamp. The heated 
water ascends and its place is taken by colder water from 
. below. 

To show up the motion of the water better, drop in through 
[he neck a little magenta dye (as much' as can be taken up on 



the point of a penknife, crushed and moistened with water 
before dropping it in). The coloured water moves towards the 
left, passes down the left-hand tube, and so round as shown by 
the arrows. The circulation can be kept up as long as you 
please, but cannot well be followed after the dye has worked 
round to the neck. 
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81. Heating by Hot Water. — One of the best methods 
of heating large buildings is by means of hot-water pipes. The 
general arrangement of a hot- water system is shown in Fig. 54. 
The principle on which the method depends has been illustrated 
in Expt. 59. 

The water is heated in the boiler B, and rises up through 
the pipe ab ; it then passes through coils (C, C, etc.) which 
are placed in the various rooms and serve to distribute the heat 
wherever it is most required. Having parted with much of its 
heat, the water is now colder and heavier ; it sinks through the 
return pipe cd to the bottom of the boiler, where it is again 
heated and begins its journey afresh. 

All three processes — conduction, convection, and radiation — come into 
play here. Heat is radiated out into each room from the pipes and coils ; 
these are painted a dull black so as to increase their emissive power (p. 
103), and the separate pipes in each coil are provided with numerous flanges, 
so as to increase the radiating surface. It is by conduction that the heat 
passes from the furnace through the boiler into the water and, later on, 
from the water to the outer surface of the pipes and coils. The air above 
these is heated by convection ; and the whole system is a capital example 
of a continuous water convection-ciurent carrying heat with it from the 
boiler to the coils. 

82. Oonveotion in Ghases. — The draught up a chimney 
is a familiar example of convection. Before passing into the 
chimney the air is heated by the fire and is thus rendered 
lighter than the air outside. In the same way convection- 
currents are produced in the chimneys of oil-lamps. 

The upward motion of the air above any hot body (e.g. a 
red-hot poker) may be observed by holding near it a piece of 
smouldering brown paper (or * touch-paper ' made by soaking 
brown paper in saltpetre solution and then drying it). 

The quivering appearance of objects seen over lime-kilns 
and chimney-stacks is due to the irregular refraction of light 
through the heated air rising up. In this way convection- 
currents in air may be well shown by using a lantern as in 
Expt. 57 (excepting that here no focussing is necessary). 

Expt. 60. — Hold a spirit-lamp in a strong beam of light 
from the lantern, and examine its shadow on the screen. 
Wavy streaks of light around and above the flame show the 
ascending currents of hot air. 

Examine in the same way the shadow of a red-hot poker or 
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of an iron or copper ball heated to redness. Observe that 
below the ball the air is only heated to a very short distance. 
This shows what a bad conductor air is. • 

ExPT. 6 1. — Place a lighted candle-end on a saucer and pour 
some water round it ; over the candle place a lamp-glass. The 
flame flickers awhile and then goes out. There is an open 
outlet above for the heated air and products of combustion, 
but no fresh air can get in below and so the candle calmot burn. 
Repeat the experiment and introduce a piece of cardboard 
down the middle of the lamp-glass as in Fig. 55. The flame 

appears to be blown about a 
bit at first, but it brightens up 
and keeps alight. The card- 
board has roughly divided up 
the chimney into two halves and 
the flame makes use of one of 
these to ^'^X rid of the hot gases 
while the other brings fresh air 
down to it. The existence of 
these two currents can be shown 
by holding smouldering paper 
near the top of the lamp-glass. 

83. Ventilation of 
Rooms. — In our climate dwell- 
ing-rooms are usually warmer 
than the air outside. This is 
not only due to fires and lights, 
but also to the heat given out by 




Fig- SS. 



our own bodies. This hot and impure air rises to the top of the 
room, as you may easily prove by standing on a table in a 
closed room where several gas-jets have been burning. In 
order to keep the air sufficiently pure for respiration we require 
some system of ventilation, i.e, some means of getting rid of 
hot impure air and replacing it by cool fresh air. 

If you slightly open the door of a room and hold a lighted 
candle in the gap, you will generally find that near the floor 
the flame is blown inwards (Fig. 56). At the top (unless the 
room is very high) it is drawn outwards : while a position (about 
half-way up) can generally be found in which the flame bums 
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Steadily. Thus cold air tends to make its way into the room 

at the bottom, driving out the warm light air above. Two 

things are therefore necessary 

before a room can be properly 

venlilaled : an outlet for warm 

air just under the ceiling, and 

an inlet for fresh air near the 

floor. 

84. Ventilation of Mines. 
— Coal-mines have to be thor- 
oughly ventilated in order to 
supply fresh air for breathing 
and also to prevent accumulation 
of the dangerous and inflam- 
mable fire-damp referred to in 
Art. 74. For this purpose two 
vertical shafts are provided at 
opposite ends of the mine. At 

the bottom of one of these Kig. 56. 

(called the up-cast shaft) a large 

fire is kept burning, and this creates a powerful upward 
draught. Fresh cold air enters through the other shaft (called 
the down-cast shaft), and has to make its way through the 
various workings of the mine before it reaches the up-cast shaft. 
The action of the system may be illustrated as follows :— 

ExPT. 62. — Take off the front of a flat wooden box and 
replace it by a sheet of glass. Cut two holes in the top of the 
box (at opposite ends) and put a lighted candle in the box 
under one of these. Over each of the holes place a lamp- 
chimney or wide glass tube, as in Fig. 57. The left-hand tube 
represents the up-cast shaft, the candle the fire, the right.hand 
tube the down-cast shaft, and the box itself the mine. 

By holding smouldering paper at the top of the tubes, it can 
be shown that there is a steady current of air down the right- 
hand tube, through the box, and up the left-hand tube. 

85. Convection- Ourrente in Nature. — The student 
should here read Arts. 24, 25 again. Winds, which are 
natural convection-currents on a large scale, will be treated of 
in Chapter XIII, after we have considered radiation. 



Ocean currents may be regarded 
produced by the unequal heating of the surface of < 



In general they follow the direction of the prevailing winds. 
These in tropical regions are easterly (i.e. blow from east to 
west), and so in the Atlantic Ocean there is an equatorial 
current from east to west. This passes along the north-east 
shoulder of South America, into the Caribbean Sea, and flows 
out of the Gulf of Mexico as a mighty stream of warm water — . 
Che Gulf Stream— which skirts the coast of the United 
States and then sweeps across the Atlantic to the north-west 
coasts of Europe. As an example of the effect of the Gulf 
Stream on chmate, it may be stated that the harbour of 
Hammerfest in Norway is free from ice all the year round ; 
whereas the mouth of the Baltic (12 degrees farther south) 
and the river Hudson (in the same latitude as Rome) are 
frozen over three months in the year. The comparative 
mildness of winter in the British Isles is lai^ely due to the 
influence of the Gulf Stream. 



CHAPTER XII 
TRANSMISSION OF HEAT— RADIATION 

86. We have already referred (Art. 68) to radiation as a third 
mode of transmission of heat. It is by radiation that the sun 
warms our earth. We may at once mention two respects in 
which radiation differs from the other modes of transmission of 
heat. A hot body emits radiation in all directions and in 
straight lines. An obstacle interposed in the direct line 
between you and a source of heat at once cuts off the radia- 
tion. You can protect your face from the heat of a fire 
by holding a book or paper between ; and when the sun's 
rays are too powerful you seek relief by getting into the 
shade. 

The transmission of heat by convection, on the other hand, 
always takes place in one direction {e.g, by upward currents) ; 
and conduction is not restricted to straight lines, for a bent 
wire conducts heat as well as a straight one. 

Light is known to travel at the rate of about 186,400 miles 
per second. Now, when an eclipse of the sun takes place, it is 
found that the light and heat are cut off at the same time ; 
hence both must travel with the same enormous speed. Another 
characteristic of heat-radiation is that the medium or substance 
through which it passes is not thereby sensibly warmed. It 
is true that many media are only partially transparent to 
heat ; these absorb a portion of the radiation as it passes 
through them (just as partially transparent glass absorbs a 
certain proportion of light), and are thereby warmed. With this 
reservation we may define the process of radiation as follows : — 

Heat is said to be transmitted by radiation when it passes 

H 
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from one point to another in straight lineSy with great speedy 
and without heating the medium through which it passes. 

87 Much of what is stated in this chapter will be better 
understood after the student has read the next section of this 
book (Light). The laws of reflection and refraction are the 
same for heat as for light. If an image of the sun be formed 
with a lens on paper or on the back of the hand, the heat is 
found to be focussed at about the same spot, a fact with which 
schoolboys are sufficiently familiar, and which shows that heat- 
radiation can be refracted as light is. Again, the law of 
inverse squares (p. 124) applies here as in the case of light, and 
it is best to study the two sets of phenomena in connection 
with one another. 

A body heated in a dark room to a comparatively low 
temperature, say below a dull-red heat, is not visible ; it emits 
only heat-radiation. But when it is heated above this tempera- 
ture it becomes visible ; it now emits both kinds of radiation, or 
it would be more correct to say that the effect produced by its 
radiation depends upon the object on which that radiation falls. 
It affects the surface of our bodies as heat ; it produces in our 
eyes the sensation of light. 

The common use of the term 'radiant heat' might lead 
the student to suppose that there are different kinds of heat, of 
which * radiant heat ' is one. This is not so. Strictly speaking, 
radiation is not heat at all : at any rate, it does not exhibit the 
ordinary properties of heat. If it were, it could not pass, as it 
is known to do, through bodies without heating them. There 
is reason for believing that radiation travels in the form of 
waves, much as waves are propagated on the surface of water 
by the upward and downward motion of the particles of water. 
The disturbing cause producing these waves is the hot body 
emitting the radiation. The waves, in general, travel freely out- 
wards in all directions ; but when they strike against an obstacle 
they may be partly reflected from its surface, partly absorbed 
by it, and partly transmitted through it. Bright polished tin- 
plate may be taken as a type of a good reflector ; lamp-black 
as a type of a good absorber ; and rock-salt as the best example 
of a substance which is transparent to heat-radiation. 

88. Apparatus, etc. — For detecting the presence of heat- 
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radiation the differential thermometer (Fig. 19) may be 
employed. The bulbs should be painted over a dull black ; ^ 
the reason for this will be explained in Art. 90. The ether- 
thermoscope shown in Fig. 58 is even more delicate than the 
differential thermometer. It is made like the cryo- 
phorus (p. 69), excepting that it contains coloured 
ether instead of water. It may be regarded as a 
differential thermometer in which the ether forms the 
indicating column and in which the bulbs contain 
ether-vapour instead of air. When the lower bulb 
is held in 'the hand or placed near a hot body the 
pressure of the ether-vapour inside it increases (p. 59), 
and so the liquid ether is forced up in the stem. 
The lower bulb should be blackened. 

As a source of heat a cubical tin box (of about 
5 inches side, see Fig. 64) filled with water may be 
used. One of the vertical sides of the box should 
be left as bright tin-plate ; the opposite one may be 
blackened as explained in the footnote or by holding 
it over the smoky flame of burning camphor or tur- 
pentine. The other two may be treated as required jrig. 58. 
for any particular experiment ; e,g, you may paste 
white paper over one and roughen the other with coarse sand- 
paper. A box so prepared is called a * Leslie's cube/ for such 
boxes were used by Sir. J. Leslie in his researches on radiation. 

As a more powerful source of heat we may use a copper 
or iron ball (about \\ inch in diameter) heated to redness in 
a fire (Fig. 62). 

We will now proceed to consider the reflection, absorption, 
and emission of radiation, in so far as they can be illustrated 
with the aid of simple apparatus. 

80. Beflection. — Expt. 63. — Procure two tubes of bright 
tin-plate about 2 feet 6 inches long and 3 inches in diameter, 
Support them horizontally on suitable stands, as shown in 
Fig. 59, the two tubes making an angle of about 120** with 
one another. At the mouth of one place the ether- 

^ A lamp-black surface is best. The lamp-black should be ground up 
with thin shellac varnish, or with a mixture of equal parts of gold size and 
turpentine, and then applied with a brush. 
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thermoscope T (or one bulb of the differential thermometer), 
and at the mouth of the other place the red - hot ball. 




Fig. 59- 

Generally, no effect will be produced on the thermoscope. 
Now place at R a vertical sheet of bright tin-plate equally in- 
clined to the two tubes. This reflects the radiation through the 
second tube, and the heating effect is shown by the rapid rise of 
the liquid column in the thermoscope. By altering the position 
of the \in-plate sheet, it can be shown that the heating effect is 
greatest when the reflector is equally inclined to the two tubes. 

If NP (Fig. 60) be the normal or perpendicular to the reflecting surface 
where the incident ray IN meets it, the angle INP is called the angle of 
incidence. The angle PNR, between the reflected ray NR and the nor- 
mal, is called the angle of reflection. The laws of reflection here are the 
same as in the case of light (p. 137), viz. — 

I. The reflected ray lies in the plane containing the incident ray and 
the normal, and on the opposite side of the normal. 

II. The angles of incidence and reflection are equal. 





Fig 60. 



Fig. 61. 



ExPT. 64. — The use of the tin-plate tube is in itself an example of 
reflection. If the ball and thermoscope be placed as at B and T (Fig. 61), 
with the tube between them, the heating effect will be so great as to drive 
the ether into the upper bulb. On removing the tube the heating effect 
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becomes much smaller. Only a small fraction of the total radiation (viz. 
that travelling directly from B to T) now reaches the bulb. But when 
the tube is interposed, rays such as BC and BD (which would otherwise 
travel along the dotted lines) strike against it, and after one or more 
reflections from the inside of the tube- they reach the bulb T. 

ExPT. 65. — A more striking illustration of reflection can be obtained 
with a pair of concave metallic mirrors (best of nickel-plated copper). 
These should be placed facing one another in a straight line. The red-hot 
ball is placed in the principal focus of one and the bulb of the thermo- 
scope in the focus of the other (Light, ch. v.) Even when the mirrors 
are over 10 feet apart the reflection and concentration of the heat can in 
this way be easily shown. 

00. Abso)rptive Po-wer. — A sheet of bright tin-plate 
reflects most of the radiation which falls upon it. A sheet 
which has not been tinned (* black-plate '), or which has had 
its surface blackened, is a very poor reflector : it absorbs most 
of the radiation and is thereby heated. Thus different sub- 
stances have different absorptive 
powers. The following experi- 
ments show that dull black sur- 
faces are good absorbers, whereas 
bright polished surfaces are bad 
absorbers. 

ExPT. 66. — Take two sheets 
of tin-plate and blacken the face 
of one with lamp-black (p. 99). 
On the back of each (in the cen- 
tre) solder a short, thick copper 
rod. To the end of each rod 
attach a marble or wooden ball 
with wax. Hang up the sheets 
as shown in Fig. 62, and place 
thp red-hot ball midway between 
them. The ball attached to the 
blackened sheet drops off long 
before the other does. This proves 
that the lamp-black surface is a 
much better absorber than the 
bright tin-plate. 




Fig. 63. 



ExPT. 67, — Blacken one bulb of the differential air-ther- 



ir and leave the other clean. Expose them to the same 
source of heat and at equal distances. The blackened bulb 
becomes hotter than the other, proving that lamp-black is a 
better absorber than glass. 

EXPT. 68. — Painl a black ring (Fig. 63) with lamp-black vamish on 
the face of a slout piece of tin-foil. Grind up some mercuric iodide with 
weak gum-waler (or mastic varnish), and point this over tbe back of the 



Fig. 6,. 

tin-foiL Mercuric iodide is a scarlet crystalline powder ; but when heated 
lo about 150° il is converted into a yellow modification. 

Now heat a flat piece of iron lo redness and hold it about 3 inches in 
fiont of the tin-foil ; on looking at the back of it you will see on tbe 
scarlet background a ring otytlhw mercuric iodide corresponding exactly 
to the blackened ring in front 
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91. Emissive or Badiating Power. — ^The radiation 
emitted by a hot body depends (i) upon its temperature, and 
(2) upon the nature of its surface. The radiation increases as 
the body gets hotter, but it does not depend upon the tempera- 
ture alone. Some substances give out more radiation than 
others at the same temperature, and are said to have higher 
emissive or radiating powers. And it is found that the 
surfaces which have the highest emissive powers are precisely 
those which are the best absorbers (e.g. dull black surfaces). 
This is expressed by saying that ^ good absorbers are also good 
radiators^ It will be sufficient if we test the correctness of 
this statement in the case of the bright and black tin-plate. 

ExPT. 69. — Turn up the blackened bulbs of the differential 
thermometer as shown in Fig. 64. Place the Leslie's cube on 
the ring of a retort-stand mid-way between the bulbs. Turn it 
so that the lamp-blacked surface faces one of the bulbs and 
the bright tin-plate surface faces the other. See that the bulbs 
are at equal distances from the sides. Fill the cube with 
boiling water. The radiating surfaces are now at the same 
temperature (100''); but the liquid column on the same side 
as the blackened surface at once begins to fall. This shows 
that lamp-black is a much more powerful radiator than 
bright tin-plate. 

ExPT. 70. — Procure two tin pots (saucepans) of the same 
size, and coat the outside of one with lamp-black (p. 99), 
leaving the other bright; hang them up by strings at a 
convenient height and distance apart, so that the bulbs of the 
differential thermometer can be introduced, one into each pot. 
(For this experiment the bulbs should be turned down as in 
Fig. 19, and they need not be blackened.) Open the stop- 
cock of the thermometer ; take enough water to fill both pots 
and warm it to about 70° ; pour half into one pot and half into 
the other. Close the stop-cock and watch the thermometer as 
the water cools. The column on the same side as the 
blackened pot gradually rises, showing that this cools more 
rapidly than the bright one. Thus we have again proved that 
a lamp-black surface radiates out more heat than a surface of 
bright tin-plate at the same temperature. 

Just as the surface of the earth is a better absorber than t^ 
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surface of the sea, so it is a better radiator. Both, during the 
night, lose heat by radiation into space. But the earth cools 
more rapidly than the sea does : and, of the various bodies on 
the surface of the earth, those which are the best radiators will 
suffer the greatest loss of heat. This is one reason why dew is 
found to be more copiously deposited upon grass and plants 
than upon stones and metal surfaces (Art. 95). 

02. Diathennanoy or Transxnissive Po"wer. — Bodies 
which easily allow heat radiation to pass through them are said 
to be diathermanouis. Among solids rock-salt is the best 
example of such a substance. Our atmosphere is fairly dia- 
thermanous ; but water -vapour is not so. The presence of 
moisture in the atmosphere hinders the radiation of heat, and 
hence the loss of heat by radiation during the night is more 
marked in dry climates than in places where the air is moist. 

Although diathermancy to heat -radiation corresponds to 
transparency to light, it by no means follows that bodies trans- 
parent to light are also diathermanous or transparent to heat- 
radiation. Thus alum is transparent to light, but is opaque to 
heat-radiation. The same is true for water; so that a cell 
containing water may be used for cutting off heat while it lets 
the light through. 

If iodine be dissolved in carbon bisulphide, a reddish-black solution is 
obtained which (except in thin layers) is opaque to light. Yet this solution 
readily transmits heat-radiation, and a flask filled with it may be used for 
concentrating heat just as a glass lens or a flask filled with water may be 
used for focussing light. 

The behaviour of glass is peculiar. It stops the radiation from a red- 
hot ball or from a fire ; a fact which is sufficiently illustrated by the use of 
glass fire-screens. But if the source of heat be at a higher temperature 
(e.g. the sun), a considerable fraction of the radiation from it is trans- 
mitted through a sheet of glass. If you put your hand on the inner ledge 
of a window through which the sun is shining, you may find the ledge 
quite warm, while the panes of glass are comparatively cool. The radia- 
tion passes through the glass but is absorbed by the ledge. 

The explanation is that not only the quantity but also the quality of the 
radiation from any source depends upon the temperature of the source. By 
saying this we do not mean to assert that there are different kinds of heat : 
but there are dififerent kinds of heat-radiation. On these the glass exercises 
a selective absorption, stopping some of them while it lets others through. 
Thus it is opaque to the radiation from a source at a comparatively low 
temperature, whereas it transmits a considerable fraction of the radiation 
from a source at a high temperature. 
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Examples on Chapters X-XII 

1. Explain the use of the wire gauze surrounding the flame in the 
Davy lamp used in coal mines. 

2. Describe how the heating of buildings, (a) by hot-water pipes, {d) 
by steam, depends on convection and conduction of heat, specific heat, 
and latent heat, 

3. Should a kettle intended to be heated by standing in front of a fire 
be bright or black ? State fully the reasons for your answer. 

4. What are the differences in the behaviour of rock-salt, alum, and 
glass towards radiant heat ? Would a rock-salt fire-screen prove efficient ? 



CHAPTER XIII 
WIND, DEW, RAIN, etc. 

03. Land- and Sea-Breezea — ^Winds are convection- 
currents produced by the unequal heating of the various parts 
of the surface of our globe. During the day-time the earth is 
warmed by the sun's rays and imparts its heat to the air lying 
above it. The sea has a lower absorbing power (Art 90) than 
the earth, and its specific heat (p. 46) is higher : further, the 
evaporation from the surface tends to keep its temperature from 
rising. Thus the sea is cooler, during the day-time, than the 
land, and we should expect the colder and heavier air from the 
sea to flow inward, displacing the warmer and lighter air over 
the land (Fig. 65). 

This is found to be the case near the sea-coast, especially 
on islands in tropical regions. In the morning a breeze from 
the sea springs up, increasing in strength towards the afternoon, 
and dying away at sunset. This is called the searbreeze. 





Fig. 65. — Morning. Fig. 66. — Evening. 

After sunset both land and sea are cooled by radiation. 
But the earth is a better radiator than the sea ; it cools more 
rapidly ; and so, during the night-time, the sea is warmer than 
the land The warmer air above it rises upwards, being 
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displaced by a colder current from the land (Fig. 66). This 
is the land-breeze which blows during the night and dies 
away towards morning. 

04. The Trade Winds. — Of greater importance than 
these local winds is the great system of Trade Winds which 
blow all the year round over a belt extending about 30° on 
both sides of the equator. North of the equator the Trade is 
a N.E. wind (/>. blows from the north-east) ; south of the 
equator it is a S.£. wind. 

The Trade Winds are due to the intense heat of the sun in 
equatorial regions. The warmer and lighter air ascends and 




Fig. 67. 

its place is taken by currents of air flowing in from colder 
latitudes both N. and S. of the equator (see Fig. 67). If this 
were all, we should expect to find in the northern hemisphere 
a Trade Wind blowing directly from the north, and in the 
southern hemisphere directly from the south. This would be 
the case if our earth were at rest But it must be remembered 
that the earth rotates from west to east, and this eastward 
velocity increases as we pass from the poles to the equator. A 
mass of air moving in the nothem hemisphere from north to 
south only slowly acquires this motion towards the east : it is 
constantly moving southwards into regions which have a greater 
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easterly velocity than itself. Hence it appears to be blowing 
towards the south-west ; />. it is a N.E wind. 

Similarly the Trade Wind in the southern hemisphere does 
not blow directly from the south but is a S.E. wind. 

06. De'w. — On clear, cloudless nights the earth is cooled 
by radiation into space. The air in contact with it is also 
chilled, and if its temperature falls below the dew-point (Art 
63), a portion of the water- vapour present is deposited in the 
form of dew. 

The deposition of dew is most copious on calm, clear nights. 
Clouds lessen the cooling effect of radiation ; they reflect back 
the heat to the earth, so that its temperature does not fall as 
much on a cloudy night as when the sky is clear. Wind 
hinders the formation of dew, because it continually brings fresh 
portions of air into contact with the earth without allowing 
them to remain near it long enough to be cooled to the dew- 
point. 

Again, dew is most copiously deposited upon substances 
which are good radiators, and which have a clear view of the 
sky. The substances on which dew is most readily formed are 
such as grass, plants, wool, and wood : these are good 
radiators and bad conductors of heat, so that they quickly cool 
on clear nights. Very little dew falls upon stones, slates, and 
metal surfaces : for although they may be fairly good radiators 
they are also good conductors ; thus the loss of heat from the 
surface is made up for by conduction of heat from the interior 
or from the earth. 

When the temperature of the air falls during the night 
below o* the water-vapour present is deposited in the solid 
crystalline form as hoar-frost 

06. Olouds, etc. — Clouds consist of small particles of 
water produced by the condensation of the water-vapour 
contained in the air. Fogs and mists are simply clouds formed 
close to the surface of the earth. 

Water-vapour itself is transparent and invisible like air. If 
you boil water in a kettle with a tightly-fitting lid and watch 
the steam coming out of the spout, you will see that there is a 
clear space for an inch or so in front of the spout This clear 
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space consists of invisible steam : the white cloud beyond is 
not steam at all but consists of small particles of liquid water. 
The steam is condensed partly by coming in contact with the 
colder atmosphere and partly by the cooling effect due to its 
own expansion. The steam inside the kettle is under a 
somewhat greater pressure than that of the atmosphere ; and 
when it gets outside it expands. Now, whenever steam or air 
expands it does work as truly as if it were expanding in the 
cylinder of a steam-engine or air-engine : and, as a supply of 
heat is thereby taken from it (corresponding to the work done), 
it is cooled by its own expansion. 

ExPT. 7 1 .—On the plate of an air-pump place a well-fitting 
bell-jar and work the pump rapidly. After about half a dozen 
strokes the air inside the bell-jar generally becomes misty. 
By the rapid exhaustion (and expansion) the air is cooled, and, 
if the tempera.ture falls below the dew-point, some of the water- 
vapour in it is condensed in the form of small liquid particles 
which form the misL TThere is usually enough water-vapour 
present in the air to show this elTect 

97. Ratn, etc. — The particles of water forming a cloud 
tend to coalesce into larger drops, and, if these increase in size 
owing to further condensation, they presently fall as rain. 

snow is produced when the temperature of the air fells 
below o°, and under the 
microscope is seen to 
consist of small hexagonal 
crystals (Fig. 68). 

The causes that favour 
the fall of rain are similar 
to those by which clouds 
are formed, viz. the cool- 
ing of warm, moist air (i) 
by coming in contact with 
colder air or cold land, 
and (z) by its own ex- 
pansion. This latter cause pig. 68._show-Chvstals. 
comes into play whenever 

warm air rises upwards as a convection-current, or when it 
is forced to ascend, as in passing over a lange of hills ; for as 



the air rises it gets into regions where the pressure is less 
(Arts. 29 and ;i), and therefore it expands. 

In OUT own island the rainfall is heaviest on the western 
coasts, for the S.W. winds, having passed over the warm waters 
of the Gulf Stream, are themselves warm and moist : when 
they come in contact with the land, and especially when they 
have to pass over mountain-ranges, they become cooled and 
deposit their moisture as rain. 

Rainfall is measured by means of an instrument called a 
rain-gau^ (Fig. 6g). This consists of a funnel for collect- 
ing the rain and a graduated vessel for measuring its volume. 
This volume, divided by the area of the funnel, gives the depth 
of the layer of water which would be produced if all the rain 
remained on the surface of the ground. 

In Great Britain the average annual rainiall is somewhat 
under 30 inches. The driest district is Lincolnshire, where 
the rainfall is only about 20 inches. The rainfall is heaviest 
in the Lake District, the wettest place being the Stye in Bor- 
rowdale (Cumberland), where the rainfall is about i7S inches. 
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Chapter II (p. 13) 

1. 7^.5 C. 2. 15° C. ; 40' C. ; 85** C. ; 95" C. 3. 194' F. ; 
176** F. ; 86** F.; 23" F. 4. -37°-3 F. ; 674'-6 F 



Chapter III (p. 21) 

3. 40-048 ft 4. i'224 ft. 6. 22'i28 cm. 6. 2«oo68 m. ; 
1 5o^ 7. 0.0432 in. 

Chapter IV (p. 26) 

1. 0.00002797. 2. 0-000302. 3.0.0001561. 4. 131°. 7. 

7. 100.24 c.a 

Chapter V (p. 36) 

4.320C.C 6.273°. 6. 9I^ 7. 12.38 litres; 13.2 litres. 

8. 0.0036. 9. 546^ 10. 0.9462 gm. 11. Reduced to two- 
thirds. 12. 75 C.C ; o" C. 13. 333**. 14. Volume remains 
unaltered. 15. 383.2 cc. 16. 115.5 cub. in. 17. ^. 



Chapter VI (p. 46) 

1. 76,800 units. 2. 1995 units. 3. 3.1. 4. 0.2. 6. 
88°.i. 6. 90^9. 7. 17". 9. 0.1327. 10. 853'. 
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Chapter VII (p. 54) 

2. 1250 gnu 3. 80. 4. 32 lbs. 6. 80. 6. 0-09. 8. 
Ice is melted and the water raised to 2o^ 9. o«i 144. 10. i lb. 
11. 1737 pound-degrees-C. 



Chapter VIII (p. 70) 

4. 31,200 units. 6. 21,480 units. 7. 8040 pound- 
degrees. 8. 6-29 lbs. 9. 536.3. 10. 37.3 gm. 



LIGHT 



CHAPTER I 
INTRODUCTION— SHADOWS, etc. 

1. Radiation of Light. — Let us consider what happens 
when a body is gradually heated in a dark room. We may 
suppose the body to be the iron ball used in Ch. xii (Heat) ; 
or an iron wire made gradually hotter by passing an electric 
current along it. 

At first, all that we are able to say is that, as the tempera- 
ture increases, the amount of heat-radiation increases. But when 
the temperature reaches about 500** — the temperature known 
as * a dull-red heat ' — we begin to be aware of something else. 
The body becomes visible. In addition to the radiation which 
produces in our bodies the sensation of warmth, it now 
radiates out light which produces in our eyes the sensation of 
vision. 

The colour of the light emitted is red. As the temperature 
increases the light becomes stronger and brighter : there is an 
increase in the amount of light radiated. At the same time 
the light becomes whiter — there is a change in the colour of 
the light radiated. 

2. Definitions. — A body from which light proceeds is 
said to be luminous. If it emits the light of itself, it is said to 
be self-luminous. This is the case with bodies which are 
heated to a high temperature by their own combustion or 
otherwise. The sun is a self-luminous body ; so also are 
candle-fiames and gas-flames. The moon is not a self-huninous 
body ; it simply reflects to our earth the light of the sun, just 
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as sunlight is reflected by the surface of the sea or by a 
looking-glass. 

Any substance through which light passes may be called a 
medium. If a medium possesses the same properties at all 
points and in all directions, it is called a homogeneous medium. 
Air, water, and glass are examples of homogeneous media. 

A body through which objects can be seen distinctly (such 
as a sheet of glass) is said to be transparent A body which 
allows light to pass through it, but through which objects 
cannot be seen distinctly, is said to be translucent. Thin 
paper, china, and ground glass are translucent A body which 
does not allow light to pass through it at all is said to be 
opaque. 

In general, when light falls upon any body, three things 
happen : — 

i) a portion of the light is reflected. 
2\ a portion is transmitted. 
(3) the rest is absorbed. 
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The surfaces of quicksilver and polished metals may be 
taken as typical instances of good reflectors. Air, water, and 
glass are good examples of transparent media ; they transmit 
light with very little loss by absorption. Dull-black surfaces, 
such as those of velvet and lamp-black, are typical examples of 
good absorbers. 

3. Good Absorbers are €k>od Radiators. — The following experi- 
ments show that the relation which we found to exist between absorbing 
and radiating powers for heat (p. 103) also holds good for light. 

ExpT. 1. — Heat to redness in a crucible furnace a piece of earthen- 
ware having a strongly-marked pattern. The simplest plan is to choose a 
plate having a well-marked black or dark-blue pattern on a white ground, 
and to break this up into pieces which can be put into the crucible. The 
experiment must be performed in a darkened room. 

With the aid of crucible tongs withdraw one of the pieces quickly and 
examine it before it cools. It exhibits a reversed pattern. Thus if the 
pattern of the (cold) plate seen in daylight be as in Fig. i (dark on a 
white ground), the pattern of the red-hot plate will be as in Fig. 2 (bright 
on a dark ground). The dark part — the good absorber — is also the good 
radiator. 

Vary the experiment by making a chalk mark on an old poker : heat 
this in a fire and examine it in the dark. 
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ExFT. s. — Mark a broad cross with ink on a piece of platinum- foil, 
and beat the foil in tbe flame of a Bunsea burner in a darkeaed room. 
(The ink used should not be aniline ink but conmion black ink made with 

Revrrsal op Pattern. 



copperas, nbich leaves a deposit of oxide of iron on ,the foil. ) Tbe fkce 
of Ihe foil exhibits a bright cross on a. dark ground. This shows that the 
iron oxide emits more light than the polished platinum. 

[Nelt. — In the experiments to be described in this and the following 
chapters we shall sometimes use the sun as our source of light, Ibe sun- 
light being admitted through a bole in tbe wlndow-shutler of a darkened 
loom ; at other times Ihe flame of a candle, lamp, or gas-burner, in which 
the Ught is produced by tbe burning of combustible bodies. In performing 
many experiments in bghl an optical lantern is indispensable, especially 
when a powerful light is required for showing an experiment to a number 
of persons. As a ' radiant ' or source of light for lantern work an Argand 
gas-biunei or a specially-constructed form of oil-lamp may be used ; but 
tbe lime-light is at once more powerful and more convenient. A full 
description of the lantern and the methods of working with it would be 
out of place here : junior students are not likely to use it excepting under 
the direction of a teacher. The details of lantern manipulation are fully 
described in Mr. Lewis Wright's Light.} 

4. Beotfllnear Propaeration of Llsrlit. — Examine a 
beam of light as it passes through a darkened room when the 
sun is allowed to shine through a small round hole in the 
window-shutter. You can track its path as it passes through 
the room : it forms a divergent or conical beam. Strictly 
speatcing, it is not the beam of light that you sec. Light itself 
is not visible, and if there were nothing present to reflect the 
light to your eye you would not see t^e beam at all. But the 
^r always cont^ns fine pattides of dust floating about in it. 
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These reflect the light to your eye and so enable you to follow 
the path of the beam. 

Hold a sheet of paper in the path of the beam and at right 
angles to it : you see a bright round patch of light on the 
paper. This is an image of the sun. Its size increases as you 
move the paper farther away from the hole* 

Everywhere the path of the light is straight : it does not 
bend round anywhere. Suppose straight lines to be drawn 
from the hole to all points on the circle of light which is thrown 
on the paper ; the light travels along these lines. We may thus 
imagine the beam of light to consist of a pencil of rays, each 
ray being a straight line along which the light travels. 

If you wish to test the matter further, you may take three 
cards and make a pin-hole in each. Pin the cards on wooden 
blocks, so that the holes are all at the same height and in a 
straight line. Place a candle in front of the first hole and 
look through the third. As long as the holes are in a straight 
line you can see the light shining through ; but the light dis- 
appears as soon as any one of the cards is moved aside. 

We shall find later on that a beam of light is bent when it 
passes from one medium to another {e.g, from air to water or 
glass), but so long as we keep to the same homogeneous 
medium we may say that light travels in straight lines, 

6. Ima&res produced by Small Apertures. — The 

round patch of light referred to in the last article is an inverted 

image of the sun. If 
there are brightly 
^^ illuminated objects 
^,*-''' {e.g. houses in full 

f sun -light) outside 
the dark room, in- 
verted images of 
them may be pro- 
duced in the same 
way by allowing 
the light from them 
to pass into the rooni through a small hole and on to 
a white screen placed behind. Fig. 3 shows how these 
inverted images are produced. Light is emitted in all 
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Fig- 3. 
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directions from every point of the bright object O. Of this, 
only a small pencil passes through the aperture A. This 
pencil produces upon the screen a small patch of light which 
is the image of the corresponding point of the object. Thus 
in the figure pencils of light pass in the direction of the dotted 
lines from the head and tail of the arrow and produce images 
at points on the screen. From points intermediate between 
the head and tail of O pencils of light proceed which produce 
images at corresponding intermediate points on the screen. 
Thus a complete image I is formed. It is also clear that 
whereas O is an arrow with its head down, I is an arrow with 
its head up. The image is an inverted one. Its size is 
directly proportional to the distance of the screen from the 
aperture. In the figure it is about the same size as the 
object. If the screen is brought nearer to the aperture 
the image becomes smaller ; and if the screen is moved farther 
off it becomes larger. The images thus produced exhibit the 
natural colours of the objects, but are very faint, because the 
amount of light that can pass through a small hole is itself 
small By making the hole larger a brighter image can be 
obtained, but it becomes blurred and indistinct at the same 
time. 

ExPT. 3. — Remove the condensing lenses of a lantern and cover the 
front with a tin-foil cap. Make a pin-hole in this and place a paper screen 
in front. A faint image of the gas-flame (or other radiant in the lantern) 
is formed on the screen. Make other pin-holes near the first ; each one 
produces a fresh image, but the images soon overlap and become confused. 
The same effect is produced by making one large hole. 

ExPT. 4. — Make two tubes (A and B, Fig. 4) by wrapping pasted 
paper round a wooden cylinder. 

Blacken the insides with lamp- ^^^^^^^^^s^BBmesamms^x 
black varnish (p. 99) or Hne with ^^^^^^^^^^^^^^^^ ^^^W || 1 
black paper. One tube should ^^^BDI^^^H[|^^^^^^^h|I 
slide within the other. Cover the ^^^^"^^^^^HH^HM^^BMr 
end of the tube A with tin-foil Fig. 4. 

and make a pin-hole in the 

middle of the foil. Cover the end of the other with tissue-paper. 
You have now a ' pin-hole camera, ' which you can point towards a flame 
or bright object. The image can be seen by looking at the tissue-paper 
(n). It becomes larger and fainter as the tube B is drawn out. 

ExPT. 5. — For class demonstration the following is a good way of 
showing images produced by small apertures. Punch a clean hole (about 



3 mm. diameter) in a large sheet of lin-plate or card-board and clamp this 
in a vertical position. On one side of it place a white screen and on tbe 
other side three candles arranged thus — .'. It is then easily seen thai 
the images occupy this relative position  .  and that the distance between 
increases as the screen is moved away from tbe hole. 

6. Shadows and Eclipses. — The formation of shadows 
is a direct consequence of the propagation of hght in straight 

When the source of light is a single bright point (S, Fig. 5) 
the form of the shadow thrown by any opaque object K is 



easily seen. For the cone of light which proceeds from S to 
K is stoppied by the latter, and the portion of this diverging 
cone which lies on the farther side of K is all in shadow. 
Sharp, well-defined shadows of this kind are thrown by electric 
lights (arc lights). 

But when the source of light is of considerable size there is 
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in addition to this total shadow or umbra, a half 
r partial shadow called the penumira. Suppose 



A (Fig. 6) to represent the globe of a. lamp and B an opaque 
obstacle, such as a ball or orange. Then it will be seen from 
the figure- that 'the black cone is, completely in shadow and 
receives no light from any part of A ; this may be called the 
umbral cone. The shaded cone which diverges from a point 
between A and B is only partly in shadow, and may be called 
the j>enumbral cone. Every point in it receives light from some 
portion of the illuminating surface A. When a screen is placed 
behind B the shadow thrown upon it consists of a central 
umbra surrounded by a penumbra. The size of the latter 
increases as the screen is moved ferther away 
from B ; when the screen is in the position 
mn the shadow appears somewhat as shown 
in Fig. 7. The penumbra, however, is not 
of uniform depth all over. Its edge is not 
sharply defined : it gradually deepens from 
the outside inwards until it mei^es into the 
complete shadow of the umbra. *' '' 

Fig. 6 also illustrates the way in which eclipses of the sun 
are produced when the moon comes between it and our earth. 
Suppose A to represent the sun, B the moonj and the screen 
mn a portion of the earth's stiriace. Within the umbral 
cone no part of the sun is visible ; therefore to an observer 
stationed on any part of the earth within the umbra the sun will 
appear totally eclipsed. Within the penumbra a part of the sun 
is visible and the rest invisible, so that an observer stationed 
anywhere within the penumbra will see the sun partially 
eclipsed. 

ExpT. 6. — The studenl should examine for himselt (he different 
kinds of shadows above described. For sharp shadows produced by 
tiuninous poinls use a lanlem : remove Ihe condensers and (it on a cap 
in which a small round hole has been pierced. Or, since the breadth of 
Ihe penumbra increases with the distance from the object, any fairly small 
source of light (candle) will cast a sharp shadow on a screen placed near 
it. Farther off the shadow shows a penumbra. 

Hold a pencil upright between a flat fish-tail burner and a wall. 
Ejtamine the shadow. When the flame is ' edge on ' the shadow is sharp 
and well-defined. When the flame is 'broadside on' the shadow is ill- 
defined (penumbra). In the first case Ihe source ot light is narrow, in 
(he second case broad. 

Ejiamine the shadow of an orange or ball thrown on a paper screen by 
a lamp with a round ground-glass globe. Prick boles through the paper 
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in various parts of the umbra and penumbra and look through them 
towards the lamp. Compare what you see with Fig. 6. 

The penumbral cone is always divergent, as in the above figure. The 
umbral cone is also divergent when the object is larger than th& source of 
light. It is convergent in Fig. 6 because B is smaller than A. When the 
source and the object are of the same size the umbral cone becomes a 
cylinder and the umbra is of the same size throughout. 



Examples on Chapter I 

1. Explain exactly how a small hole is able to produce an image of an 
object on a screen. What will be the effect of enlarging the hole ? 

2. If an image produced by a pen-hole camera is half the size of the 
object, what are their relative distances from the hole? Why does the 
image become fainter as it becomes larger ? 

3. By means of a small hole in the window-shutter of a darkened room 
an image of a house 30 ft. away is thrown on a screen 6 in. from the hole. 
The image is 9 in. high : how high is the house ? 

4. If you hold a hair in sunlight close to a sheet of paper you can see 
the shadow of the hair on the paper ; but if you hold the hair a couple of 
inches away from the paper you can scarcely see any trace of a shadow. 
How do you explain this? 

5. When has an umbra a limited length ? Under what conditions is 
the transverse section of the umbra cast by a body larger than the body 
itself? 

6. A circular uniform source of light, 2 inches in diameter, is placed at 
a distance of 10 feet from a sphere 2 inches in diameter. Calculate, 
approximately, the diameters of the umbra and penumbra cast on a screen 
5 feet beyond the sphere. 



CHAPTER II 
PHOTOMETRY 

7. Xlluminatinfir Power and Intensity of Illumina- 
tion. — It is evident that different sources of light give out 
different amounts of light. An ordinary gas-jet, for example, 
gives out ten or fifteen times as much light as a candle. This 
is expressed by saying that its illuminatingr power is ten or 
fifteen times as great as that of the candle. In this country 
the standard of illuminating power is the amount of light given 
out by a candle of a certain weight burning at a certain rate.^ 
When we speak of a gas-flame as being of ten candle-power 
(lo C.P.) we mean that it gives out as much light as ten 
standard candles. 

If such a flame were placed at a distance of a foot from 
a screen, it would throw upon the screen ten times as much 
light as a standard candle would when placed at the same 
distance. If the gas-flame were moved farther away, it would 
illuminate the screen less brightly. At a distance of four feet, 
for example, it would throw less light upon the screen than a 
candle would at a distance of one foot. We must, therefore, 
distinguish carefully between the illuminating power of a 
source of light and the intensity of illumination which it 
produces. 

The intensity of illumination produced by a given 
source of light on a given surface is the quantity of light 
received per unit of that surface. This clearly depends upon 
two things — 

(i) Upon the illuminating power of the source being 

1 ' Sperm candles of six to the pound, each burning z2o grains per hour.' 



directly proportional to this ; hence the intensities of illumina- 
tion produced by different sources at the same distance are 
proportional to their illuminating powers. 

(z) Upon the distanceofthesurfacefrom the source of light 
S. Law of Inverse Snuarea. — It is evident that the 
intensity of illumination diminishes when the distance increase^ 
But it would not be correct to say that the intensity decreases 
as the distance increases («.«. in the same proportion). For 
example, when the distance is doubled the intensity is reduced, 
not to one-ha]( but to one-fourth. This may be shown both 
by experiment and calculation. 

EXPT. T. — Make a small square frame of wire and fix it, as 
at O in Fig. 8, half-way between a candle and the wall of a 
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Fig. B.— Law of Invbksb Squares. 

darkened room. It throws a square shadow upon the wall. 
Cut a piece of papter to the size of this shadow (S) and fold it 
across and across as shown by the lines. The folded sheet 
just fits the frame O. S is divided into four squares each 
equal to ; its area is four times that of O. 

If O were an opaque obstacle, it would block out all the 
light from the space S. The same amount of light which falls 
upon O is at twice the distance spread out over 5, which has 
/oKf times the area. Clearly then the intensity of illumination 
(or amount of light per unit surface) at S is only one-fourth of 
that at O. 

Again, if O were placed at one-third of the distance from 
the candle to the wall, the area of S would be nine times that 
of O (S being three times as large each way). In this case S 
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would be three times as far off from L as O is, and the intensity 
of its illumination would be one-ninth of that at O. 

Similarly, if O were placed at one-quarter the distance from 
L to S, the illumination at S would be one-sixteenth of that 
at O. 

All this depends upon the fact that light travels in straight 
lines ; from which it follows that the areas of perpendicular 
sections of the beam at different distances are proportional to 
the squares of these distances. 

Now observe that - = -^; - = \\ -^ = -o- 

4 2* ' 9 3^*16 4- 

We may therefore express the result according to the follow- 
ing law of inverse squares : — 

The intensity of the illumination produced by a source of 
light is inversely proportional to the square of the distance from 
the source, 

9. The Shadow Photometer (Bumford'a). — Photo- 
metry deals with the comparison and measurement of the 
illuminating powers of different sources of light. One of the 
simplest methods of doing this is by means of the shadow photo- 
meter introduced by Count Rumford. In the following experi- 
ment we shall describe how to use the shadow photometer for 
comparing the illuminating powers of a lamp and a candle. 
If the candle use.d be a standard candle (p. 1 23), our experiment 
will enable us to measure the * candle-power ' of the lamp. 

EXPT. 8. — Place a vertical rod (a ruler, or the rod of a 
retort-stand) in front of a white screen. Begin by putting the 
candle and lamp side by side, about a foot in front of the rod. 
Two shadows of the rod are thrown on the screen, one by the 
candle and one by the lamp, and it is evident that the latter 
is much the darker of the two. What does this mean ? Re- 
member that you have now two sources of light illuminating 
the screen. The part of the screen on which the candle- 
shadow falls receives no light from the candle, but it does 
receive light from the lamp. Similarly, the part of the screen 
on which the lamp -shadow falls receives no light from the 
lamp, but it does receive light from the candle. Since the 
former shadow is not so dark as the latter, and both sources 



of light are at the same distance, we conclude that the lamp 
gives out more light than the candle. 

Now move the lamp farther away, until the shadows appear 
of the same depth. The lamp should be placed in such a 
position that the two shadows are .formed side by side, as in 
Fig. 9, so that you can easily compare their intensities. 

Measure off with a foot-rule or metre-scale the distances 
from the screen to the candle and from the screen to the lamp. 
We shall suppose these to be i ft and 2 ft respectively 



Fig. 9.— Shadow Photoketbr. 

when the shadows are of equal depth. Then it follows that 
the illuminating power of the lamp is to that of the candle as 
(2)2 is to I, or as 4 is to i. 

For if we denote by P the illuminating power of the lamp, 
then, as explained in the preceding- article, the intensity of the 
illumination which it produces at a distance of 2 ft. is pro- 
portional to ^ or -. In the same way the intensity of the 
illumination produced by the candle (whose illuminating power 
is I ) at a distance of i ft. is r-^, or i. Since these are 
equal (the shadows being equally illuminated) we have 

p 

-=r, orP = 4. 

4 
Hence the lamp is of four candle-power. 

Or you may look at it in this way. In their present positions 
the candle and lamp illuminate the screen with equal intensity. 
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If you were to move the lamp to where the candle is, you 
would be diminishing its distance from the screen from 2 ft 
to I ft. This would increase the intensity of the illumination 
on the screen due to it in the proportion of i^ to 2^, or i to 4. 
Thus the intensity of the illumination due to the lamp is four 
times as great as that due to a candle at the same distance ; 
in other words, the lamp gives out as much light as four 
candles. 

In connection with shadow photometers remember these 
two points — 

(i) Although you make the comparison by judging of the 
comparative depths of two shadows, you are really comparing 
the intensities of illumination on two adjacent portions of the 
screen and adjusting these to equality. 

(2) The illuminating powers of the two sources of light are 
directly proportional to the squares of their distances from the 
screen. If the distances had been i ft. and 3 ft. (instead of 
I ft. and 2 ft.), the illuminating powers would have been as 
I to 9, and so on. This also holds good for the photometer 
described in the next article. [Compare this statement care- 
fully with Art. 8.] 

10. The Bunsen Photometer. — If you make a grease- 
spot on a sheet of paper and hold it up between you and the 
light, the spot appears brighter than the rest of the paper. 
Greasing the paper makes it more transparent and so more 
light gets through the part that has been greased. But if you 
stand with your back to the light and hold the sheet so that 
the light falls on it, the grease -spot appears darker than the 
rest of the sheet. The reason is obvious. The light that now 
reaches your eye from the sheet is reflected light. But, since 
the grease-spot lets through more light than the rest of the 
paper does, it cannot reflect as much light to your eye, hence 
it appears darker by contrast. A form of photometer depending 
upon these principles was introduced by Bunsen. It is simple 
in construction, and is in everyday use for the purpose of 
testing the illuminating power of coal-gajs, etc. 

ExPT. 9. — To make and use a Bunsen photometer. — Drop 
some melted wax from a paraflfin candle on a piece of stoutish 
white paper (unglazed). Remove the excess with a knife when 



it has solidified. Press a hot flat-iron or spatula on the paper, 

so as to melt the wax well into it. The spot should be about 

the size of a halfpenny. Mount the paper 

disc as flat as possible in a suitable frame 

(Fig. .0). 

' Draw a long straight chalk-line (or 

stretch a strip of paper) on a table, and 

on this mark a scale of centimetres or 

inches. At one end of the scale place the 

candle, and at the other end the lamp 

which is to be compared with it, blocking 

the one or the other up until the flames 

Fig. B.-BDNSEH Disc are at the same height. Between them 

place the disc with the grease-spot at the 

same height as the two flames. Looked at from the side facing 

the lamp, the grease-spot appears darker than the rest of the 

disc Looked at from the side facing the candle, it appeals 

brighter ; this is the appearance which it always presents 

when the back of the disc is more brightly illuminated than 

the front. 

Now move the candle up towards the disc ; at a certain 
point the bright spot in the centre disappears, or very nearly 
so. It reappears as a dark spot if you overshoot the mark. 
Adjust the position of the candle so that the spot is as nearly 
as possible invisible on both sides of the disc. When this is 
the case the disc is equally illuminated on both sides. The 
grease-spot appears neither darker nor brighter than the rest 
of the disc, because the amount of light that is lost by passing 
through it is exactly made up for by the transmission of an 
equal amount of light from the opposite side. 

Measure off the distances from the disc to the candle and 
the lamp. Their illuminating powers are directly proportional to 
these distances (see Art. 9}. Suppose the distances to be 
II in. and 55 in. These are as i to S- Their squares are as 
I to 35, The lamp is, therefore, of 25 candle-power. 

EXPT. io.~ri7 verify the laiv of irrverse squares. — Place 
four candles in a row across the line drawn on the table, facing 
the Bunsen disc, and 2 or 3 ft. from it. On the other side of 
the disc place a single candle from the same batch. Adjust 
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the position of the single candle or the disc until the latter is 
equally illuminated on both sides {i.e. until the grease-spot 
disappears). When this is the case it will be found that the 
row of four candles is twice as far from the disc as the single 
candle is. What conclusion do you draw from this ? 

11. Hot* on Optical Benclies, etc.— In working with the Bunsen 
pholonieler, as well as in many other optical eiperimenls {t.g. in finding 
focal lengths of minors and lenses), it is convenient to have the various 
pieces of apparatus (candles, screens, etc.) mounted on suitable holders 
which slide on a graduated bar. Such 
an arrangement is called an optical 
iMliell. A short portion of a simple 
form of wooden bench is shown in 

pieces. Each of these is furnished with 
an upright socket consisting of a piece 
of brass tube about 5 in. high and J 
in. in diameter. The mirrors, lenses, 
etc. , are mounted in wood or cork 

mounts, attached to iron rods which p- _^ 

fit into the sockets; if these are pro. 

vided with screws, the rods can be clamped at any convenient height. 
The bench should be about 6 ft. long, and a strip of stout white 
paper should be cajefully pasted along the side of it. When this has 
dried thoroughly mark a graduated scale on it, the graduations coming 
right up to the edges of the slides. A centimetre scale is much more con- 
venient than one in feet and inches. On the edge of each slide make a 
vertical mark, corresponding to the centre of its socket. 

The measurements reqafted may also be made by using a beam-com- 
pass (Fig. 12), or even by holding a graduated scale alongside the apparatus. 



■^ 



It it is a great convenience to have some form of optical bench, especially 
len pieces of apparatus have to be moved backwards and forwards and 
»ays kept in the same straight hue. 



I. A candle is placed at a distance of i ft. from a cardboard screen, 
id a lamp of nine candle-power is placed at a distance of 12 ft. on the 
her side. Compare the illumination on the two sides of the screen. 
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The intensity of the illumination on the side facing the candle is to 

that on the side facing the lamp as .-c^ to 7-^, or as i to 

(i)« (12)2 

— ; i.e. as 144 to 9, or as 16 to i. 
144 

2. How near to the screen would the lamp in the last question have to 
be moved in order to reverse the proportion, i.e. to make the intensities of 
illiunination as i to 16 ? 

3. A standard candle and a gas-flame are placed 6 ft. apart, the gas- 
flame being of four candle-power. Where would a Bunsen disc have to 
be placed between them so as to make the grease-spot disappear ? 

Let X denote the distance of the disc from the candle ; its distance 
from the gas-flame will then be 6 - at. The grease-spot disappears 
when the disc receives equal illumination from the candle and the 
lamp. When this is the case we must have 

i_ 4 
^2 



x^ {6-xf 
or, taking square roots, 

^_ ^ 
x~'6'-x' 

:. 6-x=2x, 

and x=2. 

The disc must therefore be placed 2 ft. from the candle and 4 ft. 
from the lamp. 

4. What do you mean by the intensity of the illumination at a point, 
and how would you show, experimentally, that it is inversely proportional 
to the square of the distance of the point from the source ? 

5. In testing a night-light against a candle by means of a Rumford 
photometer it is found that the shadows are of equal depth when the 
night-light is 2 ft. from the screen and the candle 3 ft. Compare their 
illuminating powers. 

6. Two equal sources of light are placed on opposite sides of a disc, 
one being 20 cm. from it and the other 30 cm. Compare the intensity of 
illumination on the two sides of the disc. 

7. In measuring the illuminating power of a gas-flame by a Bunsen 
photometer, the distance from the gas-flame to the grease-spot was 96 cm,, 
and from this to the standard candle 30 cm. What was the candle-power 
of the gas-flame ? 

8. A Carcel lamp of nine candle-power is placed at a distance of 4 ft. 
from a standard candle : find, as in Example 3, the position in which a 
screen must be placed between them so as to receive equal amounts of 
light from each. 



CHAPTER III 
VELOCITY OF LIGHT 

12. When a gun at some distance from you is fired, you see 
the flash before you hear the report. The sound takes an 
appreciable time to travel from the gun to you. But how about 
the light ? Is the flash seen at the very same instant when it 
is produced ? or does the light travel with a definite velocity ? 
If it does, by what method can this velocity be measured ? 

Suppose a gun to be fired at regular intervals, say every 
hour. An observer near at hand and provided with a delicate 
chronometer observes the times at which the flashes are seen. 
Now suppose the observer to move a very great distance off. 
If the distance were great enough^ he would not now see the 
flashes exactly at the actual times of firing (/>. at the hour), but 
a short time afterwards ; and by carefully measuring this 
time, knowing his distance from the gun, he would be able to 
calculate the speed with which light travels. As a matter of 
fact, this speed is so great that it would be exceedingly difficult to 
detect any retardation within any practicable distance on our 
earth. Astronomers have to deal with immensely greater 
distances, and so it is not surprising to find that the first 
observations on the velocity of light were made by astronomical 
methods. 

13. Rdmer's Method. — The first estimate of the velocity 
of light was made about the year 1675 by a Danish astronomer 
named Romer. It happens that one of Jupiter's satellites (or 
moons) passes into the shadow of the planet at regular 
intervals (48 1 hours), and is thus eclipsed. While the earth 
is in the neighbourhood of E, Fig. 13 (/.^. nearest to Jupiter^ 



its distance from Jupiter does not change rapidly, and the 
successive eclipses of the satellites are seen to occur at regular 
and equal intervals. The same holds good when the earth is 



in the neighbourhood of E' (farthest from Jupiter). But 
between these two positions, as the earth moves from E to E', 
its distance from the planet continually increases, and 
Romer observed that during this time the intervals between 
successive eclipses were always longer than the time mentioned. 
An eclipse seen at E' is 16 minutes 26 seconds later than if it 
had been observed at E, The difference is due to the time taken 
by the light in travelling from E to E', i.e. across the diameter 
of earth's orbiL This is a distance of about 184,000,000 
miles, and since light traverses it in 986 seconds we 
conclude that its velocity is *'  ' ■, or about 186,600 miles 
per second. Some idea of this may be obtained by con- 
sidering how long light would take to travel round our earth. 
The circumference of the earth is less than 25,000 miles. 
Light would therefore travel round it seven and a half times in 

14. Flzeau's Method. — It might appear impossible to 
measure such an enormous velocity as this otherwise than by 
astronomical observations. The skill of modem experimenters 
has, however, proved equal to the task. The first experimental 
method was devised by Fizeau, and depends upon the follow- 
ing principle. 

If a toothed wheel be made to revolve very rapidly about 
its axis, the time taken by a single tooth or a single space in 
passing a given point is extremely small. For example, it is 
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easy to make it as small as the ten-thousandth part of a second ; 
during which time light would only travel about 1 8^ miles. Now 
suppose that a beam of light passes between the two teeth of the 
mirror, parallel to its axis, and falls upon a distant mirror which 
reflects the beam back along its own path. When the light gets 
back again to the wheel it may be able to pass through a space, 
or it may be blocked by one of the teeth ; and which of these two 
things happens will simply depend upon the distance of the 
mirror and the speed of rotation of the wheel 

Fizeau chose two stations 8633 metres apart At one of 
these was placed the toothed wheel ww (Fig. 1 4), and a bright 
source of light ; at the other the mirror m\ which reflected the 
light back to the first station. The source of light was not 





Fi?. 14.— FizEAu's Method. 

placed directly behind the wheel but to one side, at L, and the 
light from it was reflected to the distant mirror w! by means of 
a transparent mirror nt (of unsilvered glass) inclined at an 
angle of 45°. Thus an observer looking through m towards 
the distant station would see a bright star or point of light — the 
image of L produced by reflection in m'. 

Now it was found that when the wheel was made to rotate 
at a certain speed this bright star was eclipsed ; and the 
speed of rotation at which this happened was such that the 

wheel only took — of a second to move through the 

18,144 

breadth of a tooth or space. During this short time the light 
had travelled through one of the spaces at/ to the distant mirror 
m' and back again, or through a distance of 2 x 8633, or 
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17,266 metres ; and on its return its path was blocked by the 
next tooth. From this we conclude that in one second light 
would travel a distance of 1 7,266 x 1 8, 1 44 = 3 1 3,2 74, 304 
metres. When the wheel was made to rotate twice as rapidly 
the star reappeared, the light now passing through a space at 
/on its way to m\ and through the next space on its return 
journey. 

Later experiments have shown that Fizeau's result was too 
high, and that the velocity of light is probably about 300 
million metres per second, or 186,400 miles per second. 



CHAPTER IV 

REFLECTION OF LIGHT--PLANE MIRRORS 

15. Regular and Irregular Kefleotion. — Light may be 
reflected from the surfaces of bodies either regularly or ir- 
regularly. Light is regularly reflected from smooth and regular 
surfaces, such as those of glass and polished metals ; also frorii 
the surfaces of still water and mercury. Irregular reflection is 
more common. Even surfaces which appear smooth (e,g, 
paper, cardboard, etc.) are really full of small irregularities : 
consequently they diffuse the light that falls upon them, re- 
flecting it irregularly in all directions. 

ExPT. 1 1. — Take into a darkened room an ordinary mirror 
(looking-glass), a sheet of tin-plate, and sheets of white and 
black paper or cardboard. Admit a small beam of sunlight 
into the room (or use a beam from the lantern). Hold the 
mirror in the beam : it reflects the beam in a definite 
direction and throws on the wall a distinct patch of light, 
which moves about as you move the mirror. Try the tin- 
plate. The patch of light which it throws is not so bright or 
distinct : it is not such a good reflector. The white paper 
does not give any distinct patch of light ; still it does in some 
way act as a reflector. This you can show by placing a white 
screen near the beam (but not in it) and holding the paper so 
as to throw the light on the screen. The screen becomes 
more or less uniformly lit up with diffused light. 

Now get some one to hold the mirror again in the beam, 
while you stand in a far part of the room and look at it. If it 
is held so as to reflect the beam directly towards you, you see 
a glare of light ; otherwise you can scarcely see the mirror at al^ 



(especially if the room is well darkened). The white paper, on 
the other hand, can be seen almost equally well from any part 
of the room : it reflects the light in all directions, so that some 
always reaches your eye. The black paper again is almost 
invisible. This is because it absorbs all the light thai falls on 
it, so that none is reflected to your eye, whereas in the case of 
the mirror it was because all the light was reflected in another 
directioa 

IS. Kefleotlon troni Plane Mirrors. — When we speak 
of light as being reflected regularly, we mean thai it is 
reflected according to some rule. We have now to find what 
this rule or law is. 

EXPT. 1 2. — Cover the front of the lantern with a blackened 
cap in which has been cut a horizontal slit. Allow a beam of 
light ' from this to fall upon a mirror facing the lantern and 




fitted up as shown in Fig. 1 5. The 1 

about a horizontal axis. Attached to the mirroJ 

dicular to it, there is a light pointer which ) 

graduated arc fixed to a horizontal arm. The angle through 

which the pointer moves (reckoned from the zero at the end 

^ Abeam of nnllghi, reflecied into the room ftoni a mirrotsuiublrpliced outside, 

Ihe objeciive must be removed and the 
of Lifht at tlK principal fooiu of the con 



Ifa , 

'd parallel by pladng the soum 



15-17 REFLECTION OF LIGHT— PLANE MIRRORS 137 

of th^ horizontal arm) indicates the angle through which the 
mirror is moved out of the vertical. The height of the lantern 
should be adjusted so that the horizontal beam falls on the 
axis of rotation of the mirror. The path of the beam can be 
shown up more clearly by burning touch-paper^ underneath 

(Art. 4)- 

Place the mirror vertically ; the pointer stands at the o** 
mark. The beam of light falls perpendicularly on the mirror 
and is reflected back along its awn path. 

Tilt the mirror up so that the pointer stands at (say) 20" ; 
the reflected beam makes an equal angle with it on the other 
side {i,e, stands at 40**). Try other angles. Observe that 
whenever the mirror is rotated through any angle, the reflected 
beam moves through double the angle; and the pointer always 
bisects the angle between the incident and reflected beams, 

17. Definitions — Laws of Reflection. — Suppose a ray 
of light IN (Fig. 16) falling on a plane reflecting surface at 
N to be reflected along NR. The 
line NP, drawn perpendicular to the 
surface at the point of incidence N, is 
called the normal to the surface. The 
angle INP, between the incident ray 
IN and the normal, is called the angle p. 

of incidence. The angle PNR, be- 
tween the reflected ray and the normal, is called the angle 
of reflection. 

Having defined these terms, we may now state the laws of 
reflection as follows : — 

I. The reflected ray lies in the plane containing the in- 
cident ray and the normal^ and on the opposite side of the 
normal, 

II. The angles of incidence and reflection are equal. 
When a ray of light is incident normally on a mirror, the 

angles of incidence and of reflection are both zero, and the ray 
is reflected back along its own path. 

In general, if you wish to find the path of the reflected ray, 
draw the normal at the point of incidence : on the other side 

1 Touch-paper is made by soakmg brown paper in a solution of saltpetre and then 
alkming it to dry. 




of the normal draw a line making with it a 
the angle of incidence. This is the directio 



ray. 

Fig. 17 illustrates the nature of what 
Art. 1 5 as irregular reflection. Every ray ii 
which falls upon the unpolished surface 
according to the usual law : but, 



the parallel beam 
s really reflected 
the various parts of the 
surface are inclined at 
different angles to the 
incident rays, the light 
is reflected in all direc- 
tions, or scattered. 

18. Experimental 

Verlflpation. — The 
apparatus illustrated in 
Fig. iS is easily made, 
and by means of it 

[NG ar LiGirc ^^ Student can verify 

with considerable ac- 

L between the angles of incidence and 



L semicircle of about i ft. radius out of 
r piece of stiff cardboard, and paste white 




paper on it. When dry, mark off a semicircle on it, and 
divide it into degrees as in the figure. The movable arms 
MP and MT are strips of thin cardboard in which are cut 
V-shaped slits, the points of the V's lying just over the marks 
on the graduated circle. On one of the arms is mounted a tube 
T made of black paper (or a glass tube blackened on the 
inside), and a thread is stretched vertically across this tube. 
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The other ann carries a pin P. M is a mirror (2 in. by i in.) 
fastened by sealing-wax to a stout pin which is driven in, 
through the ends of the two arms, at the centre of the semi- 
circle. The mirror must be adjusted so that it is vertical and 
faces the 0° mark. 

Place the arm P so that the end of the slit in it lies exactly 
over one of the degree marks. Move the arm T until the 
image of the pin in the mirror can be seen through the tube 
just behind the thread. Read off the angles. 

19. Measurement of Small Deflections. — ^We may here refer to a 
very useful application of the law of reflection in measuring ^rnall angles, 
e.g. in observing and measuring small deflections of a suspended magnet. 
The method consists in attaching a small mirror to the magnet, and 
allowing a beam of light to fall normally upon this. If now the magnet 
moves through any angle, the mirror moves with it, and the reflected beam 
moves through double the angle. 

This we have already proved in Expt. 12. It also follows from the 
law of reflection. For let st (Fig. 19) be the position of the magnet at 
rest and oa a ray of light falling nor- 
mally upon the mirror attached to it at 
a ; in this position the ray of light is 
reflected back along its own path. If 
now the magnet moves through an angle 
V into the position jY, the normal to 
the mirror moves through the same 
angle into the position ap. The angle 
of incidence is oap = W, and hence the 
angle of reflection must=V; thus the 
reflected ray travels along ax, making 
an angle 2V with its original direction 
{ao). 

The reflected ray thus forms a long 
weightless pointer which rotates twice 
as fast as the mirror. Its position is 
observed by allowing it to fall upon a 
graduated scale mn and watching the 
motion of the spot of light. By placing 
the scale at a suflicient distance from 
the mirror, the motion of the latter may 
be magnified as much as we please. 

20. Images in Plane Mirrors. — Let A (Fig. 20) be a 
luminous point and MM a plane mirror. Rays of light pro- 
ceed from A in all directions ; some of these fall upon the 
mirror and are reflected by it. Let AB be any one of these 
rays. At B draw the normal BC ; also draw BD, making the 




Fig. 19. 
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Fig. 20. — Image of Point in Plane 
Mirror. 



angle DBC equal to the angle ABC. Then by the law of 
reflection (Art. 17) BD is the reflected ray. To an observer 

whose eye is placed any- 
where along BD the light 
would appear to come from 
some point behind the 
mirror in the direction of 
DB produced. From A 
draw a perpendicular to the 
S mirror and produce it to 
meet DB produced at A'. 

Now, since AA' and CB 
are parallel (both being per- 
pendicular to the mirror), 
the angles CBA and BAM 
are equal ; and so also are 
the angles CBD and BA'M. 
But the angles CBA and 
CBD are, by the law of reflection, equal ; therefore the 
angle BAM is equal to the. angle BA'M. Thus in the 
triangles AMB and A'MB the base is common, the angles at 
A and A' are equal, and the angles at M are right angles. 
Hence the two triangles are equal, and the side A'M is equal 
to AM. 

A' is as far behind the mirror as A is in front of it. Hence 
A' is a fixed point. We have supposed AB to be any one of 
the rays falling on the mirror (and lying in the plane of the 
paper). Hence any other ray such as AB' will also after 
reflection appear to come from the same point A' ; it will be 
reflected along B'D', and the line D'B' produced backwards 
will pass through A'. 

All rays diverging from A appear, after reflection in the 
mirror, to diverge from A'. A' is called the image of A. 
An observer looking at the mirror sees the image by means of 
a small pencil of these divergent rays. The position of the 
image does not depend upon the position of the observer's eye. 
It is not necessary that the mirror should extend right up to 
(or opposite) the object A ; thus in the figure the portion BB' 
of the mirror alone is required in order that the observer may 
see the image A'. 
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The reflected rays do not really proceed from A' but only 
appear to do so ; A' is therefore called an apparent or virtual 
image. 

We have thus shown that a pencil of divergent rays falling 
on a plane mirror remains divergent after reflection. It will 
be a useful exercise for you to draw a diagram showing that 
a pencil of convergent rays remains convergent after reflection, 
also that a beam of parallel rays remains parallel after re- 
flection. 

21. Summaxy and Definitions. — The image of a point 
in a mirror is a corresponding point from which rays of light 
diverge {or appear to diverge) after reflection from the mirror. 

If the rays of light after reflection from, the mirror really 
diverge from the pointy it is called a real image; but if they 
only appear to diverge from the pointy it is called a virtual image. 

The position of the image of a point in a plane mirror is 
found by drawing a perpendicular from the point to the mirror 
and producing it until its length is doubled, 

22. We can now easily find by geometrical construction 
the position and size of the image of an extended object pro- 
duced in a plane mirror. 

Let AB (Fig. 2 1) be the object and MM' the mirror. From 
A draw a perpendicular to the mirror and produce it until its 
length is doubled. The point A' thus found is the image of 
A. In the same way the image of B is formed at B', which is 
as far behind the mirror as B is in front of it. Similarly the 
images of points intermediate between A and B are formed at 
corresponding points between A' and B'. Thus a complete 
image A'B' of AB is obtained. 

From every point on the object rays of light proceed towards 
the mirror and, after reflection, appear to come from the 
corresponding point of the image. In Fig. 2 1 are shown the 
paths of the pencils of light by which an observer sees the 
extreme points of the image. When the observer's eye is in 
the position shown, the only part of the mirror required for the 
formation of the image is that lying between C and D. 

The image is virtual and erect : it appears to be as far 
behind the mirror as the object is in front of it, and is of the 
same size and shape as the object. 
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But the appearance of the image is not exactly the same as 
that of the object facing the mirror. It is affected by. what is 
known as lateral inversion. You will best understand what 
this is by placing a printed page in front of a looking-glass and 
trying to read the print in the image. The letters are all erect, 





Fig. 21. — Image in Planb Mirror. 



Fig. 22. — Lateral Inversion. 



but the words read from right to left. A letter p appears in 
the image as a letter q (Fig. 22). A page of type, as set up 
by a printer, can be read by holding it in front of a mirror. 

The effects of this lateral inversion can frequently be 
observed by looking at the face of a friend in a mirror. Our 
faces are never perfectly symmetrical, and so we do not quite 
see ourselves as others see us. 

2a Multiple Imagres in Inclined Mirrors— Expt. 14. — ^Take 
two mirrors (about 4 inches square) and join two of their edges by pasting 
on a strip of cloth or ribbon, thus making a hinge about which the 
mirrors can be moved. Stand them vertically on a table with, a lighted 
candle-end between. A number of images of the candle-flame are seen. 

Either of the mirrors used by itself would give only one image. The 
effect observed must be due to a joint action of the mirrors, by which the 
light is repeatedly reflected from one mirror to the other and finally to 
your eye. These multiple reflections give rise to multiple images. 

The number of images seen depends upon the angle between the 
mirrors. Adjust them so that this angle is 45" : the number of images is 
seven. Gradually increase the angle to 60° : the middle image disappears 
and the ones on each side of it [i.e. the two nearest the hinge) coincide 
and form a single image. The mmiber is now five. Increase the angle 
to 90** : the same process is repeated and the number of images is reduced 
to three. Observe that the coincidence takes place when the angle between 



REFLECTION OF LIGHT— PLANE MIRRORS 



the ndtTota is conlained an exact nnmber of times in four right angles 
(360°) ; and that if this number be a the number of images is (n - 1). 

It will be a useful exercise for the student 10 trace the paths of the 
rays by which these images are seen. In doing so the following principles 
should be bome in mind. When lays of light from a luminous object are 
reflected by a plane mirror, Ihey divei^ from a corresponding point at an 
equal distance behind the mirror ; and this may be called Ihe primary 
imagi of the object, Ihe rays forming it having been reflected enie only. 
If these rays fall upon a second mirror they will, after a second reflection, 
appear to diverge from a point as far behind the second minor as Ihe 
primary image, is in front of il. In other words, a secondary image of the 
object is foimed by successive reflections of rays at Ihe two mirrors. In 
finding Ihe position of this secondary image, Ihe primaiy image may be 
treated as a virtual object sending oul rays of light. 

This process may be repeated any number of times as long as any one 
of the images lies in front of one of Ihe mirrors (i>. in front of Ihe plane 
In which the mirror lies). Thus a seeontlary image may after a third 
reflection give rise to a tertiary image, and so on. 

Rg. 33 shows Ihe appearance presented when a candle is held belween 

- - - - i"* 



primary images produced by single reflections from Ihe horizontal and vertical 
mirrors respectively. The Ihird is a secondary image, and the paths of the 
rays by -nbich il is seen are shown in Fig. 34. Rays proceeding Irom Ihe 



object O and falling upon Ihehoriiontal mirror CM appear, after reflection, 
to proceed from the primary imaee Ii. Some of tliese rays fall upon Ihe 
vertical mirror CM'. I, lies in froni of this mirror, and may be regarded 
as a virtual object sending out rays of light which, after a second reflection 
(from CM'), appear to diverge from the point Ij, which is as far behind the 
vertical mirror as Ij is in front of il. Ij is a secondary image of O pro- 
duced by successive reflections from Ihe horiiontal and vertical mirroTS. 



Fig. »,. 

I] may be r^arded as consisting of tw 
For by a single reflection at the vertical i 

duced at I,'. This is in from of the horizontal mirror, and hence, as 
already described, a secondary image would be produced at a point as far 
behind the horiionta! mirror as I,' is in front of it. Bui it is clear from 
the figure that Ihis secondary image would coincide in position with Ij. 

24. Parallel Ulrrora — Expt. rj. — Stand Iwo mirrors vertically on 
a table and facing one another. Between them place a candle or other 
object. Loolt over the edge of one mirror into the olher. You see a 
largo number of images, and if the minors are exactly parallel, these 
images lie all in a straight line. They ate produced by repeated reflections 
of light from one mirror to the other until the light reaches the eye. Good 
examples of these multiple images can often be seen in shops and 
restaurants where mirrors are fixed to opposite walls. 

The positions of these images and the paths of Ihe rays can be easfly 
determined as in the lasl article. Rays of light proceeding from an object 
O (Fig. 35) and fallingonlhe mirror M appear, after reflection, to proceed 
from the primary image I,. If these rays fall upon the mirror M'. and 
are again reflected, they appear lo come from a point I,, which is as far 
behind M' as 1j is in fronI of it, I, ia a secondary image of 1^. In the 
same way, a single reflection from M' produces a primary image at I,', 
and a second reSeclion from M gives a secondary image at 1^'. The 
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lertiary images J, and I,' are produced by three successive reflections 
(two from one mirror and one from the olher). All the images lie on the 
straight Une through O perpendicular to the mirrors. Each pair of 
images gives rise to another pau:, for every image is in front of one or 
Olher of the mirrors. Thus in theory tfaere should be an infinite 



number of images : but in practice it is found that the light is so much 
weakened by successive reflections that beyond a certain point the images 
are no longer visible. 

25. Images are produced not only by reflection from silvered glass but 
also by other reflecting surfaces, such as still water and unsilvered glass. 
As you walk past shop windows you see 
images of yourself and of other objects 
by reflection from the window-glass. 
Since the glass is transparent, you can at 
the same titne see the contents of Ibe 
shop-window. This is the principle upon 
which "Pepper's Ghost" and other 
optical illusions depend. 

EXPT. i6. — Remove the front of a 
wooden box and place a beaker full of 
water inside it, as shown in plan at B 
(Fig. a6). Diagonally across (he box fix 
a vertical sheet SS' of window.glass. At 
one side place a Ughted candle C. Cut 
a hole in the front of the box and replate 
il. An observer looking in through this 
hole sees a candle apparently burning 
inside the beaker of water. 

ExPT. 17. — Hold (he point of a pj^^ ^^ 

pencil against a sheet of thick plate- 
glass and look at it sideways. Several images are seen. The first of these 
(the one which touches the pencil point) is produced by reflection 
from the front surface of the glass. The second is prodtKed by reflection 



from the back surface. The others are produced by repeated reflections 
between the from and back surfaces. 

Repeat the experiment with a candle, holding the glass so thai the 
liglit falls on it obliquely, as in Fig. =7. If a plale-glass miiror is used 



instead of a piece of unsilvered glass, thesecond image {that produced by 
reflection from the back or silvered surface) will be the brightest, as shown 
in the figure. 

Ex ampi.es on Chapter IV 

I. When a horizonlal beam of light falls on a vertical plane miiTor 
which revolves about a vertical ajcis in its plane, show that the reflected 
beam revolves at twice the rate of the mirror. 

3. Distinguish between a real and virtual image formed by optical 
means. A candle is placed in front of a piece of flat glass, and on looking 
into the glass an image of the candle is seen ; show how to determine the 
position of this image. Is it real or virtual? 

3. Describe and ffltplain the difference of the eflecis observed when the 
sun sets over a smooth lake or sea, according as the water is (i) absolutely 

4. A source of light is seen by reflection in iwo vertical plane mirrors 
placed againsi the two walls in a comer of a square room. Construct a 
figure showing exactly the path of a beam which enters the eye of an 
observer after two reflections, one at each mirror. 
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5. A candle is placed at a given small distance in front of an ordinaiy 
looking-glass made of thick plate-glass quick-silvered on the back, and a 
person looking obliquely into the mirror sees several images of the candle : 
eiqplain this, and show the exact positions of the images by a diagram. 

6. A ray of light is reflected successively from two mirrors inclined at 
right angles to each other (as in Fig 24). Prove that the ray after a 
second reflection is parallel to its original direction. 

7. Prove that if an object in front of a plane mirror moves through a 
distance d away from the mirror, the image will move through the same 
distance ; whereas if the mirror moves parallel to itself through a distance 
d (the object remaining fixed) the image will move through a distance 
2^. 



CHAPTER V 

SPHERICAL MIRRORS 

26. Definitions. — ^A spherical mirror is a portion of a 
spherical reflecting surface. The centre of curvature of the 
mirror is the centre of the sphere of which the mirror forms a 
part. The radius of the sphere is called the radius of curvature 
of the mirror. Spherical mirrors may be either concave or 
convex. In concave mirrors the reflection takes place from 
the inner face (that which faces towards the centre of curva- 
ture). In convex mirrors the reflection takes place from the 
outer face (that which faces away from the centre of curvature). 
Fig. 28 represents a section of a concave spherical mirror 
of which c is the centre of curvature. MM' is called the 

diameter or aperture of 
M the mirror; the angle 

M^M', included be- 
tween the lines M^ and 
MV, is called the 
angular aperture of the 
mirror. The centre of 
the face of the mirror 
is at d. This point 
is sometimes called 
simply the centre of 
Fig. 28. t^G mirror. This, how- 

ever, might leave us 
in doubt as to whether c ox d was referred to. We shaU, 
therefore, call the point d the vertex or pole of the mirror. 
The distance cd is the radius of curvature. 
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The principal axis of a mirror is the line passing through 
the vertex of the mirror and its centre of curvature. Any 
other line passing through the centre of curvature is called a 
secondary axis. Thus in Fig. 28 cd is the principal axis, and 
cyi and ^M' are secondary axes. 

A line drawn from any point on the mirror to its centre of 
curvature is a radius of the sphere, and is normal to the surface 
of the mirror at that point. Hence any ray of light passing 
through the centre of curvature and falling on the mirror is 
incident normally and must be reflected back along its own 
path. In Fig. 28, if ^ were a luminous point sending out rays 
of light to the mirror, all these rays would be reflected back 
along their own paths and would again converge to a focus ^ 
at c. 

In general, if you wish to find the direction in which a ray 
of light is reflected from a mirror (concave or convex), proceed 
as follows. Join the point of incidence to the centre of 
curvature of the mirror ; this gives you the direction of the 
normal at the point of incidence. The angle between the 
incident ray and the normal is the angle of incidence. From 
the point of incidence draw a line making with the normal 
(but on the opposite side) an angle equal to the angle of 
incidence. This is the path of the reflected ray. 

Concave Mirrors 
27. Principal Foous. — Let us begin by considering 




Fig. 29. — CoNCAVB Mirror and Focus. 

what happens when a beam of parallel rays fall upon a concave 
mirror, each ray in the incident beam being parallel to the 
principal axis (Fig. 29). We shall prove that all the reflected 

1 A focus is a point towards which rays of light converge, or from which they 
diverge. 



ISO LIGHT CH. V 

rays pass approximately through a single point F on the 
principal axis, called the prinoipal foous, and that this point 
is midway between the mirror and its centre of curvature. 

Let alf (Fig. 30) be any ray incident upon the mirror at b 
and parallel to its principal axis. C is the centre of curvature 
of the mirror, d its vertex, and Qd the principal axis. Join bC 
This is the normal at the point of incidence, and the angle abC 
or / is the angle of incidence. From b draw ^F, cutting the 
principal axis at F and making with the normal an angle C^F 
or r equal to the angle of incidence : ^F is the reflected ray. 

Now, since ba and dC are parallel and bQ meets them, the 
angles / and x are equal. But / = r; therefore also x^r. 
Thus the triangle F^C is isosceles, and FC = F^. Now, if we 




Fig. 30. 

assume that db is very small compared with the radius of 
curvature, ¥d will be very nearly equal to F^. Thus FC = F^ 
approximately. F is a fixed point and is midway between the 
vertex of the mirror and its centre of curvature. 

F is called the principal focus of the mirror, and the distance 
dF (from the mirror to the principal focus) is called the 
principal focal distance or focal lengrkh of the mirror. 
Clearly the focal length is one-half the radius of curvature. If 
we denote the focal length by y and the radius of curvature by 

r, then/=^. 

Any incident ray parallel to the principal axis is reflected so 
as to pass (approximately) through the principal focus F. 
Conversely, if F^ (Fig. 30) were an incident ray, ba would 
clearly be the corresponding reflected ray. Thus any incident 
ray whose path passes through the principal focus will, after 
reflection, be parallel to the principal axis. 

The assumption made in the above proof is equivalent to supposing that 
the angular aperture of the mirror is small, or, referring to Fig. 28, that 
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MM' is small compared with dc. We shall always assume that this is the 
case ; and shall thus be able to obtain simple approximate relations which 
are sufficiently correct for most practical purposes. The student should, 
however, observe carefully at what stage in the reasoning the approxima- 
tion comes in. 

28. Conjugate Foci — Let P (Fig. 31) be a luminous 
point on the principal axis of a concave mirror. We wish to 
find what becomes of the light from P after it has been 
reflected by the mirror. 

Let PR be any one of the incident rays. Join R to C, the 
centre of curvature of the mirror. Draw the reflected ray 




Fig. 31.— Conjugate Foci. 

RP', cutting the principal axis at P', and making with the 
normal RC an angle r equal to the angle of incidence /. 

In the triangle RP'P the angle at R is bisected by the line 
RC, which also cuts the base P'P into the segments P'C and 
CP : hence it follows ^ that these segments are to one another 
in the same ratio as the sides P'R and PR of the triangle, or 

P'C : CP = P'R : PR. 

\ApproxifnationJ\ — Now, if we assume, as in the last 
article, that the angular aperture of the mirror is very small, 
or that R is very near to M, we may take P'M as being very 
nearly equal to P'R, and PM to PR. Thus we have, ap- 
proximately, 

P'C:CP = P'M:PM . . . (i) 

Thus the distances of the points P and P' from the centre 
of the mirror are in the same ratio as their distances from the 
mirror itself. 

1 Euclid, Bk. VI. Prop. III.—' If the angle of a triangle be divided into two 
equal angles by a straight line which also cuts the base, the segments of the base shall 
have the same ratio which the sides of the triangle have to one another.' 
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Now let the distance PM be denoted by/, P'M by/' and 
CM (the radius of curvature of the mirror) by r. Then 

P'C = CM-MP' = r-/', 
and CP = PM-MC=/-r. 

Introducing these symbols into the proportion (i), we get 

(r-/):(/-r)=/:A 

I.e. - — =- = — , 
p-r f 

r.p{r-p')=p'{p-r\ 

or pr-pp'^pp' -p'r. 

Transposing, and then dividing hy pp'r^ we have 

p'r+pr=2pp\ 

A 112 . . 

and _+ =_ . . . . (2) 

p p r ' 

We have already seen that the focal length / of the mirror 

•• 2 1 

is equal to -. Hence -= p, and equation (2) becomes 

III , . 

/V°7 • • • • (3) 

29. This is the fundamental equation for mirrors, and, with 
proper conventions as to signs, is true for convex as well as 
concave mirrors. 

The equation shows that there is a certain relation between 
the distances p an4 p\ i.e. between the positions of the points 
P and P'. For a given mirror / is a constant quantity : 
hence, if the value of/ is given, there is only one value of /' 
that satisfies equation (3). There is only one position of P' 
corresponding to any given position of P. 

We started by supposing that PR was any one of the 
incident rays from P : the result shows that all the rays from P 
are reflected so as to pass through a focus at the point P'. P' 
is the image of P in the mirror. 

Conversely, if P' were a luminous point, P would be its 
image. For we may reverse the paths of the rays : an 
incident ray along P'R would give a reflected ray along RP. 
All rays diverging from P' would come to a focus at P. 
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The points P and P' are called oonjufirate foci 

Conjugate foci with respect to a mirror are points so related 
that one is the image of the other in the mirror. 

In the case above considered the foci are real^ for the rays 
of light actually pass through the points. We shall presently 
come to cases where rays of light appear to diverge from a 
point but do not actually pass through it : such a point is 
called a virtual focus. 

Notice that parallel rays may be regarded as proceeding 
from a point at an infinite distance. Now, if the luminous 

point P is very far off, p is very great and - is very small. 

When/ is infinitely great - is infinitely small or = o. In this 

P 
case equation (3) reduces to 

II , X ^ 

f^p" '''^ ^-^^2' 

Compare this result with Art 27. 

30. Rules for Optical CalculationB. — In order to 
avoid confusion as to plus and minus signs, or positive and 
negative focal distances, beginners will find it well to follow 
strictly some such rules as the following, and to use the 
equations for conjugate position always in the same form. 

I. All distances are to be measured from the mirror (or 
lens) ; if measured towards the right hand they are to be 
considered positive ( + ) ; if towards the left hand, negative 

It is convenient to suppose that the luminous object, or 
source of light, is always placed on the right hand of the mirror : 
its distance will thus always be positive. This is equivalent to 
saying that all distances measured from the mirror on the same 
side as the object or source of light are to be regarded as posi- 
tive ; and all distances in the opposite direction as negative. 

II. The equation 

III , . 

7 = ^ + ;v • • • • (3) 
f p p 

holds good for all mirrors, both concave and convex, / denoting 
the focal length, p the distance of the object, and f/ the 
distance of the image, reckoned from the mirror itself. 
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III. The focal length of a concave mirror is positive. This 
will be readily understood on looking at Fig. 29 : for the beam 
of parallel light falls upon the mirror from the right hand 
and is reflected through the principal focus F, which is 
also to the right hand of the mirror. The focal length of a 
convex mirror is negative : this we shall consider in due course. 

IV. Whenever you have to work out any optical calculation, 
begin by writing down the proper equation, and do not alter 
the signs of the letters until you come to insert their values. 
Now substitute in the equation the numerical values of the 
known quantities, each with its proper sign. When any two 
of the three quantities f^ /, and p' are given, the third can be 
found from the equation. If/ and p are given, the numerical 
value of p' tells you how far the image is from the mirror : if 
p* is positive, the image is formed on the same side as the object 
(towards the right hand of the mirror, or in front of it) ; but 
if it carries the minus sign, the image is formed on the opposite 
side (towards the left hand, or behind the mirror). When the 
distance of the object and image (/ and p'^ are given, the 
numerical value of / gives you the focal length of the mirror, 
and the sign of/ tells you Whether the mirror is concave ( + ) 
or convex ( — ). A geometrical diagram drawn roughly to 
scale will often save you from making bad mistakes. 

81. EzaxnpleB. — i. Rays of light diverging from a point 3 ft. in front 
of a mirror converge, after reflection, to a point i ft. in front of the mirror. 
Is the mirror concave or convex, and what is its focal length ? 

Here /=3 ft., p' — \ ft., and both are positive. The focal length 
required is given by the equation 

i_i I 

3 I 3 
3 

and . • . /=- ft. =9 in. 

4 

The focal length is 9 in., and, since it is positive, the mirror is 
concave. 
2. The radius of curvature of a concave mirror is 30 cm. Rays of 
light diverge from a point 60 cm. in front of it : to what point will they 
converge after reflection ? 

The focal length is one-half the radius of curvature, and, as the mirror 
is concave, it is positive. Thus /= 15, and/ =60. 
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Denoting the required distance of the point from the mirror by/', we 
have 

III 

IS 60 / 
, I __ I I 

60 60 20' 

Thus/' = 20. The rays converge to a point 20 cm. in front of the 
mirror. 

32. Imagres produced by Oonoave Mirrors. — Images 
in plane mirrors are always virtual. Images produced by 
concave mirrors may be either real or virtual 

In discussing the formation of images by plane mirrors 
we followed the paths of two rays (a normal one and any 
other), and found the point of intersection of the reflected 
rays. This was shown to be behind the mirror : the reflected 
rays diverged from a virtual focus. Following a similar plan 
here we shall be able to find — by geometrical construction and 
without , algebraical calculation — the nature and position of 
the images formed by concave mirrors. 

Among the many rays which proceed from any luminous 
point to the mirror, there are three whose directions after 
reflection by the mirror are easily followed. 

(i) Any ray whose path passes through the centre of curva- 
ture falls normally upon the mirror, and is therefore reflected 
back along its own path. 

(2) Any ray parallel to the principal axis is reflected so as 
to pass through the principal focus. 

(3) Any ray whose path passes through the principal focus is 
reflected back parallel to the principal axis. 

If we wish to find the image of any luminous point, we need 
only follow out the directions of two of the above-mentioned 
incident rays and find the point of intersection of the reflected 
rays ; this is the image of the luminous point. If the reflected 
rays actually intersect at this point, the image is a real one : 
if they have to be produced backwards (behind the mirror) 
before they intersect, the image is a virtual one. 

33. Real Images. — Let AB (Fig. 32) be an object in 
front of a concave mirror whose focus is at F and centre of 



curvature at C. We shall suppose the object to be beyond C, 
i>. at a distance greater than 2/ from the mirror. 

From A draw the ray ACm through C. This is reflected 
back along its own path. The image of A lies somewhere on 
this line (which is the secondary axis through A). Draw also 
the ray An parallel to the principal axis MC. This is reflected 
so as to pass through F. The image of A lies somewhere 
along ffF : it must therefore be situated at the point of inter- 
section of mC and nF. 

Produce riF to cut mC at ii. a is the image of A. If A were 



Fig. 39.— CoNCAiE Mirror: Real Image. 

a luminous point, a would be its conjugate focus : all rays diverg- 
ing from A appear, after reflection, to diveige from a. An eye 
placed in a suitable position would see a real image of A at a 
The image of B is found in precisely the same way by 
drawing the rays BCo and B^F. These intersect at fi. 6 is 
the image of B. The images of points lying between A and B 
are formed at corresponding points between a and 6. ad is the 
image of AB. 

Images of tbis kind are produced by the bowls of spoons (a bright silvet 
dessert-spoon is besl}. Hold the spoon with its concave surface towards a 
dndle-flame and a few inches from it : looking from behind Ihe candle 
towards the spoon you see a small inverted image of the flame just in front 
of the spoon. Hold the spoon between yourself and the light : you see a 
small invcTled image of your face. As the bowl of the spoon is not 
spherical Ihe images are, of course, dislorted. 
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The image is real. Not only can it be seen by an eye 
placed in a suitable position, but it can be thrown upon a 
screen (see Expt 19). In Fig. 32 the image is diminished ox 
smaller in size than the object : this is always the case when 
the object is beyond the centre of curvature (C). 

Observe that in all cases where a real image is formed, the 
ioiage and object may change places. Thus, if ab (Fig. 32) 
were a luminous object, AB would be its image. For the paths 
of any of the rays maybe reversed, an incident ray oFn giving 
a reflected ray«A, and so on. The image thus produced would 
be enlarged or magnilied : this is always the case when the 
object is between C and F. (The student should draw the 
diagram for this case, using the construction given above.) 

The object and its real image are formed on opposite 
sides of C ; and, since the rays which pass through C cross 
each other at this point, the real image is always inverted. 

We have thus arrived at the following results ; — 

When the object is situated beyond C (the centre of 
curvature), the image is fonned between C and F, and is 
real, inverted, and diminished. 

When the object is situated between C and F, the image is 
formed beyond C, and is real, inverted, and enlarged. 

34. Relative Sizea of Imase and Object. — In order 



to simplify matters, we now take one-half of the preceding 
figure. AB (Fig. 33) is our object, and is perpendicular to th 
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principal axis of the mirror. The image of A is at a, the 
position of which is found as in the last article. The image is 
completed by drawing ad perpendicular to the principal axis 
(the image of B being at d on this axis). 

The triangles adC and ABC are similar : for the opposite 
angles at C are equal and the angles at d and B are right 
angles. Hence ^ the sides about these angles are proportionals, 
t.e. 

ad be 

AB^BC* 

or, the relative sizes of image and object are as their respective 
distances from the centre of curvature of the mirror. 

From this it follows at once that the relative sizes are as the 
distances from the mirror itself For b is the conjugate focus 
of B, and in Art. 28 we saw that the distances of two conjugate 
points from the centre of curvature are proportional to their 
distances from the mirror itself. Thus 

be bU 



and 



BC BM' 
ab Mb 



AB MB 



Thus the relative sizes of image and object are as their 
respective distances from the mirror. 

If we denote the sizes of image and object by I and O, and 
their respective distances from the mirror by ' p' and /, this 
relation may be written in the form 

6=> • • • • ^'^^ 

and should be carefully remembered. It is true for all images, 
real or virtual, formed by spherical mirrors, and the student 
should follow out the proof for himself as we come to each 

special case. The ratio ( rr ) between the sizes of image and 

object is called the magnification. It should be noticed that 

1 Euclid, Bk. VI. Prop. IV.—* The sides about the equal angles of equiangular 
triangles are pn^>ortionals.' 
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the word 'size' here refers to linear dimensions (length or 
breadth) and not to area. 

When the image and object are at equal distances from the 
mirror they are equal in size. This happens when the object 
is situated at the centre of curvature of the mirror (in which 
case p' =p ^ r). 

36. Virtual Images. — We have yet to find what sort of 
an image is produced when the object is situated betweea the 
mirror and its principal focus. 

Let AB (Fig. 34) be the object. From A draw the ray 
parallel to the principal axis and reflected from the mirror 
through F. Join CA and produce it to meet the mirror nor- 
mally. These two reflected rays do not intersea in front of 
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the mirror, but- if produced backwards (as shown by the dotted 
lines) they meet at a. To an observer looking at the minor 
all the reflected rays which originally came from A would 
appear to proceed from a virtual focus &\. a. ii is the virtual 
image of A. In the same way b is the image of B. od is the 
virtual image of AB ; such an image cannot be caught on a 
screen, as a real image can. 

Thus when an object is situated between a concave mirror 
and its principal focus, the image produced is virtual, ereft, 
and enlarged. 
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36. Experimental Illustrations. — The student should 
perform the following experiments with a concave mirror, and 
then proceed to measure its focal length carefully by the 
methods described in Art. 37. The exact size and curvature 
of the mirror used is not of importance, but one having a 
focal length of about i foot or 30 cm. will be found convenient. 

ExPT. 18. — Watch your chance when the sun is shining, 
and fix the mirror so that it faces the sun (the axis of the 
mirror pointing towards it). Move a small piece of white 
paper or cardboard backwards and forwards in front of the 
mirror until you find the position in which a sharp image of 
the sun is thrown on it. The image is formed at the principal 
focus. Measure the distance from the image to the mirror ; 
this is the focal length. 

Hold your hand so that the image is formed on the back 
of it ; the spot is uncomfortably hot. Not only the light, but 
also the heat-radiation from the sun, is concentrated at this 
point ; hence the t^rvafocus^ which literally means a hearth or 
fireplace. If the sun is shining brightly, paper and chips of 
wood placed at the focus can be set on fire. 

ExPT. 19 — Take the mirror into a darkened room. At 
one end of the room place a lighted candle ; at the other end 
place the mirror, facing the candle and at the same height as 
it. Find the position of the image by catching it on a small 
screen, as in the last experiment ; if the screen cuts off too 
much of the candle-light, tilt the mirror so that the image is 
thrown slightly to one side. 

The image is real, inverted, and smaller than the flame 
itself. Measure the distance from the mirror to the image and 
compare it with the distance found in the last experiment. If 
the candle is far enough off (20 ft. or more), the image is 
formed very nearly at the principal focus. 

Lower the candle : the image rises. Raise the candle : 
the image is depressed. (See Fig. 32, which shows that the 
image of a point A lies on the secondary axis PiCm.) 

ExPT. 20. — Move the candle up towards the mirror. The 
image advances to meet it and increases in size ; but remains 
real, inverted, and smaller than the object 
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When the candle is at the centre of curvature of the mirror 
the image is formed at the same distance in front of the mirror 
(coincident with the object). In order to see this image you 
should tilt the mirror to one side, so that the image can be 
thrown on a screen placed just at the side of the candle. The 
image is real, inverted, and equal in size to the object. 

Now move the candle nearer to the mirror. The image 
moves farther and farther away, and is real, inverted, and 
enlarged. Observe that in all the above cases the object and 
its real image may change places : test this by marking the 
positions of the candle and screen and interchanging them. 

When the candle is at the principal focus the image is 
formed at an infinite distance. The reflected rays form a 
parallel beam ; this is the way in which concave reflectors are 
used in lighthouses and " search-lights " (projectors). 

When the candle is still nearer the mirror (/>. between the 
mirror and its focus) the reflected rays diverge from virtual 
foci behind the mirror : no real image is formed, but on looking 
into the mirror you see a virtual, erect, and magnified image 
of the flame. 

37. Methods of Finding: Focal Length. — The focal 
length of a concave mirror can be measured by any of the 
following methods — 

I. By allowing a beam of parallel rays to fall on the mirror. 
Rays from any very distant object, such as the sun, can be used : 
an image of the object is formed at the principal focus. This 
method has been described in Expt. 1 8 : although it may 
appear the simplest, it is not the best or the most convenient. 

II. Throw a real image of a candle -flame on a screen by 

means of the mirror. Measure the distance (/) from the mirror 

to the candle, also the distance (/') from the mirror to the 

screen. The focal length (/) can then be calculated from the 

equation 

I I I 

The apparatus used (optical bench, etc.) is described on 
pp. 128, 129. The screen on which the image is thrown may 
be of white cardboard or of paper stretched on a suitable 

M 
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frame : it should be moved backwards and forwards until the 
image thrown on it is as bright and sharp as possible. This 
operation is called focusing, and should be carefully per- 
formed. 

Make several measurements, placing the object at different 
distances and using both enlarged and diminished images. 
Calculate the value of y^ corresponding to each pair of values of 
p and p obtained, and take the mean of the results. 

III. When an object is placed at the centre of curvature of 
a mirror, the image coincides in position with it. Thus if the 

object is a luminous 
point at c (Fig. 35), all 
r.ays diverging from it 
fall normally on the 
mirror, and are, there- 
fore, reflected back 
along their own paths 
to c. The image is a 
luminous point coin- 
^ cident with the object. 

M The distance dc is the 

*^' ^^* radius of curvature of 

the mirror, and is therefore twice the focal length. This 
method of finding the focal length of a mirror is simple and 
accurate, and can be carried out as follows : — 

Take a piece of cardboard about 4 in. square, and in the 
centre of it cut out with a cork-borer a hole about \ ia in 
diameter : across the hole stretch two hairs or black threads 
at right angles. This is to be our object or source of light. 
Mount the cardboard screen on one of the uprights of the 
optical bench so that the hole is at the same height as the 
centre of the mirror. Illuminate the hole and cross-threads 
strongly by placing an Argand burner behind {i.e. on the side 
farther from the mirror). The light proceeding from the hole 
is reflected by the mirror to a real focus (provided the mirror 
is not too near). This focus may be in front of the screen or 
behind it. You have now to find by tried a position of the 
mirror such that this focus is on the screen itself. 

You see on the screen a blurred spot of light. Adjust the 
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mirror so that this spot falls just by the side of the hole. 
Move the mirror backwards or forwards until the spot of light 
becomes a sharp bright image of the hole, with the cross- 
threads well defined. Measure the distance from the mirror 
to the screen : one-half of this is the focal length. 

38. Table of Results. — After performing the above 
experiments the student should find for himself the position of 
the image for any given position of the object, using both the 
algebraical equations and geometrical diagrams. He should 
also find the nature of the image produced and again verify 
his results by experiment. 

In the following table C denotes the centre of curvature of 
the mirror, F its principal focus, and M the mirror itself. 



Position of Object. 


Position of Image. 


Characteristics of Image. 


At infinity . 


At F . 


Real, inverted, diminished. 


Beyond C . 


Between F and C 


Real, inverted, diminished. 


At C . 


AtC . 


Real, inverted, equal in size. 


Between C and F 


Beyond C . 


Real, inverted, enlarged. 


Between F and M 


Behind M . 


Virtual, erect, enlarged. 



SO. Examples. — i. A candle-flame i in. long is 36 cm. in front of 
a concave mirror whose focal length is 30 cm. Find the nature, position, 
and size of the image. 

Here /=:36, /=3o; and both are-positive. The value of/' (the 
distance of the image from the mirror) is given by the equation 

i_i I 

Substituting the above values we have 



4+' 



30 36 p 



/» 
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III 

or - = 

/ 30 36 

180 180' 
and .'./' = 180. 

The distance of the image from the mirror is 180 cm. Since /' is 
positive, the image is formed in front of the mirror, and is real and 
inverted. (Verify this by sketching the diagram. ) 

The relative sizes of image and object are given by the equation 

I p' , 

Q-p (seep. 158). , 

rr I 5 

Hence o'^i'^^* 

The image is five times as large as the object, and is 5 in. long. 

2. The candle-flame is placed at a distance of 15 cm. from the same 
mirror. What sort of an image is now produced, and what is its size ? 

As before, we have 

III 

30 15 / 



and 



, I _ I I _ I 

*'/~30~i5~ 30* 
Hence /'= -30 cm. This means that the image is formed 30 cm. 

behind the mirror, and is virtual and erect. 
The distances of the image and object from the mirror are as 30 to 

15, or as 2 to I. The image is, therefore, twice the size of the 

object, or is 2 in. long. 

3. You are required to throw upon a wall an image of a gas-flame 
which stands 8 ft. from the wall, and the image is to be three times the 
size of the flame. What sort of a mirror would you choose, and where 
would you hold it ? 

Suppose the mirror to be placed x feet from the object on the side 
farther from the wall; it will then be (8 + ^) ft. from the wall 
on which the image is to be thrown. Our distances now are 

p = x, and/' = 8 + :r. 

Further, since the image is to be three times the size of the object, we 
must have /' = 3^, or ' 

(8 + jr) = 3XJ:, and .'.^ = 4. 
Thus /=4, / = 8 + 4=i2, 

I I I I 

and 7 = -H = . 

/ 4 12 3 

/= + 3. This means that the mirror required is a concave mirror 
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of 3 ft. focal length. We have already found that ^=4; thus 
the mirror must be held 4 ft. from the gas-flame, or 12 ft. from 
the wall. 
[Observe that the distances of image and object from the mirror bear 
the right ratio to one another, being as 12 to 4 or 3 to i. Check 
your results in this way whenever you can.] 



Convex Mirrors. 

40. Focal Lengrth Negrative. — Suppose a beam of parallel rays to 
fall upon a convex mirror, each ray in the incident beam being parallel to 
the principal axis of the mirror (CM, Fig. 36). Let PR be anyone of the 



0^-- 



■a ^tf'^'"r'- — 







Fig. 36. — Convex Mirror and Principal Focus. 

incident rays. Draw the normal CR and produce it. The ray PR is 
reflected along RP', making with the normal an angle equal to the angle 
of incidence. 

Produce P'R backwards (behind the mirror, as shown by the dotted 
line) to cut the axis at F. As in the case of concave mirrors, Art. 27, it 
can be proved that F is (approximately) midway between C and M. F 
is the principaJ focus of the mirror. All incident rays parallel to the 
principal axis appear after reflection to diverge from F. 

MF is the focal length of the mirror and is one-half the radius of 
ciu^ature (CM). Observe that F lies behind the mirror. The incident 
light comes from the right hand, the principal focus is on the left hand of 
the mirror. Hence, according to our rules for signs (Art. 30, Rule I. ), 
the focal length of a convex mirror is negative, 

41. Virtual Imagres. — An incident beam of parallel rays falling upon 
a convex mirror is converted into a divergent beam. If the incident beam 
is already divergent, the divergence is increased by reflection from the 
mirror. Hence convex mirrors cannot give rise to real images. 
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Let AB (Fig. 37) be an object in front of a convex mirror. Through 
A draw A« parallel to the principal axis MC : the incident ray Pin is 
reflected along nr so that it appears to come from the focus F. Join AC : 
the incident ray Km is reflected back along its own path. The two 
reflected rays do not intersect in front of the mirror, but the dotted lines 
F« and <Zm intersect at a. To an observer looking at the mirror all rays 
proceeding from A appear, after reflection, to proceed from a. a is the 
virtual image of A. 

Similarly b is the image of B. ab is the virtual image of the object AB. 
The image is erect ; for image and object are on the same side of C, and 
hence the lines AC and BC do not cross each other between the object and 
image (see Art. 33), The image is smaller than the object : for their 




Fig. 37. — Virtual Image in Convex Mirror. 



relative sizes are as their respective distances from C, and the image always 
lies between C and the object. 

Thus images produced by convex mirrors are always virtual, erect, and 
diminished. 

Such images can be seen in the convex surfaces of spoons, tea-p)ots, the 
silvered glass balls used as ornaments, etc. A fairly good convex mirror 
can be made by blackening or silvering the concave surfaces of a watch- 
glass or clock-glass. 

Example. — An object 3 inches in length is held 6 inches in front of a 
convex mirror whose radius of curvature is 2 feet. Find the position and 
size of the image. 

The focal length is one-half the radius of curvature, and is therefore i 
foot or 12 inches. But, since the mirror is convex, its focal length 
is negative. Thus 

/= - 12, and/= -1-6. 
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The distance of the image from the mirror is given by the equation 

I _i I 

I II 3 

or -= ^=-— . 

/ 12 6 12 

and /' = - 4. 

Thus the image is virtual and is formed 4 inches behind the mirror. 
The relative sizes of image and object are as their distances from the 

mirror, Ue, as 4 to 6, or 2 to 3. The image is therefore 2 inches 

long. 



Examples on Chapter V 

Read carefully the rules given in Art. 30 and observe how these are 
applied in the solved examples in Arts. 31-41. If your results do not 
agree with the answers, see whether you have given the wrong sign ( + or - ) 
to any of the quantities in the equations. Check your results by drawing 
diagrams roughly to scale. 

1. What is meant by an image of an object ? Why are some images 
called real, and others virtual? Explain and illustrate by a sketch the 
formation of an image of each kind by a concave mirror. 

2. How would you render visible an image of the sim formed by a 
concave spherical mirror? Is the image real or virtual ? 

3. The radius of curvature of a concave mirror is 2 feet : what is its 
focal length ? What would be the position of the image of a point 4 feet 
in front of this mirror ? 

4. Find the position of the image of a point 4 inches in front of the 
same mirror. 

5. An object is placed 120 cm. in front of a mirror, and a real image is 
formed 40 cm. from the mirror and on the same side of it. What is the 
focal length of the mirror, and is it concave or convex ? 

6. A candle-flame i inch long is 18 inches in front of a concave mirror 
whose focal length is 15 inches. Find the position and size of the image. 

7. Rays from a luminous point 20 cm. in front of a mirror are found, 
after reflection, to converge to a point 30 cm. in front of the mirror. Find 
the nature and focal length of the mirror. 

8. An object i inch long is placed at a distance of i foot from a concave 
mirror of 9 inches focal length. Where is the image formed and what is 
its size? 

9. A bright object, 4 inches high, is placed on the principal axis of a 
concave spherical mirror, at a distance of 15 inches from the mirror. 
Determine the position and size of its image, the focal length of the mirror 
being 6 inches. 

10. A gas-jet is placed on the principal axis of a concave mirror and i 
foot in front of it. A real and inverted image is produced on a screen held 
in front of the mirror, but at a greater distance than the gas-jet. If the 
image is twice as long as the flame, what is the focal length of the mirror ? 
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11. A real image produced by a concave mirror is found to be twice the 
size of the object : if the focal length of the mirror is i foot, where are the 
object and image situated ? What would be the relation between their sizes 
if their positions were reversed ? 

12. An object 6 cm. in length is placed at a distance of 50 cm. in 
front of a concave mirror of 20 cm. focal length. Find the nature, posi- 
tion, and size of the image. 

13. You wish to throw upon a wall a real image of a gas-flame, 2 feet 
distant from it, by means of a mirror. What kind of mirror would you 
use, what should be its focal length, and where would you place it ? 

14. An object is placed 5 inches from a concave mirror of 6 inches focal 
length : where is the image produced, and what is the magnification ? 

15. A concave mirror of 2 feet focal length is placed i foot from an 
object : find the change in the position of the image produced by moving 
the object i inch nearer the mirror. 

16. Prove that the focal length of a convex spherical mirror is equal to 
half its radius of curvature. (Apply the method of Art. 27 to Fig. '36. ) 

17. An object 3 inches long is held 6 inches in front of a convex mirror 
whose radius of curvature is 2 feet. Find the nature, position, and magni- 
tude of the image. 

Where will the image be produced when the object is held 2 feet in front 
of the same mirror, and what will be its size ? 

18. An object 4 cm. long is placed at a distance of 10 cm. from a 
convex mirror of 30 cm. focal length. Find the position and size of the 
image. 



CHAPTER VI 

REFRACTION OF LIGHT 

42. Simple Experiments on Refiraotion. — We have 
hitherto considered only the behaviour of light as it travels 
through a homogeneous medium {Arts. 2 and 4), in which case 
it is propagated in straight lines. But when a ray of light 
passes fiom one transparent medium into another, its direction 



Fig. 38.— Refraction of Bhah of Light. 

is changed and it is said to be refracted. This bending or 
refraction of light may be illustrated by the following experi- 

ExpT. 21. — Procure a rectangular tin box (a biscuit-box). 
Mark a scale of inches or centimetres along the bottom of it 
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or lay a metal scale on the bottom. Take the box into a dark 
room and allow a beam of parallel light to fall slantwise 
against the edge. (It is best to use a strong source of light — 
sun-light or lime-light.) The side of the box throws a shadow 
C (Fig. 38), which is in a line with the direction of the incident 
beam AB. Note the point C where the edge of this shadow 
falls on the bottom. 

Now (without altering the position of anything) fill the box 
with water. The edge of the shadow moves to D, nearer the 
vertical side BN of the box. Clearly the light is refracted or 
bent on entering the water. Note the direction in which 
it is refracted. N'N is the normal at the point of incidence. 
On passing from air into water light is refracted towards the 
normal. 




Fig. 39. — Apparent Displacement of Coin. 



ExPT. 22. — Put a coin on the Bottom of an empty basin 
(t:, Fig. 39). Place your eye in such a position (E) that you 
just cannot see it — the coin being hidden by the side of the basin. 

If water is now poured into the basin (the eye still remain- 
ing at E), the coin becomes visible and appears to rise as 
the level of the water rises. This would clearly be impossible 
without some bending of the rays of light which proceed from 
the coin. A ray such as cs (which would otherwise not reach 
your eye) is refracted downwards along jE on leaving the 
water and thus enters your eye. The eye takes no notice of 
the refraction : it simply sees the coin at d along Ej produced. 
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Notice the direction in which the light is refracted. On pass- 
ing from water into air light is refracted away from the normal. 

ExPT. 23. — Plunge a stick or pencil slantwise into water. 
It looks as though it 
were bent just at the 
surface of the water, 
and the part immersed 
appears shortened and 
elevated (Fig. 40). 
This is best seen by 
placing the eye at one 
side: if you look 
the stick, or if it is 
held upright in the 
water, it simply ap- 
pears shortened and 
not bent. 

43. Laws of Be&aotion. — Let RI (Fig. 41) represent a 
ray of light in air incident obliquely at I upon the surface of 




another medium, e.g. still water. Draw the normal at I to the 
refracting surface. The angle between the normal and the 
incident ray RI is called the angle of incidence. We know 
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that on entering the water the ray of light is bent in some such 
direction as IS — i.e, towards the normal. The angle SIP 
between the normal and the refracted ray IS is called the 
angle of refraction. Clearly the angle of refraction is less than 
the angle of incidence. 

Produce RI to R'. The angle R'lS measures the amount 
by which the ray is bent or deviated out of its path : it is 
called the angle of deviation. Whenever a ray of light in 
passing from one medium to another is bent towards the 
normal, the second medium is said to be * optically denser ' 
than the first. Thus water and glass are both optically denser ^ 
than air. 

With I as centre describe a circle. From the point where 
this circle cuts the incident ray draw a perpendicular to the 
normal : this is clearly equal in length to the perpendicular 
R'P' drawn from the point R' where the circle cuts the incident 
ray produced. Again, from the point where the circle cuts the 
refracted ray draw a perpendicular to the normal. The ratio 
of these perpendiculars has a constant value for any given pair 
of media (air and water, air and glass, etc.) 

We may now state the laws of refraction in the following 
form : — 

I. The refracted ray lies in the plane containing the incident 
ray and the normal^ and on the opposite side of the normal. 

II. If points equidistant from the point of incidence be taken 
on the incident and refracted rays, and if from these points per- 
pendiculars be drawn to the normal, the ratio of these perpen- 
diculars is constant for any given pair of media. 

44. This constant ratio is called the index of refraction 
for the two media, and is usually denoted by the letter /x. Its 

value for air and water is about - : for air and glass about 

3 

^ ; but it may be greater than this according to the composition 

2 

of the glass. 

The following are approximate values of the indices of 

1 This use of the term ' dense ' must not be confused with the usual meaning of 
density as defined on pp. 24, 25. There is no necessary connection between the 
two. Thus turpentine is lighter than water but is optically denser : it floats upon the 
surface of water, but a ray of light in passing from water into turpentine is deviated 
towards the normal. 
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o certain transparent 



Water 

Alcohol 

Benzene -,..,-■ 

Carbon Bisulphide 

Common Window-Glass (about) 
Crowp Glass (Polash-lime-glass free from lead) 
Flint-Glass (Lead-gloss) .... 
IMamond 2-47 

46. Experimental Veriflcation. — The first law of r 



fraction offers no difficulty ; the second can be verified by 
means of the apparatus shown in Fig. 42, This consists of a 
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shallow cylindrical glass vessel, the lower half of which is filled 
with water. The vessel is surrounded by a divided circle on 
which the angles of incidence and refraction can be measured. 
The perpendicular distances corresponding to SP and R'P' in 
Fig. 41 can also be measured on the horizontal scale which 
slides up and down on a vertical rod. By this means the 
second law of refraction can be verified directly. 

ExPT. 24. — In order to show up the path of the beam as 
it passes through the water, a few drops of milk must be added 
beforehand (just enough to make the water milky). Pour in 
the water through the hole at the top of the glass vessel until it 
rises just to the centre-mark O. Blow in a little smoke through 
the hole so as to show up the path of the beam in the upper 
half of the vessel. 

Direct the beam of light on the movable mirror I and 
adjust this so that the light is reflected through the slit in the 
tube (in front of I) and on the surface of the water at O. The 
movable arm Oa which carries the mirror is now parallel to 
the incident beam. 

The beam of light is refracted along OR and emerges at R 
without undergoing further refraction, for the beam is normal 
to the surface of the vessel at R. Adjust the movable arm 
b so that the emergent beam passes through the slit in the 
tube attached to it : Ob is now parallel to the emergent beam. 
The angle aOb measures the deviation. 

Measure off the distance from the centre of the horizontal 
scale to the point b : this distance corresponds to the length of 
the perpendicular SP in Fig. 41. Raise the scale and in the 
same way measure off the distance O'a : this corresponds to 
the length of the perpendicular R'P' in Fig. 41. 

Alter the position of the arm Oa and repeat the adjustments 
and measurements. Whatever the angle of incidence, it will be 
found that the ratio of the perpendiculars is constant. Thus if 
Oa is 6 cm., Ob will be 45 cm. : if Oa is 8 cm., Ob will be 
6 cm., the ratio being always as 4 to 2. 

Place the arm Oa vertical and reflect the light from the 
mirror vertically downwards : the light is now incident nor- 
mally on the surface of the water and passes straight through 
without any deviation. Tilt the arm gradually and measure 
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the deviation for each angle of incidence : the deviation 
increases with the angle of incidence. 

The light is not all refracted : some of it is reflected from 
ihe surface of the water according to the usual law. Notice 
that this reflected beam becomes brighter as the angle of 
incidence increases. The amount of light reflected from the 
surface of water increases with the angle of incidence, 

^ Further experiments may be made with another liquid, e.g, petroleum. 
Its index of refraction will be found to be constant, but different to that of 
water. 

It will generally be found sufficient to illustrate the law without verifying 
it by measurements, and in this case a simple glass tank will do well instead 
of the apparatus above described. A convenient form of tank for refrac- 
tion experiments can be made out of a tin biscuit-box. Leave the top of 
the box open, cut a slit (about i inch broad) down one of the sides, and 
fasten a strip of glass water-tight against this with marine glue. Cut a 
circle out of the front of the box (or cut the front out leaving a rim round) 
and fasten a sheet of glass in the same way against it. A beam of light 
can be admitted either from the top or the side through a sht in a black- 
ened card. Even a common medicine-bottle with flat sides can be used : 
it should be painted over with black paint, one side and a circle on the 
front being left clear (see Fig. 45). 

Instead of adding milk to the water, a little common salt may be dis- 
solved in it and a few drops of a very dilute solution of silver nitrate added. 
The slight precipitate of silver chloride thus produced will remain for some 
time in suspension. 

46. Geometrical Construction for Refracted Ray. — 
We shall first consider the 
case of a ray passing ^^w 
a rarer to a denser medium^ 
e.g, from air into water or 
glass (/A> i). Suppose the 
paths of the incident and 
refracted rays to be as in 
Fig. 43. At the point of ^^ 
incidence C draw the nor- 
mal to the refracting surface 
AB. With C as centre 
draw a circle cutting the 
incident and refracted rays 
at I and R respectively. ^^s- 43- 

From I draw IM and from R draw RM' perpendicular to the 
normal. The ratio of these two perpendiculars is, by definition 
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(Art. 44), the index of refraction. Thus if the two media are 
air and water, 

IM _4 

RM' "" ^^"^ ^ (water) = "• 

Draw IN and RN' perpendicular to the surface AB. 
Clearly IM = CN and RM' = CN'. 

Thus ^ = -» orCN' = ^.CN. 

CN 3 4 

Hence -the following geometrical construction for finding the 
path of the refracted ray. 

Given the path of a ray in air, to find the path of the 

refracted ray in water (ft = - j. Let IC be the incident ray. 

From I draw IN perpendicular to the surface AB. Divide 
CN \n\.o four equal parts. From C, on the opposite side, lay 
off CN' equal to three of these parts. At N' draw a perpen- 
dicular to the surface AB. With C as centre and CI as radius 
describe a circle cutting this perpendicular at R. Join CR. 
CR is the path of the refracted ray. 

If the second medium be glass j/x = ^j, modify the con- 
struction as follows. Divide CN into three equal parts. 
From C, on the opposite side, lay off CN' equal to two of 
these parts. 

In general, if the index of refraction be /i, CN' must be 

taken equal to - . CN. 

Notice that as/A>i, CN'<CN. Hence the point N' must fall inside 
the circle (to the left of B), for, however great the angle of incidence, CN 
cannot be greater than CA (the radius). Hence also the perpendicular 
from N' will always cut the circle. For every possible position of the 
incident ray there is a corresponding refracted ray. Thus the construction 
is always possible when the ray is passing from a rarer to a denser 
medium. 

47. Refiraction from a Denser into a Barer 
Medium. — In any case of refraction the incident and re- 
fracted rays may be supposed to change places (the direction 
in which the light travels being reversed)- Thus in Fig. 43, 
if RC be supposed to represent an incident ray, CI would be 
the corresponding refracted ray in air. This is equivalent to 
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Stating that when the direction of the ray is reversed the index 
of refraction is reversed. Thus, if the index of refraction for 
light passing from air into a denser medium is /x, the index of 
refraction for light passing from this denser medium into air 

will be the reciprocal of ft, or -. 

In the cases of water and glass we have 

_4 _3 

(air) /* (water)— ^> (water) A* (air)— -• 

_3 __2 

(air) /* (glass) — 2» (glass) /* (air) — ^» 

Given the path of a ray in water^ to find the path of the 

refracted ray in air (/* = -)• Let IC (Fig. 44) be the incident 

ray. From I draw IN perpendicular to the refracting surface 
AB. Divide CN into three 
equal parts. From C, on 
the opposite side, lay off 
CN' equal to four of these 
parts. From N' draw a 
perpendicular to the sur- 
face AB. With C as 
centre and CI as radius 
describe a circle cutting 
this perpendicular at R. 
Join CR. CR is the path 
of the refracted ray. 

If the ray be travel- 
ling from glass into air Fig. 44. 

fin which case /it = -j, modify the construction as follows. 

Divide CN into two equal parts. From C, on the opposite 
side, lay off CN' equal to three of these parts. 

In general, if the index of refraction be /* (reckoned in the 
direction in which the light is travelling), CN' must be taken 

equal to - . CN. 

Now notice that as /a is here <i, CN'>CN. Hence the 
point N' may fall outside the circle. When it does, the 
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perpendicular through N' to the surface will not cut the circle 
at all. 

48. Experimental Verification. — Before proceeding 
further with the question of refraction into a rarer medium, the 
statements already made should be verified. 

EXPT. 25. — Using the same apparatus as in Expt. 24, 
throw the beam of light upward through the water, adjusting 
the mirror so that the beam meets the surface of the water at 
O. Measure off the perpendicular distances to the normal 
and see whether they are in the ratio of 3 to 4 (they were in 
the inverse ratio — 4 to 3 — when the ray passed from air 
through water), or mark the positions of the incident and 
refracted rays and then reverse the direction — sending the 
incident ray along the path previously followed by the refracted 
ray. Notice that the refracted ray in air now follows the 
path of what was before the incident ray. 

Send the light vertically upwards through the water : it is 
now incident normally on the surface and passes straight 
through without any deviation. 

Gradually increase the angle of incidence. The angle of 
refraction increases at the same time, but more rapidly. The 
light is not all refracted : some of it is reflected from the 
surface of the water according to the usual . law, and the 
amount thus reflected increases with the angle of incidence. 

As you increase the angle of incidence the angle of refraction 
increases from o** to 90", beyond which it clearly cannot 
increase. When the angle of refraction is 90** the refracted 
ray just grazes the surface of the water : the corresponding 
angle of incidence is called the critical angle. Its value for 
water is about 48"^. 

Just at this point a very remarkable thing happens. As 
soon as you increase the angle of incidence beyond the critical 
angle the refracted ray disappears entirely and the reflected 
ray increases greatly in brightness. None of the light escapes 
into the air : it is all reflected (Fig. 45). The reflection is 
said to be total or complete. It takes place according to the 
usual law, but differs from ordinary reflection in the respect 
that it is more complete, none of the light being scattered (as 
is the case with even the best polished minors). 
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We shall see presently that the critical angle has different 
values in the ease of different substances, depending upon the 



index of refraction. For the present remember " that our 
experiment has proved the following result ; If a ray of light 
in water is incident upon the surface ai an angle greater than 
the critical angle, it cannot get out into the air but is totally 
reflected back into the water. 

40. The Oritioal Angle, — Look at Fig. 44 again. The 
angle of refraction (in air) is not fer from 90°. If you were to 
increase the angle of incidence gradually, you would reach a 
point at which the angle of refraction would be exactly 90°, 
and the refracted ray would then just graze the surface of the 
water. For in Fig. 44 N' is not far from B. As CN 
increases CN' increases in the same ratio and ultimately 
becomes equal to CB (the radius of the circle). N' now 
coincides with B, and the perpendicular to the surface through 
N' becomes the tangent touching the circle at B (see Fig. 46). 
CB is the refracted ray. The corresponding angle of incidence 
(^ = ICM) is the critical angle. For any ray incident at an 
angle greater than this, the point N' would fall outside the 
circle. The perpendicular to the surface through N' would not 
cut the circle at all, and the usual construction for finding the 
refracted ray in air would cease to be possible. There would 
be no refracted ray : the light would suffer total reflection. 
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To find the critical angle for light travelling from water into 
air lfi=z-J proceed as follows. Take as centre any point C 

(Fig. 46) in the line separating the air from the water : with 

any radius describe a circle 
cutting this line at B. 
Divide CB into /our equal 
parts. From C, on the 
opposite side, lay off CN 
equal to t/tree of these 
parts. From N draw a 
perpendicular to the sur- 
face cutting the circle at 
I. Join IC. The angle 
ICM is the critical angle. 
If you measure it with a 
protractor you will find that 
it is about 48"^. 
Fig. 46.-Crit,cal Angle. you can easily see how 

the construction would have to be modified for any other 
media. In the case of light travelling from glass to air 

lfi = -Y take CN equal to two-thirds of the radius CB. In 
general, if /a be the relative index of refraction, take CN =/4 • CB. 

We have hitherto supposed the refractive index to be 
measured zn the direction in which the light is troevelling^ 
/x being greater or less than unity according as the light is 
passing into a denser or a rarer medium. In future we shall, in 
general, use /ut to denote the relative index for re£ractiony>v/« the 
rarer into the denser medium (ijl>i), and when the contrary is 
not stated it may be assumed that the first medium is air. 

CB 

Using this notation we should have to take CN = — in the 

above construction for finding the critical angle. Observe that 
as the refractive index increases the critical angle diminishes : — 

Refractive Index. Critical Angle. 
Water i-33 • • 48'*4 



Benzeiie 


1.50 


42" 


Crown Glass (about) 


1-56 


• 41"* 


Flint Glass (about) 


1-66 


. 37** 


Carbon Bisulphide 


I '67 


. 36*'i 


Diamond . 


2.47 


24- 
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60. Total Befieotion. — Suppose A (Fig. 47) to be a 
source of light under the surface (rf water. A ray proceeding 
vertically upwards from it passes out into the air without 
suffering any deviation. Rays on each side of this are 
deviated more and more as the angle of incidence increases. 
Beyond a certain point the rays can no longer escape into the 
air but are totally reflected back into the water. The critical 
angle separates the rays which are refracted into the air from 
those which are totally reflected. 



Fig. «■ 

Again, suppose the direction of the rays to be reversed. 
All possible refracted rays reaching the point A are included 
within a cone of semi-vertical angle = 4B°i (see last article). 
Thus, to an observer under the water in a pond, all objects 
above the surface of the water (however far on either side) 
would appear crowded together within such a cone. On 
looking beyond this cone (i.e. in a direction more inclined to the 
vertical) he would only see, by total reflection from the surface 
of the water, objects lying farther ofT at the bottom of the 

ExPT. 26. — Hold a glass of water between your eye and 
the light, and raise it so that the surface of the water is above 
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the level of your eye. Looked at thus from below, the surface 
of the water appears like quicksilver. 

Place a spoon in the glass. You can see nothing through 
the surface of the water, but the lower part of the spoon can 
be seen by reflection more perfectly than in a mirror. 

ExPT. 27. — Lay a glass prism (Art. 57) face downwards on 
a printed page. If you look at it directly from above, you can 
read the print through the glass : but if you shift your eye to 
one side and lower it gradually, you will come to a point at 
which the print suddenly becomes invisible, and the face of the 
prism appears brighter than a sheet of polished silver. 

The same appearance is well shown by glass cubes such as 
paper-weights and ink-pots. Whatever may be the direction 
of a ray incident upon one of the sides of the cube, it is refracted 
so much as to make with the base an angle less than the 
critical angle. Consequently all the light incident upon the 
base of the cube is reflected with the brilliancy characteristic 
of total reflection. 

ExPT. 28.— Place a lighted candle in such a position that 
it can be seen by total reflection from the internal surface of a 
glass prism. Then turn the prism so that the candle is seen 
by ordinary reflection from one of the faces. Compare the 
brilliancy of the two images. 

ExPT. 29. — Hold an empty test-tube slantwise in water and 
look at it from above : it looks as if it were filled with mercury. 
The light which passes through the water cannot escape into 
the air inside the test-tube, but is totally reflected upwards. 

Pour water gradually into the tube : the brilliant reflection 
disappears as the water rises. 

ExPT. 30. — The preceding experiment can be modified so 
as to aflbrd a direct comparison between the brilliancy of total 
reflection and that of ordinary reflection from the surface of 
mercury. For if the lower part of the tube be filled with 
mercury it will be found that the reflection from this is not 
nearly as bright as that from the upper (empty) half. 

The tube should be inclined at about the angle shown in 
Fig. 48, and a sheet of white paper should be laid on the table 
in front (PP'). 
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Good examples of total reflection are often shown by cracks 
in panes of window-glass when looked at obliquely. In many 
physical instruments the prin- 




ciple of total reflection is use- 
fully employed : for example, 
in the reflecting prisms of 
spectroscopes: If it is desired 
to reflect through the slit of a 
spectroscope light proceeding 
from a source A at one side 
(Fig. 49), there is placed in 
front of the slit a glass prism, 
the section of which is a right- 
angled isosceles triangle. The 
light from the source A enters ^*s- *^- 

normally through one of the faces of the prism and falls 
upon the hypotenuse at an angle of incidence of 45**. Since 

this is greater than the critical angle 
(Art. 49) of the glass, the light is 
totally reflected. At the same time 
it is deviated through an angle of 
90**, so that it emerges normally from 
the other face of the prism and enters 
the slit. 

Ficr. Ao. 

61. In explaining any of the facts 

or defining any of the terms referred to in this chapter you 

will find it best to do so with reference to the diagrams (at 

any rate if you wish to avoid the use of trigonometrical terms). 

But for the purpose of recapitulation the following definitions 

may here be given. 

Index of Refraction. — If points be taken in the incident and 
refracted rays equidistant from the point of incidence, and if 
from these points perpendiculars be drawn to the normal, the 
ratio of the perpendiculars is constant for any pair of media, 
and is called the index of refraction. 

Critical Angle. — When a ray of light is travelling from a 
denser towards a rarer medium, there is a certain angle of 
incidence such that the corresponding angle of refraction is 
90' ; and this angle of incidence is called the critical angle for 
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the two media. Or — The critical angle is that limiting angle 
of incidence which just allows a ray travelling in the denser 
medium to escape into the rarer one — the refracted ray grazing 
the surface of separation of the two media. 

Total Reflection is the reflection of light from the surface of 
separation of two media when the incident ray is in the denser 
medium, and the angle of incidence is greater than the critical 
angle. 

Observe that two conditions are necessary before total 
reflection can occur : — 

(i) The incident ray must be travelling from a denser 
medium towards a rarer one. 

(2) The angle of incidence must be greater than the critical 
angle. 

52. Alternative Construction for Refracted Bay. — I^t IC 

(Fig. 50) be a ray travelling in water and incident upon the surface at C. 
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Fig. 50. 



Fig. 51- 



Let IN be drawn perpendicular to the surface, and let CR be the direction 
of the refracted ray in air, as found by the construction given in Art. 47. 

Produce RC backwards to meet IN at R/ The triangles CNR' and 
CN'R are similar : for the opposite angles at C are equal, and the angles 
at N and N' are right angles. Hence the sides about the equal angles at 
C are proportional. 

CN=^.CN'. 
4 



Now 



and, therefore, 



CR' = ^.CR = ^.CI. 
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This gives us another construction for finding the path of the refracted 
ray. Let IC be the incident ray. Draw IN perpendicular to the surface 
of separation. Divide CI into four equal parts. Along IN find a point 
R' such that CR' is equal to three of these parts. Join R'C and produce 
it : this is the path of the refracted ray in air. We shall use this construc- 
tion in the next article. 

53. Image pf Point under Water. — Refer back to Fig. 47. 
Suppose any two consecutive rays in the figure to represent the extreme 
rays of a pencil of light proceeding from the point A and entering an 
observer's eye after refraction into the air. Draw a similar figure on a 
larger scale : produce the refracted rays backwards, and determine the 
point at which they intersect in the water. This point is the image of A. 
You will find that it differs for different pairs of rays : the position of the 
virtual image depends upon the^position of the observer's eye. 

When the observer is at a great distance the image is very near the 
surface. As he moves nearer the image moves farther down. The 
motion of the image finally becomes very slow, and when the observer's eye 
is vertically above the object, the image is formed on the vertical line at 
a depth below the surface equal to three -fourths of the depth of the 
object. 

For let P (Fig. 51) be a luminous point under water. A ray of light 
PNN' incident normally passes through into the air without deviation, and 
the image of P is formed on this vertical line. The rays by which the 
observer sees this image are not all vertical but form a small divergent 
pencil. Let PC be any one of the rays refracted along CR. Produce 
RC backwards to meet the normal at P'. Then, according to the last 
article, 

CP'=^.CP. 
4 

But, since the pencil of rays entering the eye is very small, C very 
nearly coincides with N and R with N'. Hence we have, approximately, 

NP'=^.NP. 
4 

All nearly normal rays proceeding from P will, after refraction, appear 
to proceed from P'. P' is the virtual image of P as seen by an eye 
vertically above. 

Suppose P to be a point at the bottom of a pond : to an observer 
looking vertically down, the depth of the pond would only appear to be 
three-fourths of what it really is. When the line of vision is oblique, the 
apparent depth is still smaller. Thus a pond or stream of uniform depth 
appears to be deepest vertically beneath the observer ; and the bottom 
presents a wavy appearance, the trough of the wave being just beneath 
him. 

For the same reason, a speck on the underside of a thick glass slab 
appears nearer than it really is. In general, the apparent thickness of a 

layer of any transparent medium is -, when / is its real thickness, and /u 

the index of refraction for light travelling from air into the medium. 



Place 

object and look through a^in. You will find tbal it is now out of focus, 
and that the lube of the microscope has lo be raised in order to focus the 
object again. 

The effect of interposing b stratum of we 
water into a fla1-bo(tomed glass standing oi 

64. BeArootlon tliroush a Plate. — By a pUte is here meant a 
poition of a refracting medium contained between two parallel planes. 

Let QA (Fig. 52) be a ray of light inddeat obliquely at A upon sucb a 
plate, e.g. a sheet of glass. On entering the plate at A the ray is refracted 
towards the normal along AS and falls 
upon the second face of the plate al S. 
Since (he two faces of the plSe are par- 
allel, the angle of incidence of the plate 
al S is equal 10 the angle of refraction 
(BAS) at A. Hence (see Arts. 47, 48) 
, the angle of refraction {into air) at S 
must be equal I0 the angle of incidence 
pj. at A, and the emergent ray ST is far- 

^' " ' atltl to the incident ray QA. 

At the same time it must be noticed tha.t the ray hi passing through the 
plate is shifted to one side or laterally displaced. The amount of this 
lateral dlaplacemetlt increases with the thickness of the plate, its 
refractive index, arid its inclination (o the Incident ray. 

ExPT, 32.^ — Draw a few straight lines on a sheet of paper, and place a 
piece of plate-glass on the paper so as to cover a portion of the lines. 
I.ooked at normally through the glass the lines still appear straight (Fig. 
53). But if you move your eye to the right or left the lines appear broken 
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EXPT, 33. — The above experiment can be repeated with liquids, using 
1 parallel-sided glass trough such as that shown on p. 90, and affords a 
simple method of proving that different liquids Aaiie difirent refracHvt 



placement. 

Now lill the trough up with turpentine, which will float on the surface of 
the water. The line appears broken just where the water and turpentine 
meet, the part seen through the lurpenline being mere displaced than the 
pait seen through (he water. From this it follows Ihat turpentine must 
have a higher refractive index than water, for ihe thickness and the inclina- 
tion are the same for both liquids. 

66. It can be shown by experiment that the direction of a ray 
emerging from a plate is parallel to that of the incident ray. We might 
have started with this us an eiperimental fact, and then have dedvced from 
this the statement made in Arts. 47, 43, vii. that (he index of refraction 
from any medium into air is the reciprocal of the index of refraction from 
air into that medium. 

The interposition of a 
plate of glass not only causes 
a lateral displacement, but 
also makes an object appear 
nearer than it really is. Thus 
to an observer looking at a 
point S (Fig. 55) through a 
glass plate, the apparei 
position of (he point is i 
S' — to one side and neare 
This latter result is not on 
produced when the incidcm 

is obliqtie, but also when it is pj 5,._REri«CT.0N 
normal (see Art. 53). 



13 plate in any position may 



66, Multiple Imaaraa.— Refraction plays n part in the production of 
(ho multiple images described in Art. 25. Suppose a ray of light from a 
source S (Fig. 56) to fall upon a plate-glass mirror. Part of the light is 
reflected from the front surface of the glass, and produces an image which 
is seen in the direction of S'. Part of it is refracted into the glass and 
(hen reHeeted from the silvered surface : of this, a part is again refracted 
into the air, producing the bright image seen in the direction of S°. But 
another part is reflected back into the glass, and after further reflection 



from the back of the plme and refraction into aJr proceeds parallel lo the 



. produces the image Sj. Thus a series of images of 
xness is produced. 

67. B^t'action through Fliema. — A prism is a. wedge-sbaped 
portion of a refracting medium contained between two plane faces. The 
angle between the faces is -called the nfracting angle of the prism, and the 
line along which the faces meet is called the edge of the prism. Fig. 57 
an equilateral glass prism (the section of which is an equilateral 
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 (Fig. 58) be a 



nof a 



n of «hich llie lefracling angle 
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the prism at E is refracted towards the normal and travels through the 
prism in the direction EE'. On leaving the prism at E' the ray is passing 
from a denser to a rarer medium : hence it is refracted away from the 
normal along E'D'. Thus, in our figure, the ray at each refraction is 
turned away from the edge of the prism or towards its base. 

Produce DE and D'E' to meet. The angle FGD' is called the angle 
of deviation : it is the angle between the directions of the incident and 
emergent rays, and measures the total deviation produced by the prism. 
The deviation is always away from the edge of the prism. 

The glass pendants attached to chandeliers are usually triangular prisms, 
and can be used for illustrating the behaviour of prisms. The effect of 
interposing a prism between your eye and an object is to shift the apparent 
position of the object towards the edge of the prism. Thus an observer 
at D (Fig. 58), looking through a prism at an object D', would see a 
virtual image of it at F, 

58. Minimum Deviatioti, etc. — The deviation produced by a prism 
depends not only upon its angle and refractive index, but also upon its 
position with reference to the direction of the incident light. It can be 
proved that the deviation is least (or a minimum) when the angles of 
incidence and emergence are equal. When this is the case, the path of 
the ray within the prism is equally inclined to the two faces (as in Fig. 58), 
and the position of the prism in which this occurs is called the ^position of 
minimum deviation,* This is the position in which prisms are usually 
placed in optical experiments. 

In the case of prisms of small angle (say up to 15**) the deviation is 
approximately proportional to the angle of the prism. This should be 
borne in mind when we come to consider how a lens acts (Art. 63). 

EXPT. 35. — On a table or drawing-board place a prism with its edge 
vertical. Beyond the prism stick a pin (to represent a source of light). 
Look through the prism and note the apparent position of the pin ; this 
depends upon the position of the prism. Twist the prism slightly, first in 
one direction and then in the other : find by trial the position in which the 
deviation is a minimum. 

By using four pins — two on one side of the prism and two on the other 
— you can fix the directions of the incident and emergent rays and then 
measure the deviation. (When the pins are properly adjusted they should 
all appear to be in a straight line. ) Do this with two prisms of the same 
angle but of different materials, and observe that the deviations are 
different : e.g, a prism of flint-glass produces a greater deviation than one 
of crown. 

69. Objects seen through prisms generally exhibit coloured edges : the 
cause of this will be explained in Chap. VIII. 

Several of the experiments described in the present chapter are suitable 
for projection with the lantern, e.g. Expts. 31-34. 

The effect of heat in altering the refractive index of Uquids and gases 
has been referred to in pp. 90 and 93. 
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Examples on Chapter VI 

1. Explain the apparent bending of a stick when dipped into water, 
stating broadly from experience the most favourable conditions for observ- 
ing the effect. 

2. Light falls at a given angle on a plane refracting surface, for which 
the refractive index is 5/4. Show, by a geometrical construction, drawn, 
as well as you can, to scale, how to find the path of the refracted ray. 
(Apply the construction given in Art. 46. ) 

3. A ray of light passes from one medium into a second, the angle of 
incidence being 60**, and the angle of refraction 30" : show that the index 

of refraction is V3. 

4. The critical angle for a certain medium is 45° : show that its index 

of refraction is V2. (See Art. 49. ) 

5. Draw accurately the path of a ray of simple light through a 45" 

prism of glass, whose index of refraction is -; drawing the ray incident on 

one face in a direction perpendicular to the other face. 

6. The shadow of a red-hot poker is cast on a white screen by means 
of a lime-light lantern. Explain the smoky appearance on the screen just 
above the shadow. 

7. Explain the quivery appearance seen above hot bricks or rocks, and 
the streaky appearance of water in which ice or sugar is being dissolved. 



CHAPTER VII 
LENSES 

60. A lens is a portion of a refracting medium bounded 
either by two curved surfaces or by one plane surface and one 
curved surface. The only lenses which we shall consider are 
glass lenses of which the curved surfaces are portions of 
spheres. We shall further assume that the greatest thickness 
of the lens is small compared with the radii of curvature of 
the surfaces. 

61. Kinds of Lenses. — Lenses may be divided into two 
classes : — 

L Those which are thicker at the centre than at the edge. 
These are called convex or converging lenses. Sections 








Fig. 59. Fig. 60. 

of three lenses of this kind are shown in Fig. 59. Of these 
A has two convex surfaces and is called a double-convex lens ; 
B has one plane and one convex surface and is called 2i plano- 
convex lens ; while C is called a converging meniscus, 

II. Those which are thinner at the centre than at the edge. 
These are called concave or diverging lenses. Three 
lenses of this kind are shown in Fig. 60. Of these D is a 
double concave and E a plano-concave lens, while F is a 
diverging meniscus. 



62. The principal axis of a lens is the line joining the 
centres of curvature of its two spherical surfaces. Tlie axis 
of a plano-convex or plano-concave lens is the line which passes 
through the centre of curvature of the spherical surface and is 
perpendicular to Che plane surface. 

A ray of light travelling along the axis of a lens falls 
normally on both refracting surfaces, and therefore passes 
through the lens without sufiering any deviation. 

— In any convex lens the inclination 
e another increases as we go out- 
wards from the centre 
(or axis) of the lens 
towards the edge. 
Thus we may imagine 
the section of the lens 
tobe made up of a num- 
ber of prisms of gradu- 
ally increasing angle, 
as shown in the accom- 
panying diagram. 

We know that a ray 
of light in passing 
through a prism is 
deviated towards its 
base, and that the 
amount of the devia- 
tion increases as the 
angle of the prism in- 
creases. Now suppose 
a beam of parallel rays 
to fall upon the prism- 
lens, shown in Fig. 6i. 
The rays would be 
bent towards the axis, 
those near the edge 
being deviated more 
g^ than those nearer the 

centre. The result 
t the parallel beam into a convergent pencil. 



This is the way in which convex lenses act. Their general 
effect is to render iransmilUd rays more convergent. 

The section of a concave lens may be regarded as being 
built up of a number of prisms of gradually-increasing angle, 
arranged with their bases outwards (or away from the centre). 
The general effect of such lenses is to render transmitted rays 
more divergent. 

Thus the properties of convex lenses are similar to those of 
concave mirrors ; while the properties of concave lenses are 
similar to those of convex mirrors. 

64. Optical Centre of a Lens. — The axis is not the 
only direction in which a ray of light can pass through a lens 
without suffering deviation. There is one point on the axis of 
every lens such that, if the path of a ray within the lens passes 
through this point, the emergent ray is parallel to the incident 
ray. This point is called the Optical ceDtre of the lens, and 
any line passing through it is called a secondary axis of the 
lens. In the two accompanying diagrams of convex and 
concave lenses O is the optical centre, and the line 101' is a 
secondary axis. At the points I and I' where this line meets 
the lens its two surfaces are parallel to one another, and 
consequently the lens acts upon a ray traversing it in this 
direction just as if it were a parallel- sided plate : the ray 
emerges parallel to its direction before incidence, but suffers a 
slight lateral displacement 
(Art. 54). 

The optical centre is some- 
times simply referred to as 
the centre of the lens. It is 
not necessarily the geomet- 
rical centre : indeed in the 
case of a meniscus it may be 
altogether outside the lens. 
But in the common types of 
lenses shown in Fig. 6z 
(double-convex and double- 
concave lenses' with surfeces 

of equal curvature) the optical f^_ ^.-Oitical Chntkb. 

centre does coincide with the 
geometrical centre, or is midway between the points A and B. 



Without explaining how the position of the optical centre is 
determined, we may define it as follows with reference to its 
most important property : — 

The optical centre of a lens is a point on the principal axis, 
and is suck thai, if the path of a ray •witMn the lens passes 
through this point, the emergent ray is parallel to the incident 

Assuming the thickness of the lens to be small, we may 
neglect the slight lateral displacement produced and regard 
any ray through the optical centre as passing straight through 
tie lens -without deviation. We may further neglect the thick- 
ness of the lens altogether and regard O as coinciding with 
either A or B (Fig. 6z). 

65. Principal Focus. — When a pencil of rays parallel to 
the principal axis of a convex lens falls upon the lens, the rays 
after transmission through it converge to a point on its axis 
(F, Fig. 63). This point is called the prinoipal foous. 



Fig. 63.— Convex Lens : PaiKctfAL Foots. 

Since the rays actually pass through the point, the focus is 
clearly real. 

In the case of a concave lens the transmitted rays divei^e so 
as to appear to come from the principal focus (F, Fig. 64), 
which is therefore virtual. 

66. Focal Length.' — The principal focal distance or 
focal length of a. lens is the distance between the principal 
focus and the lens itself (or, more strictly, its optical centre). 
This is usually denoted by the letter_/l 



Applying the rules for signs given in Art. 30, it will be 
seen that the focal length of a convex lens is negative, while 
that of a concave lens 'mposiHve. For all distances have now 
to be measured from the lens (or its optical centre). Now in 
the case of the convex lens (Fig. 63) the source of light is on 
the right band of the lens, and the principal focus is on the 
left hand. Hence the focal length (CF) is negative ( - ). 

In the case of the concave lens (Fig. 64) the principal 
focus is on the same side as the source of light (the right hand), 
and therefore the focal length is positive ( + ). 



Fig. £4.— CoNCAVB Lehs : Pkihcipal Focus. 

67. Parallel Beam. — We may always suppose the 
direction in which a ray of light travels to be reversed r it will 
then exactly retrace its original path. Applying this principle 
of reversal to the convex lens (Fig. 63), we see that, if the 
path of an incident ray passes through the principal focus, the 
ray will, after transmission, go off parallel to the principal 

Thus a parallel beam of light can be obtained by placing a 
luminous point at the principal focus of a convex lens. As a 
source of light we may use a small brightly- illuminated hole in 
a cardboard screen (Art. 37). 

A more powerful beam of parallel light can be obtained 
from the optical lantern, the source of light being placed at the 
principal focus of the ' condenser,' which usually consists of a 
pair of plano-convex lenses. Convex lenses are used in the 
same manner in lighthouses, in signal lamps, and in the 
common ' bull's-eye ' lanterns. 



68. OoBjusate FooL — The following proposition can be 
proved by the laws of refraction to be very apprOKimately true, 
and we shall presently see that experiment confirms ii. When 
rays from a luminous point on the principal axis of a lens fail 
upon it, the transmitted rays either converge to another point 
on the axis or appear to divei^e from such a point In the 
former case (when the rays actually pass through it) the point 
is called a real focus ; in the latter case (when they only appear 
to diverge from it) it is a virtual focus. 



Fig. 6s, Conjugate Focirs (Keai,). 

In the case of a convex lens the focus is real when the 
source of light is beyond the principal focus of the lens, and is 
virtual when it is nearer to the lens than the principal focus. 
For we have seen that rays diverging from the principal focus 
of a lens are rendered parallel by transmission through it 
Now if the source of light be at P (Fig. 65), beyond the 
principal focus (F), the divergence of the incident rays is less. 



Fig. 66. Conjugate Focus (Virtual). 

and by transmission through the lens they are made to 
convei^e to a point P' on the other side. 

If the source of hght be nearer, as at f (Fig. 66), the 
divei^ence of the incident rays is greater than when the 
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source is at the principal focus : thus the lens cannot even 
render them parallel, but it diminishes the divergence so that 
the transmitted rays appear to diverge from a point p on the 
same side of the lens but farther off. 

In Fig. 65 P' is the image of P formed by the lens. Now, 
if you suppose the direction in which the light travels to be 
reversed, it will be clear that P is also the image of P'. The 
points P and P' are called coiijusate foci, with respect to the 
lens : they are so related that one is the image of the other as 
formed by the lens. This may be taken as a definition of 
conjugate foci when both are real. 

When one of the foci is virtual the case is somewhat 
different Thus in Fig. 66 p is the image of /, whereas p 
would not be the image of /'. But the principle of reversal 
still holds good : a pencil of rays converging to p' would after 
transmission through the lens converge to p, 

69. Equation for CoDJufirate Foci. — It can be proved 
that the distances of the conjugate foci P and P' are connected 
by the relation 

f P' P ' ' ' ^'^ 

where / denotes the focal length of the lens, p the distance 
of the point P (the object or source of light) from the lens, 
and p' the distance of P' (the corresponding focus or image) 
from it. 

This is the fundamental equation for lenses, and with the 
proper conventions as to signs (see Arts. 30 and 66) it holds 
good for both convex and concave lenses. 

Compare this with the equation for mirrors given on p. 152. 
You will be less liable to confuse the two if you at once notice 
( I ) that the present equation contains a minus ( — ) instead of 
a plus sign, and (2) that the term containing p^ comes first 

70. The farther a source of light is from the lens, the more nearly 
parallel are the rays which proceed from it to the lens. In fact we may 
regard parallel rays as being such as proceed from a source at an infinite 

distance. In this case/ is infinitely great and ~ is infinitely small, or =0. 

Equation (i) now reduces to 

- = -, or/=/. 
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which is in accordance with what was stated in Art. 65. The image of an 
infinitely distant source of light (e.£^. the sun) is formed at the principal 
focus of the lens. 

71. Examples. — i. The focal length of a convex lens is 15 cm. 
Rays of light diverge from a point on the principal axis of the lens and 
20 cm. in front of it : to what point will they converge after refraction 
through the lens ? 

Let /' be the required distance of the conjugate focus from the lens. 
Since the lens is convex, its focal length is negative : thus/= - 15, 
and^= +20. Inserting these values, witA their proper signs, in 
the equation 



we get 



Thus 



III 
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or/'= - 60 cm. The refracted rays converge to a point 60 cm. 
behind the lens (as in Fig. 6$). 

2. If the luminous point in the last example were 12 cm. from the lens, 
how would the rays behave after transmission through the lens ? 

Here/= + 12 and/ as before = - is« Inserting these values in the 
equation, we get 



Thus 



I 
IS 
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I 
12* 
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I 




/ 


~I2 


'is 






_S-4_ 
60 


I 
60 



and/'=+6ocm. The conjugate focus is on the same side of 
the lens as the luminous point. This is what might have beien 
expected, for the source of light is at a smaUer distance from the 
lens than its focal length. This case corresponds to that illustrated 
in Fig. 66 : the transmitted beam is divergent and appears to 
proceed from a virtual focus 60 cm. from the lens and on the 
same side as the incident light. 

« 

3. Rays of light diverging from a point 6 in. before a lens are brought 
to a focus 18 in. behind it :« what is the focal length of the lens ? 

Here / = + 6 and ^' = - 18. The value of/ is given by the equation 
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I II 
/ 18 6 




_i_3_ 4_ 
18 18 


2 

"9' 


•./=-2=-4i. 

^ 2 ^2 





and 

The focal length is - 4J in. Since it is negative, the lens must be 
convex. 



Convex Lenses 

72. Geometrical Construction for Ima^e. — Images 
produced by convex lenses may be either real or virtual. In 
discussing the formation of images by lenses we shall make 
use of geometrical constructions similar to those employed in 
the case of mirrors (see Arts. 32, 33, and 35). 

Among the many rays which proceed from any luminous 
point to the lens, there are three whose directions after refrac- 
tion are easily followed : — 

(i) Any ray whose path passes through the optical centre 
may be regarded as passing straight through the lens (Art. 64). 

(2) Any ray parallel to the principal axis is refracted so as 
to pass through the principal focus. 

(3) Any ray whose path passes through the principal focus 
will, after refraction through the lens, proceed parallel to its 
principal axis. 

If we wish to find the image of any luminous point, we need 
only follow out the directions of two of the above-mentioned 
incident rays — say (i) and (2) — and find the point of inter- 
section of the refracted rays : this is the image of the luminous 
point. If the refracted rays actually intersect at this point, 
the image is real : if they have to be produced backwards 
(in front of the lens) before they intersect, the image is 
virtual 

73. Heal Imafires. — Let AB (Fig. 67) be an object in 
front of a convex lens whose optical centre is at O and prin- 
cipal focus at F. OF is the direction of the principal 
axis. 

Join AO and produce it : the image of A lies somewhere 



along this line (which is the secondajy axis through A). From 
A draw a second incident ray parallel to the principal axis : 



I^. 67.— RxAL, Inverted, and Ehlasced Iuace. 

the corresponding refracted ray passes through F. The image 
of A lies somewhere along this ray : it must therefore be 
formed at a, where the two refracted rays intersect. 

Similarly the image of B is found to' be at b. The images 
of points lying between A and B are formed at corresponding 
points between a and i. ab is the image of AB. 

The image is real. Not only can it be 'seen by an eye 
placed in a suitable position, but it can also be thrown on a 
Icreen (see Expt. 37), 

In Fig. 67 the image is enlai^ed, but this is not always the 
CaBe. We shall see in the next article that the size of the 
Image depends upon the distance of the object from the lens, 
and that it may be either enlarged or diminished. This will 
also be evident from the following consideration. Whenever 
k real image is formed, the image and object may change 
places. Thus if ab in Fig. 67 were an object, AB would be 
its image, and in this case the image would clearly be smaller 
In size than the object. 

The object and its real image are always on opposite sides 
of the lens ; and, since the rays which pass through the centre 
(0) of the lens cross each other at this point, the real image 
is always invertid. 

74. Relative Sizes oT Imase and Object. — In order 
to find the relative sites of im^ie and object, we take as our 
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object the straight line AB (Fig. 68) drawn perpendicular to 
the principal axis BCF of the lens. The image of A is at a, 
the positian of which is found by the usual geometrical con- 



Fig. «. 

struction. The image is completed by drawing ai perpendicu- 
lar to the principal axis (the image of B being at A on the 
axis). 

The triangles aiC and ABC are similar ; for the opposite 
angles at C are equal and the angles at t and B are right 
angles. Hence (Euclid, VI. 4) the sides about these angles 
are proportionals, ie., 

AB~BC" 

Now dC is the distance of the image from the optical centre 
of the lens. If we suppose the thickness of the lens to be 
small, we may say that AC is the distance of the image from 
the lens, and BC is the distance of the object from it. Thus 

The relatvue sixes of image and object are as their respective 
distances from the lens. 

If we denote the sizes of image and object by 1 and 0, and 
their respective distances from the lens by/" and/, we may 
state the result in the form 



O p 



(^) 



76. The above result is true for all images formed by 
lenses. When we come to consider virtual images and con- 
cave lenses, you should follow out the proof for yourself in 
each case. Notice also that here the relative sizes are ex- 
pressed directly in terms of distance from the lens. In the 
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case of mirrors (Art. 34) the proof was not so simple. The 
diagram (Fig. 33) gave the relative sizes in terms of the 
distances from the centre of curvature, and then we had to 
prove that the sizes were also proportional to the distances 
from the mirror itself. 

The ratio (-] between the sizes of image and object is 

called the magnification. Here, as usual, the word *size' 
refers to linear dimensions. 

When an object is placed at a distance 2/ in front of a 
convex lens of focal length^ a real image is formed at an equal 
distance behind the lens, and the image and object are of the 
same size. 

For example, suppose an object to be placed 60 cm. in front of 
a convex lens of 30 cm. focal length. To find the position of the 
image we have to put/= +60 and/= - 30 in the equation 

I __ I I 

III 

I _ I I _ I 
f bo 30" 60' 
and .*. p' - -60. 

The image is formed 60 cm. behind the lens. Since the 
image and object are equally distant from the lens, they are 
also equal in size. 

When the distance of the object from the lens is greater 
than 2fy the image is diminished. When the distance of the 
object is less than 7.f the image is enlarged. But no real image 
is formed when the distance of the object is less than /(see 
Art. 79). 

76. Examples. — i. An object is placed at a distance of 3 ft in front 
of a lens and the image is formed i ft. behind the lens. What is the focal 
length of the lens ? and what kind of lens is it ? 

Here/=3 and/'= - 1. 

r«^. Ill 

13 3' 
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and /=--. 

I 4 

The focal length is f ft. or 9 in. , and since it is negative the lens is 

convex. 

2. An object whose length is 5 cm. is placed at a distance of 12 cm. 
from a convex lens of 8 cm. focal length : where is the image formed 
and how long is it ? 

Here/= - 8 (since the lens is convex) and /= +12. 

The distance of the image from the lens is given by the equation 



or 



III 




8~/"l2' 




III 

/~^"8' 




_2-3_ 
24 


I 
24 



Thus /'= *- 24. The image is formed at a distance of 24 cm. on the 
other side of the lens. Since its distance from the lens is twice 
that of the object, its length is also twice that of the object, or 
= 10 cm. 

3. I have a convex lens of 15 cm. focal length. How far from an object 
must I hold it so that it may produce a real image of the object magnified 
three times ? 

Suppose p and p' to be the required distances of the object and image 
from the lens. Since the image is to be three times the size of the 
object, its distance from the lens must be three times as great, or 
p'=2P (numerically). 
It must, however, be noticed that in stating the relation 

in Art. 74, we took no notice of the signs of the quantities p and p\ 
Since our image is to be real it must be formed on the opposite side 
of the lens (as in Fig. 68) ; thus/' is negative and = - 3/. 
In the usual equation 

i_ I I 

we have now to put/= -15 and /'= -3^. We thus get the 
equation 

1 _ II 

"i5~~3/~/ 
in which p is the only unknown quantity. Solving this we find 
that /= +20. Thus the lens must be held at a distance of 20 
cm. from the object. The image is formed at a distance of 60 cm. 
(3 X 20) on the other side of. the lens. 
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[In working out questions of this kind, a diagram drawn roughly to scale 
is an useful guide. You can also check your work by finding out whether the 
values of/ ^xdf' found are in accordance with the value of/ given.] 

77. Experimental lUustrationa — The student should 
now perform the following experiments with a convex lens, and 
then proceed to measure carefully the focal length of several 
convex lenses by the methods described in Art. 78. The large 
(front) lenses of an opera-glass or telescope will do : but the 
best plan will be to get from an optician a few cheap unmounted 
lenses of focal lengths varying from 2 in. to i ft. (say 5-30 cm.) 
These can be mounted in wood or cork mounts and clamped 
to a retort-stand. For purposes of measurement, the lens, 
candle, and screen are best mounted on the optical bench 
(p. 129). 

ExPT. 36. — Focus the sun's rays on a sheet of paper by 

means of a strong magnifying-glass. The bright round spot 

of light is an image of the sun, and is formed at the principal 

• focus of the lens (Arts. 66-69). The focal length of the lens is 

the distance between it and the image. 

Strong convex lenses are often called 'burning-glasses,' 
because they concentrate heat as well as light at the focus. 
Bits of paper and chips of wood are easily set on fire by 
focussing the sun's rays on them. We have thus a proof that 
' radiant heat,' like light, can be refracted. 

ExPT. 37. — Place a lighted candle at one end of a dark room. 
In the middle of the room, and at the same height as the 
flame, place a convex lens. Move a screen backwards and 
forwards on the other side of the lens until the real inverted 
image of the Hame is sharply defined on it. Proceed as in the 
case of the concave mirror (p. 160, Expts. 19 and 20). Notice 
particularly the following points. 

The image is real, inverted, and diminished. If the distance 
of the candle is great compared with the focal length of the 
lens, the image is formed very nearly at the focus. If you 
lower the candle, the image rises, and vice versa : the image of 
a point always lies on the secondary axis passing through that 
point. 

As the candle moves up towards the lens, the image moves 
away from the lens and becomes gradually larger. Measure 
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the distances of the object {p) and image {p') from the lens in 
several positions, and see whether T' " J remains constant and 

equal to j, (See Art. 69. Remember that p is negative here. 

If you focus the image carefully, your results should agree with 
the theory.) 

When the candle and screen are at equal distances from 
the lens, the image is equal in size to the flame itself. The 
distance of each from the lens is 2/, or the focal length is one- 
quarter the distance between the candle and its image when 
both are equal in size (Art. 75). 

As the candle moves still nearer the lens the image moves 
still farther away : it is now larger than the object, but remains 
real and inverted. This holds good for distances of the object 
between 2/'andyl 

When the flame is at the principal focus it gives a parallel 
beam or forms an image at an infinite distance. When it is 
still nearer the lens (/</) no real image is produced, but on 
looking at the flame through the lens you see a virtual, erect, 
and enlarged image. 

78. Methods of Findingr Focal Lenfirth. — The focal 
length of a convex lens can be measured by any of the 
following methods : — 

I. By allowing a beam of parallel rays — or rays from any 
very distant object — to fall on the lens. An image of the 
object is formed at the principal focus (see Expt. 36). 

ir. The above method can be modified by making use of 
the lens itself to form the parallel beam. 

Suppose F (Fig. 69) to be a source of light placed at the 
principal focus of a convex lens C. After passing through the 
lens the rays of light would form a parallel beam. Now let a 
plane mirror MM' be held normally in this beam, so as to 
reflect the light back. Each ray would travel back along its 
own path and would again be refracted by the lens, so as to 
pass through its focus F. Thus an image coincident with the 
source of light would be produced. 

This gives us a simple and accurate means of measuring 
the focal length of the lens. It is similar to Method III for 
concave mirrors, and is carried out with the apparatus there 
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described (p. 162). SS' is a cardboard screen provided with 
hole and cross-threads. The hole is brightly illuminated by 




Ml 



JW' 



Fig. 6g. 



an Argand burner placed behind (at L). The lens is placed 
at a distance from the screen roughly equal to what the focal 
length is supposed to be. The exact distance of the mirror 
from the screen is not important : it should be tilted so that 
the blurred spot of light seen on the screen should fall just by 
the side of the hole. 

Now move the lens backwards or forwards until this 
blurred spot becomes a bright image of the hole, with the cross- 
threads well defined. The distance between the screen and 
the lens is now the focal length. 

III. By throwing a real image of an object on a screen, 
and measuring their respective distances from the lens. The 
focal length can then be calculated from the equation 

III 

As an object we may use a candle-flame or the hole and 
cross-threads above described. Measurements should be made 
with the object at different distances. The value of f should 
be calculated from each experiment, and the mean value taken 
as correct. 

IV. Find by trial that position of the object which gives an 
equal-sized real image at an equal distance on the other side of 
the lens. Measure the distance between the object and the 
image : one-fourth of this is the focal length. This is simply 
a special case of Method III. 



j8-Bo CONVEX LENSES 207 

79. Virtual Imagee. — Virtual images are produced by 
convex lenses when the distance of the object from the lens is 
less than its focal length. 

In Fig. 70 the position of the focus is marked at F and / 
on either side of the lens. The object AB is between the lens 
and its principal focus. O is the optical centre of the 
lens. 

Join AO. The image of A lies somewhere along this line. 



Fig. JO,— CoKVEK Lehs ; Virtual Image. 

which is the secondary axis through A. From A draw a ray 
parallel to the principal axis of the lens : this is refracted 
through the focus F, These two rays do not meet, however, 
if they are produced on the left-hand side of the lens. But 
if produced backwards they do meet at a point on the same side 
of the lens as the object, and this point is the virtual image of 
A. The image of B is found in the same way, and lies on the 
secondary axis OB. 

An observer looking at the object AB through the lens sees 
a virtual, erect, and enlarged image of it. Thus a convex lens 
can be used as a ' magnify ing-glass ' or simple microscope for 
examining small objects or reading smal! print. 

The magnification depends upon the relative distances of 
the image and object (Art. 74). These distances are given by 
the usual equation for conjugate foci (see examples in Art. 81). 

SO. Table of Resnlts. — In the following table /denotes 
the focal length of the lens, which is supposed to be convex. 
Distances are measured from the lens. 
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Distance of Object. 


Distance op Image. 


Characteristics op Image. 


Infinite 


J * • • • 


Real, inverted, diminished. 


Greater than of . 


Between /and 2/ . 


Real, inverted, diminished. 


2/ . . . 


2f . 


Real, inverted, equal in size. 


Between 2/ and/ 


1 

Greater than 2/" 


Real, inverted, enlarged. 

1 


T^essthan/ 


Greater than / (on 
same side as object) 


Virtual, erect, enlarged. 



81. Examples. — i. An object is placed at a distance of 10 cm. from 
a convex lens of 15 cm. focal length : find the position and characteristics 
of the image. 

Here/= - 15. \ip' is the distance of the image from the lens, 

I _ I 1 

. ' _ ^ ' _-3~*__ ' 
/'"lo^iS"" 30 ~3o' 



and/' =+30. The image is formed at a distance of 30 cm. 
from the lens, and on the same side as the object. It is therefore 
virtual and erect. Since /' = 30 and p = 10, the image is tnagni- 
Jied three times. 

2. If an object at a distance of 3 in. from a convex lens has its image 
magnified three times, what is the focal length of the lens ? 

There are two solutions to this problem, for the image may be either 
real or virtual. In the first case the image and object are on 
opposite sides of the lens ; in the second case both are on the 
same side of the lens. 

In both cases, since the image is three times as large as the object, 
its distance fi'om the lens must be three times that of the object : 
but this only gives us the numerical value of/' in terms of/ with- 
out stating whether it is positive or negative. 

(i) Image real — 

/' is negative and=: - 3/ or= - 9 in. 
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or the focal length of the lens is - aj indies. 
(3) Image vinuat — 

/ is positive aQd = 3/= +9 in. 

Thus i = i-i=--, 

7 9 3 9 

and /= - ?, 

so that the focal length in this case is - 4) inches. 

Concave Lbhsbs. 

The general properties of concave lenses have already been discussed in 
Arts, 6j and 66. 

82. Images produced by Concave Lenses are BiwaTB Virtual, 
Brect, and Diniliiished.— Let AB (Fig. 71) be the object, O the 
optical centre of the lens, and F its focus. 

A ray proceeding from A parallel to the principal aiis will, after refirac. 



tlon through the lens, appear to come (rora F in the direction of the dotted 
line. This line intersects the secondary axis AO at a. Rays proceeding 
from A emerge from the lens as though Ihey came from the point a, a is 
the virtual image 0! A. Similarly i is the virtual image of E 

The image ai is virtual, erect, and diminished. This is not only the 
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case when the object is beyond F (as in o\ir figure), but is always true for 
all images formed by concave lenses. 

83. Bzamples. — i. The focal length 6f a concave lens is 3 inches. 
Rays of light diverge from a point on its axis, and 6 in, from it. How 
will they proceed after refraction through the lens ? 

Here/= + 6 and, since the lens is concave, /= + 3. The distance of 
the conjugate focus is given by the equation, 

i_ I I 

r^ I I 1 3 

^^ J' = i + 6 = 6- 

and .*. /'= +2. 

The conjugate focus is at a distance of 2 in. from the lens. Since it 
is on the same side ( + ) as the source it is virtual. The rays after 
refraction proceed as though they diverged from a point 2 inches 
from the lens. 

2. A virtual image of an object 30 cm. from a lens is formed on the 
same side of the lens and at a distance of 10 cm. from it. What kind of a 
lens is it ? 

The focal length of the lens is given by the eqiiation, 

I I I 2 

/ 10 30 30* 

and .•,/=+i5. 

Since the focal length is positive, the lens must be concave. This 
may also be seen from the fact that the image is nearer the lens than 
the object is, and is therefore smaller : if the lens were convex, the 
virtual image would have been magnified. 

Examples on Chapter VII 

Read carefully the rules and instructions given in Arts. 30, 65, 66, and 
68-70. Observe how these are applied in the solved examples in Arts. 71, 
76, 81, and 83. Draw diagrams roughly to scale for the purpose of 
guiding and checking your algebraical work. When you are about to sub- 
stitute the numerical value for any symbol in an equation, be careful to 
give it the right sign ( +or- ). 

Remember that — 

The focal length of a convex lens is negative. 

The focal length of a concave lens is positive. 

When/' is found to be positive, the image is formed on the same side 
of the lens as the object, and is virtual; when/' is negative the image is 
formed on the opposide side of the lens and is real. 

The size of the image is to that of the object as /' is to /. But if the 
image is real, /' is negative : if it is virtual, /' is positive, 

I. Ra3rs of light diverging from a point i fl. in front of a lens are 
brought to a focus 4 inches behind it. What is the nature of the lens, and 
what is its focal length? 
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3. The focal length of a convex lens is 9 cm. Rays of light diverge 
from a point on its axis and 12 cm. in front of it. Find the position of 
the conjugate focus. 

3. Rays of light diverge from a point 20 cm. in front of a convex lens. 
The focal length of the lens is 4 cm. How do the rays behave after refrac- 
tion through it ? 

4. If an object is placed z ft. from a convex lens of 9 inches focal length, 
where is the image formed ? 

5. An arrow 4 inches long is placed 10 inches in front of a convex lens 
whose focal length is 4 inches. Illustrate by a figure, and find the position 
and length of the image. 

6. An object is placed at a distance of 60 cm. from a convex lens of 15 
cm. focal length : where is the image formed ? Compare its size with that 
of the object. 

7. An object whose length is 5 cm. is placed at a distance of 12 cm. 
from a convex lens of 8 cm. focal length : what is the length of the image ? 

8. A candle is placed at a distance of 10 ft. from a wall, and it is found 
that when a convex lens is held midway between the candle and the wall, 
a distinct image is produced upon the latter. Find the focal length of the 
lens, and the relative sizes of the object and image. 

9. A coin half an inch in diameter is held i ft. in front of a convergent 
lens : if the focal length of the lens is 8 in. , find the position and magni- 
tude of the image. 

10. Draw figures, approximately to scale, showing the paths of the rays 
of light, and the positions of the images formed when a luminous object is 
placed at a distance of (i) i inch, (2) 6 inches from a convergent lens of 
2 in. focal length* 

11. An object is placed 8 in. from a convex lens, and its image is formed 
24 in. from the lens on the other side. If the object were placed 4 in. from 
the lens, where would the image be ? 

12. A candle stands at a distance of 2 metres from a wall, and it is 
found that when a lens is held half a metre from the candle a distinct 
image is produced upon the wall : find the focal length of the lens, and 
also state the relative sizes of image and object. 

13. A lens of 9 in. focal length is to be used for the purpose of pro- 
ducing an inverted image of an object magnified three times : where must 
each be situated ? 

14. A convex lens is held 5 ft. from a wall : and it is found that there 
is one position in which an object can be held so that a real image of it, 
magnified five times, is thrown upon the wall. Determine this position, 
and also the focal length of the lens. 

15. You are provided with a convex lens of 18 in. focal length, and are 
required to place an object in such a position that its image will be 
magnified three times : find the positions which will give (i) a r^, and (2) 
a virtual image of the required size. 

16. A person looks at an object through a concave lens of i foot focal 
length, the object being 5 feet beyond the lens. Draw a figure showing 
the paths of the rays by which be sees the image formed, and determine 
its position. 



CHAPTER VIII 



OPTICAL INSTRUMENTS 



84. The Optical Lantern. — In its best-known form — 
the < magic-lantern * — this instrument is mostly used for pro- 
jecting upon a screen images of pictures photographed or 
painted upon glass. These are called * slides.' The slide, held 
in a suitable slide-holder (s Fig. 72) is placed just in front 
of the condensing lenses cc, which are so called because they 
condense upon it the light emitted by the source /. The slide 




Fig. 7a. — Optical Lantern as used for Projection. 

thus forms a brightly-illuminated object, in front of which is 
placed the * objective ' or projecting lens. This is generally a 
compoxmd lens, but we may regard it as a simple lens of 
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which the optical centre is at o. The objective produces a 
real, inverted, and magnified image of the slide. This image 
is focussed on the screen by sliding the lens-holder k backwards 
or forwards : a finer adjustment can be made by the focussing- 
screw/ 

If the image on the screen is to appear right-side up, the 
slide must clearly be put in upside down. 

85. A Photoeraphio Camera or camera obscura consists 
of a small dark chamber, the body of which is generally made 
of folded leather or cloth, after the manner of a bellows, so that 
it can be shortened or lengthened at will. The front consists 
of a woodet) board in which is mounted a lens. This throws 
an image of external objects upon a sheet of ground-glass let 
into the back of the camera. When the photographer is about 
to take a portrait or view he focusses this image sharply upon 
the ground-glass screen by moving cither the back of the 
camera or the lens Iront. The screen is then replaced by a 
sensitised plate, which is usually a plate of glass coated with a 
film of gelatine containing linely-divided salts of silver. 

86. The Eye. — From an optical point of view the human 
eye may be regarded as a camera obscura in which the glass 
screen or sensitive plate 

is replaced by a sensi- 
tive membrane (rrr. Fig. 
73) called the retina. 
It contains a double- 
convex lens — the crys- 
talline lens, o — which 
divides the eye into two 
chambers. The posterior 
chamber is filled with a 
jelly-like substance called FEg. 73. 

the vitreous humour iyv). 

The anterior chamber is filled with a watery liquid called the 
aqueous humour {a) : this is bounded in front by the cornea 
(cc\ a tough transparent membrane shaped like a very convex 
watch-glass. 

Partly by refractions through these humours, but mainly 
by the action of the crystalline lens itself images of external 



objects are fonned upon the retina. For further explanation 
of the way in which the nerves are affected and the sensation 
of vision produced, the reader is referred to books on 
Physiology. 

87. Instruments for Magnifjriiiff. — In Art 79 we saw 
how a magnified virtual image of an object could be produced 
by means of a convex lens placed at a distance from the object 

less than its focal length. 

When greater magnifying powers are required the following 
method is used. Let AB (Fig. 74) be the object and O a 
convex lens which produces a real image of it at ab. This 
image can not only be thrown on a screen or viewed directly 



by an eye placed behind it, but it can also be observed by 
means of a second convex lens. For this purpose the lens must 
be placed at a distance from ab less than its focal length. An 
observer looking through the second lens sees at A'B' a 
magnified virtual image of ab. Instead of examining the object 
itself with a magnifying-glass he applies the magnifier to an 
image of the object. 

This principle is employed in the construction of compound 
microscopes and astronomical (refracting) telescopes. The 
image seen is evidently inverted, but in the instruments named 
this causes no great inconvenience. 

EXPT. 38.— Select two convex lenses for carrying out the method above 
described. Use as your object a pair of cross-wires, or a piece of ground- 
glass on which a small arrow has been drawn with a fine hard pencil. 
lUuminale the object brightly by a gas-flame. 

The lenses are most easily adjusted as fallows. Focus on a second 
ground-glass screen the real image produced by the flrst lens. Mark Its 
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position wilb a pencil on the glass. Focus the ^,4 
second lens on this mark by moving it backwards ^"^ 
or forwards until a magnified virtual image of the 
■nark is seen on looking through the lens. Now 
remove the glass and you will see a magnified and 
[nverlod image of the object. 



Fig. J5. 

88. AstronomlcBl Teleaooite.— This coti- 
ilsU essentially of two lenses : (1) a, large lens of 
considerable focal length called the eiject-glass. 
and (1) a smaller lens [or system of tenses) of 
short focal length called the cyi-fieci. When the 
telescope is directed towards a star, a real, dim- 
inished, and inverted image of the star is formed 
at the focus of the object-glass. This image Is 
observed through the eye-piece, just as if it were 
an actual object, and thus a second and magnified 
image is obtained. ] 

80. The Compound Mlcroacope differs 
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from the telescope in having a small object-glass of short focal length. 
By placing this at a suitable distance from the object a magnified . real 
image is obtained. The path of the rays within the microscope is shown 
in fig. 75. The object-glass O produces at aii^ a real image of the object 
ad. This image, already magnified, is viewed through the eye-piece O' and 
thus the observer sees at AB a virtual and greatly magnified image. 

90. Gkdileo's Telescope— Opera-Glass. — In the earliest form of 
telescope, invented by Galileo, the object-glass consists as usual of a 
convex lens, but the eye-piece is a concave lens. The way in which the 
lenses act will be understood from Fig. 76. The object-glass C alone 
would form at ad a real, inverted image of the object AB. But when the 
concave lens c is interposed, each convergent pencil is converted into a 
divergent pencil. Thus, the rays which would otherwise converge to the 
point a are made, by passing through the concave lens, to diverge from a 
virtual focus at A' (A' being on the Secondary axis ac). Thus the 
observer sees at A'B' a virtual image of the distant object AB. 

An ordinary opera-glass is simply a double-barrelled Galilean telescope. 
This form of telescope has the advantage of producing an erect image. 

EXPT, 39. — Start as in Expt. 38 ; but instead of using a second convex 
lens take a concave one. Interpose it between the first (convex) lens and 
the image on the screen. Look through the concave lens and adjust its 
position until you see distinctly a virtual, erect image of the arrow. 



CHAPTER IX 
DISPERSION AND COLOUR 

01. In experimenting with prisms, and in examining the 
images produced by lenses, you have doubtless already noticed 
the appearance of certain coloured edges. These are seen 
even when the object itself is not coloured ; indeed they are 
most distinct when the object is white or when it consists of 
a hole or slit illuminated by white light. White light in fact is 
not simple but compound ; and by refraction it is split up into 
its component parts. The composite nature of white light was 
discovered by Newton. 

02. Newton'B Experiment. — Newton allowed a beam 
of sunlight to stream through a small round hole in the window- 
shutter of a darkened room. In the path of the beam he 
placed a glass prism so as to refract the light upwards towards 
the opposite wall. But instead of seeing on the wall a round 
or oval image of the sun he found that by passing through the 
prism the light was 

drawn out into a | 

coloured band of 

considerable length, 

violet at the top and 

red at t^e bottom 

(Fig. 77). This he 

called the spectrum. 

The colours of the Fig. 77, 

spectrum follow the 

same order as the tints of the ranbow ; they pass imper- 
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ceptibly from red at the one end through all the gradations 
of orange, yellow, green, and blue, to violet at the other end. 

93. We learn from this experiment : — 

(i) That white light is not simple but compound : it is the 
result of a mixture of many colours. 

(2) That these colours can be separated by passing the light 
through a prism. 

(3) That various colours have various degrees of refrangi- 
bility ; violet being the most refrangible and red the least. 

94. Dispersion. — Our second law of refraction (as stated 
on p. 172) is only correct so long as we keep to light of one 
colour, say yellow light. On entering a refracting medium a 
violet ray is bent more than a yellow ray, and therefore the 
index of refraction for violet light is somewhat greater than the 
index for yellow light ; for red light it is less than for either 
violet or yellow. The difference between the amounts of 
bending produced by passing through a prism produces a 
separation ox dispersion of the various coloured rays. 

96. Newton also placed a second prism behind the first 
with its edge in the same direction, so as to cause a further 
refraction. He found that no new colour was introduced ; the 
second prism simply increased the amount of deviation or 
lengthened the spectrum. 

He then turned the second prism round, placing its edge 
towards the base of the first prism, so that the refractions due 
to the two prisms were in opposite directions. He now found 
that there was thrown upon the wall a white image of the sun 
(slightly displaced, as it would be by passing through a thick 
plate of glass). We learn from this that the various spectral 
colours mixed in the proper proportions can be made to 
recombine and form white light Other methods of performing 
this recomposition are given in Expts. 43 and 44 (p. 222). 

96. A Narrow Slit necessary. — In Newton's experiments 
the light was admitted through a round hole. Now, if you 
imagine such a hole to be divided up into narrow strips, in a 
direction parallel to the edge of the prism, you will easily see 
that each strip of light would produce a spectrum of its own : 
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these successive spectra would overlap each other, so that the 
colour in each part of the resultant spectrum would be mixed 
up with some of the colours lying on each side of it. For this 
reason the colours in Newton's spectrum were not pure. The 
first requisite for the production of a pure spectrum is that the 
light should come through a narrow slit parallel to the edge of 
the prism. In Art. 98 it will be shown that certain other 
adjustments are necessary for projecting a pure spectrum on a 
screen. For the present we shall assume that the spectrum is 
observed directly by looking through a prism at a narrow slit 
or narrow strip of white paper pasted on a black background. 

07. Oolour due to Absorption. — Now let a piece of 
coloured glass, say red glass, be placed in fropt of the slit. 
The more refrangible part of the spectrum (violet, blue, etc.) is 
cut off : only the red and orange get through. By interposing 
the red glass we do not introduce into the spectrum any colour 
which did not exist in it before : hence we conclude that the 
glass appears red not because it introduces any fresh colour 
into the light which is transmitted through it, but because it 
stops or absorbs certain other colours, 

A similar explanation holds good for the colours exhibited 
by bodies when they are viewed, as is more usual, by the light 
which they reflect. For, in general, the reflection does not 
take place wholly from the surface of the body : some of the 
light penetrates a little distance below the surface, and, in so 
doing, its colour may be modified by the suppression of other 
colours. A rose appears red because it reflects mainly red 
light and absorbs the more refrangible end of the spectrum ; 
and its leaves appear green because they contain a green 
colouring-matter (chlorophyll) which possesses the property of 
absorbing red light. A lily appears white because it reflects 
equally all the component colours of the sunlight. Viewed in 
red hght it would simply appear red ; and in blue light, blue. 

98. Production of a pure Spectrum. — ^We have already seen in 
Art. 96 that a narrow slit is required for the production of a pure spectrum. 
In order that the spectrum may be sharp and distinct it is also necessary 
to place the prism in the position of minimum deviation (Art. 58), for this 
is the position in which the best definition is secured. This is all that is 
necessary when the spectrum is observed by looking directly through the 



prism. Bal if the spectrum is lo be tbrown upon a sc 
further is required. 

For let S (Fig. 78) be the slit. Through lliis there streams a wedge- 
shaped beam of light which, before the prism is interposed, throws upon 
the screen a patch of while hght It. When the prism is interposed, the 
lieam of light suffers refraction and dispersion. If it consisted altogether 
of red light, there wouM be seen upon (he screen a red patch of light at 
rt' ; and if it con^ted of violet l^ht there would be a violet patch at inf. 
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Fig. 78.— liinixB SracTKUu pokhbd bv Pbism. 

All the red light, after passing through the prism, would appear to diverge 
from a virtual focus at R, and all the violet light from a virtual focus al V. 
An observer looking through the prism in this direction would see at RV 
a virtual spectrum of the white light proceeding from S. 

But upon the screen itself the spectrum is confused and impure, because 
the various coloured patches overlap each other. This overlapping would 
be prevented if we could convert each patch into a narrow strip, 
and this we can do by interposing a convex lens as shown al L (Fig. 79). 
The lens converts the divergent beam into a convergent beam, and, if the 
prism were absent, would produce at S' a real image of the slit. If the 
hght were all red, the lens and prism would together produce on the screen 
a real image of (he slit at R ; and if it were violet they would produce a 
real image at V. Thus, with white light, we obtain upon the screen a 
series of sharply-defined coloured images of the sUl arranged side by side 
and formmg a pure spectrum. 
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We may therefore slate as follows the /Arte catdilions requisite for the 
production of a pun ^ecirum : — 
(i) The slit must be narrow. 

(2) A real image of the sUl must be formed by a convex lens, 

(3) The prism must be placed in the position of minimum deviation. 

99. E£zp«ilnient8 with tbe Spectrum. — For projecting a spectrum 
□n a screen it is best to make use of an optical lantern (Art, B4) furnished 
with the Ume-Iight. All stray li^ should be excluded Irom the roonL 



Fig. 79.— PUBB SPECTKUU FOKHaS BV LsNS AND PrISH. 

The noiile of the lantern is to be covered with a blackened cap, as in 
ExpL la, but la this case the slit (about 3 miUimetres wide) is to be 
verticaL A fairly large lens, of about 25 cm. focal length, should be 
used. The most suitable prisms are hollow glass pnsms filled with carbon 
bisulphide [CSJ ; this substance has a higher dispersive power than glass, 
and therefore gives a longer spectrum than a solid glass prism does. The 
spectrum should be received on a screen somewhat larger than itself (say 
70 cm. long and 50 cm, high) and made of thick white paper stretched on 
a wooden frame. 

ExpT. 40. — Id the path of the lantern beam, and about 1 metres Irom 
the sUl, fix a small screen. On this, by means of the lens, focus a real and 
enlarged image of the slit (as at S', Fig, 79) : if the lens has the focal 
length above staled it will have to be put about 30 cm, from the slit. 
Behind the lens place the prism. Place the large screen in a suitable 
position for receiving the spectrum, as at RV, Fig. 79, and let its distance 
from the prism be equal to the measured distance of S' from the prism. 
Adjust the prism so that the deviation is a minimum. This can be done 
by trial — twisting the prism slightly In one direction or the other until the 
red end R of the spectrum on the screen is u near as possible to S'. You 
now have upon the screen a pore and bright spectrum of the Ught radiated 
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by the hot lime. With a 60** bisulphide prism, and adjustments made as 
above, the spectram will be about 40 cm. long. 

EXPT. 41. — Hold various coloured glasses in front of the slit and 
observe what parts of the spectrum are cut out. Notice that scarcely any 
of the transmitted colours ?s^pure. Red glass lets through a fairly pure 
red mixed with some orange : but blue (cobalt) glass not only lets through 
the blue and violet end of the spectrum but also a considerable amount of 
red. 

Examine in the same way coloured solutions contained in flat glass cells. 
A strong solution of potassium bichromate cuts off all the more refrangible 
end of the spectrum, letting through only red, orange, and yellow. An 
ammoniacal solution of copper sulphate lets through the green, blue, and 
violet only. Thus the absorptions of these solutions are complementary, 
and if they are both placed together in front of the slit they stop all the 
light. 

ExPT. 42. — Pass a blue ribbon through the spectrum. In the more 
refrangible part, especially the blue, it appears of its ordinary colour. In 
the red end it appears black ; it absorbs all the light that falls upon it and 
reflects none to the eye. A bright red ribbon shows the effect even more 
distinctly : placed in the orange of the spectrum, one edge of the ribbon 
appears red and the other edge (in the yellow) appears black. Thus the 
colour of a body depends not only upon the nature of the body itself but 
also upon the nature of the light which falls upon it. 

ExPT. 43. — If you have another prism of the same kind you can repeat 
Newton's experiment on the recomposition of white light by placing the 
second prism close behind the first and edge to base. You will thus get 
again a white image of the slit on the small screen at S' (Fig. 79). 

Instead of a prism you may use a lens for recombining the colours. The 
best kind of lens for this purpose is a cylindrical lens ; but it is not neces- 
sary to get one of glass, for a large beaker filled with water answers 
perfectly. 

ExPT. 44. — The effect of mixing colours can also be studied by means 
of circular discs of cardboard divided up into coloured sectors. In order 
to show the recomposition of the various spectral colours, the tints and 
sizes of the sectors should be chosen so as to correspond as nearly 
as possible to the tints and breadths of the various colours in the 
spectrum. If such a disc is attached to a whirling-table or a humming-top, 
and made to rotate rapidly in a good light, it appears of a uniform 
whitish-grey. 

Examples on Chapter IX 

X. Describe an experiment proving that white light is compound. How 
can it be shown that the constituents into which it is resolved are not like- 
wise compound ? 
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2. One piece of glass appears dark red, and another appears dark green, 
when held up to the light ; explain why, when they are both put together, 
no light can be seen through them. 

3. A ribbon purchased by gaslight appeared to match the dress with 
which it was to be worn. Next morning the match appeared to be very 
imperfect. Explain this. 



ANSWERS TO EXAMPLES 



Chapter II (p. 129) 

6. As 4 is to 9. 6. As 9 is to 4. 7. 1 0*2 4 candle-power. 
8. I ft. from the candle and 3 ft. from the lamp. 



Chapter V (p. 167). 

3. The image would be formed i ft. 4 in. in front of the 
mirror. 4, 6 cm. behind the mirror. 6. /= + 30 cm. : the 
mirror is concave. 0. The image is 7 ft 6 in. in front of the 
mirror and is 5 in. long. 7. /= +12 cm. : the mirror is 
concave. 8. The image is 3 ft from the mirror and 3 in. long. 

9. The image is 10 in. in front of the mirror and 7.\ in. high. 

10. /= + 8 in. 11. /= + 18 in. ; /= + 36 in. The image 
would be one-half the size of the object 12. Real, 33 J cm. in 
front of the mirror, and 4 cm. long. 14. 30 in. behind the 
mirror; magnification = 6. 16. The image moves through 
2^'^ in. ; i.e, from 24 in. behind the mirror to 20*3 in. behind 
it. 17. (i) Image is virtual and erect, 4 in. behind the mirror, 
2 in. long ; (2) image is 8 in. behind the mirror, i in. long. 
18. The image is 7*5 cm. behind the mirror and 3 cm. long. 



Chapter VII (p. 210) 

1. Convex :/= -3 in. 2. 36 cm. behind the lens. 3. They 
converge to a point 5 cm. from the lens and on the other side. 
4. 3 ft. from the lens on the other side. 5. Image is real, 6 
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in. long and 6| in. from lens. 6. p—-20 cm. : one-third size 
of object 7. I o cm. 8. 2 ft. 6 in. : equal in size. O. P* = 
-2ft.: diameter of image = i in. 11. i ft. from the lens and 
on the same side as the object. 12. /= - 37»5 cm. ; as 3 to 
I. 13. The object must be i ft. from the lens and the image 
3 ft. (on the opposite side). 14./'=: +12 in. ; /= - 10. in. 
16. (i)/=2 ft. ; (2)/= I ft. 10. p^ + 10 in. 



SOUND 



CHAPTER I 
INTRODUCTION— VIBRATORY MOTION 

1. Sound caused by Motion. — If you examine any 
sounding body you will soon come to the conclusion that the 
sound is produced by motion of some kind. In many cases 
the motion is obvious and can be followed by the eye. For 
example, if you take hold of a stretched string between your 
finger and thumb, pluck it to one side and then let it go, the 
string will give out a sound and, at the same time, will be seen 
to swing from side to side. If the rate of motion is very rapid 
you may not be able to follow each separate swing, but the 
fact that the string is in motion is shown by its losing its 
definite outline and presenting the appearance of an indistinct 
gaury spindle. By touching the string with the finger the 
motion can be stopped, and it is then found that the sound 
ceases at the same time. 

The same indistinct appearance is presented by the prongs 
of a tuning-fork while it is sounding. When any hard object, 
such as the point of a knife, is held against the prongs, a loud 
rattling noise is heard ; and quite a little shower of spray is 
thrown up when the points of the fork are dipped into water. 
If you want further proof of the motion you can easily get it 
by striking the fork and then making it touch your lips or 
teeth. 

2. The kind of Motion. — A tuning-fork consists essenti- 
ally of two steel springs united together at one end, and each 
prong of the fork moves in much the same way as a single 
straight spring clamped at one end. By taking a long thin 



spring (instead of the comparatively short and thick prong of 
the tuning-fork) we can make the motion slower and e 



ExPT. I, — Clamp the lower end of the spring in a vice. 

PuU the upper end to one side, as at /, Fig. I. The spring 
is elastic : it bends or 'gives.' In 
order to bend it you have to exert 
force upon iL In virtue of its elas- 
ticity the spring tends to recover 
its original form, and if you wish 
to keep it bent you must continue 
the pressure gainst it. 

Now let the spring go. It flies 
back : but it does not stop when it 
has got back to its original position 
(vertical). It overshoots the mark 
and moves, with gradually diminish- 
ing velocity, to about an equal dis- 
tance on the opposite side (/), It 
then begins to return, again over- 
shoots the mark, gradually comes 
to rest, starts hack again, and SO 
goes on swinging from side to sid& 
^'  Owing to the resistance of the air, 

etc, the amplitude of the excursions gradually diminishes, 

and finally the spring comes to rest. 

3. Tibratioii. — When a body or point moves in the 
manner above described it is said to vibrate or oscillate. 
Referring again to Fig. i, a movement from / to / and back 
again to / is called a complete ■vibration. The amplitude of 
the vibration is measured by the extent of the motion on either 
side of the mean position or position of rest, i.e. half the 
distance If. 

If you take a watch and examine the rate of vibration of 
the spring, you will find that this rate is regular and independ- 
ent of tke amplitude of vibration. Whether the excursions 
made by the end of the spring are great or small, the number 
of vibrations executed in a given time is constant. Thus the 
vibration is regular m periodic. The time required to perform 
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a complete vibration is called the period of vibration. We 
shall denote this time (measured in seconds or a fraction of a 
second) by t. If the number of complete vibrations performed 
in a second be denoted by n^ then 

I 

n 

We may call n the frequency of vibration or the vibration- 
number, 

4. Vibration of Pendulum. — The periodic vibration of 
an elastic spring is very similar to that of a pendulum swinging 
under the action of the earth's attraction. When the bob of 
the pendulum is displaced to one side and then let go, it 
swings to a nearly equal distance on the other side, stops, 
returns, and goes on swinging from side to side regularly, but 
with the amplitude of the oscillations gradually diminishing, 
and finally the pendulum comes to rest. The vibrations are 
regular : the period of vibration is constant and independent 
of the amplitude. As in the case of the spring, each complete 
vibration may be divided up into four similar parts. 

The pendulum is in its mean position, or position of rest, 
when the string is vertical and the bob is at its lowest point 
(N, Fig. 2). Now suppose the bob to be displaced to one 
side, say to A. The bob not only moves to the left but rises, 
for it moves in an arc of a circle. In order to raise it through 
the distance HA you have to exert force and do work in 
lifting the weight of the bob upwards. You have thus given 
to the bob the power of doing an equal amount of work 
in falling through the same distance, i,e, to its position of 
rest. It possesses energy of position, or potential energy?- 
When the pendulum is released it moves with gradually 
increasing velocity, and this velocity is greatest when the 
bob is at its lowest point. The energy has now been changed 
from the potential into the kinetic form. It is this kinetic 

1 The energy of a body is its capacity for doing work. 

A body is said to yhssksa potential energy when it is able to do work in virtue of its 
Position, A raised weight (as in a clock) and a head of water are examples of bodies 
possessing potential energy. So also are coiled springs, compressed air, etc. ; so that 
* position ' must here be held to include change of form or volume. 

A body is said to possess kinetic energy when it is able to do work in virtue of its 
motion. Thus the wind does (useful) work in turning the sails of a wind-mill ; a 
cannon-ball does (destructive) work in crashing through the walls of a fort. 
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energy possessed by the bob that prevents it from coming to rest 
at its lowest point and carries it over to the other side (A'), at 
the same time lifting it up against the action of gravity. At 
the end of the first swing (or semi-oscillation) the bob comes 
to rest for an instant and then retraces its path. In the first 
quarter-period the energy changes from the potential to the 
kinetic form, and in the second quarter-period from the kinetic 
to the potential form. In the third and fourth quarters the 
same changes are gone through with velocities reversed. 

Observe that the velocity is least (zero) at the points where 
the displacement is greatest (A and A') : the velocity is greatest 
when the displacement is zero (N). 



^4,. 
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Fig. 2 



B^ 



Fig. 3. 



5. Simple Straigrht-line Vibration. — If the distance 
through which a pendulum swings is small compared with the 
length of the string, the path of the bob is very nearly a 
straight line. The following is a better illustration of such 
vibration. 

ExPT. 2. — Coil some thin wire round a pencil or cork- 
borer. Hang the spiral up and to its lower end attach a lead 
bullet (N, Fig. 3). Pull the bullet down to A and then let it 
go. It fiies up to A' and continues for some time to oscillate 
up and down along a vertical line. This vibration along a 
straight line may be regarded as a type of the kind of motion 
which accompanies sound-waves in air. 
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6. Elcustioity. — The force tending to bring the pendulum 
back to its position of rest is due to the attraction of the earth 
on the bob. In the case of the spring the* force is due to 
the elasticity of the spring itself. When the spring is bent 
or pulled out, work is done in overcoming the resistance due to 
its elasticity, and this work is stored up as potential energy 
in the spring itself. After being released it moves in the same 
way and goes through the same changes of energy as the 
pendulum. Like the latter it is gradually brought to rest by 
resistances due to the air, etc. 

The elasticity of a body may be defined as being tkaf 
property in virtue of which it requires force to change its form 
or volume^ and recovers its original form or volume when the 
force is removed. 

Solids in general offer resistance to any change either of 
form or volume, and are therefore said to possess elasticity of 
form as well as elasticity of volume. Fluids exhibit the latter 
only, for they do not offer resistance to change of form 
(see p. 27). 

In common language we speak of substances like india- 
rubber as being very elastic, because they * give ' or stretch 
readily. In scientific language the term is used in quite a 
different sense. Without entering into any details of the 
methods of measuring elasticity, we may here state generally 
that the elasticity of a substance is measured by the force 
required to produce a given change of form or volume. If the 
substance yields readily when force is applied, its elasticity is 
said to be small : but if it offers great resistance, it is said to 
be highly elastic. Thus the elasticity of steel and glass is 
great, for both these substances require the application of 
considerable force to produce even a small change of form. 
Again, the elasticity of water is very much greater than that 
of air: if the atmospheric pressure were to be doubled, the 
volume of any given quantity of air would (according to Boyle's 
law) be reduced to one-half; whereas such a change of pressure 
would produce scarcely any appreciable effect upon the volume 
of a given quantity of water, 

7. Graphical Representation of Vibration. — The 
following experiment shows how the vibration of a tuning-fork 
may be studied and represented graphically. 
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EXPT. 3. — Smoke one side of a strip of glass by holding 
it over the flame of burning turpentine or camphor. Make a 
light pointed style of thin sheet-brass or wire : fix this to the 
end of one prong of a tuning>fork, as shown in Fig. 4. A 
bristle attached with wax may be used instead, but is apt to 




Fig. 4. —Wave-Line tkaced by Fork. 

bend or break off. Strike the fork, and immediately draw the 
style lightly but quickly over the smoked glass. After a little 
practice you will be able to produce a beautifully regular wavy 
line on the glass. This * wave-line ' is a record of the motion 
of the prong in its own handwriting. 

8. Musical Sounds and Noises. — By musical sounds 
are meant such as are produced by the human voice, the violin, 
the organ, and other instruments used for musical purposes. 
It is not possible to draw any very sharp distinction be- 
tween a musical sound and a noise. The sounds produced 
by certain instruments used in military bands — e,g, drums and 
triangles — cannot strictly be called musical, and yet they do 
not destroy the harmony of the music, but rather strengthen 
and brighten it. 

We may, however, broadly distinguish between the two 
classes of sounds as follows. A noise is produced by confused 
and non-periodic movements, — movements which are irregular 
both in respect of time and strength : whereas a musical sound 
is produced by regular and periodic vibrations. Our business 
lies entirely with the latter class of sounds, and we shall in 
general use the word sound as denoting a musical sound. 

0. Pitch. — The long thin spring used in Expt. i gave out 
no sound while vibrating. A certain rate of vibration must be 
reached before any audible sound is produced. By gradually 
shortening the spring you can make it vibrate more rapidly, 
until at last it begins to produce a deep sound or a note of 
* low pitch.' By still further shortening the spring (or by using 
a shorter and thicker one) you can go on increasing the rate 
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of vibration : this will make the note still higher or * raise the 
pitch.' Thus the pitch of a note depends upon the rate of 
vibration. Further proofs of this will be given later on. 

10. Intensity of Sound. — ^The intensity or loudAess of a 
sound depends upon the amplitude of vibration of the sounding 
body. You can verify this statement sufficiently well for 
present purposes by watching a vibrating string while it is 
coming to rest : as the amplitude of vibration diminishes so 
the sound gradually dies out. In the case of a tuning-fork it , 
can be verified by a slight modification of Expt. 3. 

But there are other circumstances that affect the intensity 
of the sound produced by an instrument. A vibrating string 
(or a tuning-fork) does not offer a large 
surface to the air : it cannot directly set 
any large mass of air into vibration, 
and consequently it produces only a 
feeble sound. But if it is made to im- 
part its vibrations to an elastic body 
presenting a larger surface to the air 
(generally a thin wooden board called 
a * sounding-board'), the intensity of 
the sound is greatly increased. This 
principle is employed in the construc- 
tion of most stringed instruments, such 
as violins and pianos. Tuning-forks, 

also, when used for experimental purposes, are generally 
mounted on sounding-boxes (Fig. 5), which greatly strengthen 
the sound. 

Expt. 4. — Take hold of a tuning-fork by the stem and set 
it into vibration. You hear only a feeble sound as long as the 
stem is held in the hand : but the sound swells out much more 
loudly when it is lightly pressed against a table or door-panel ; 
or, better still, against its own sounding-box. 




Fig. 5. 



CHAPTER II 
WAVE-MOTION 

11. Water- Waves. — You cannot begin the study of 
wave -motion better than by examining carefully the waves 
which travel over the surface of a pool of water when a 
stone is dropped into the middle of it. Where the stone 
drops there is at first produced a depression, which im- 
mediately begins to spread outwards from the centre of dis- 
turbance in the form of a circular trough. The disturbance 
which thus travels to the edge of the pool is caused, not 
by any bodily motion of the water outwards, but by a 
downward motion of the water-particles, which spreads out- 
wards from point to point. This downward motion is fol- 
lowed by a swing upwards, producing a crest, which follows 
the trough and travels after it with the same velocity across 
the surface of the pool. By, this succession of moving troughs 
and crests is produced a series of ripples or water-waves. 
The distance between one crest and the next, or between one 
trough and the next, is called a wave-length (Arts. 15 and 16). 

That the water itself does not move in the direction in which 
the waves travel is shown by the behaviour of chips of wood 
or bits of straw lying on its surface. These simply rise and 
fall, floating idly on the surface of the water and showing no 
tendency (unless the disturbance be very violent) to move 
forward in the direction in which the waves are travelling. 

12. Two kinds of Waves. — Observe that in the case 
of water-waves the motion of the particles is an up-and-down 
motion ; whereas the waves themselves move horizontally 
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across the surface of the water. Such waves are called trans- 
verse waves, because they are produced by motion which is 
transverse or at right angles to the direction in which the 
waves are propagated. Strictly speaking, the motion of the 
water particles is circular, but all that we wish to do here is 
to point out the broad distinction between the two classes of 
waves, which are called respectively transverse and longitudinal 
waves. 

13. Transverse Waves are such as are produced by a 
vibratory motion of particles executed in a direction at right 
angles to that in which the waves are propagated. As an 
instance of the production of a transverse wave may be 
mentioned the sudden jerk which a bargeman sends along 
a rope when he wishes it to clear an obstacle in its path. 

Get a rope a few yards in length and lay it straight along 
the floor. Take hold of one end and, by jerking it rapidly 
from side to side, send a series of right- and left-handed pulses 
along it. 

If an instantaneous photograph of the wave were taken it 
would present an appearance like that of the wave-line in 
Expt. 3. The waves appear to travel along the rope in the 
direction of its length : but the appearance is simply due to a 
vibration of each part of the rope which is executed trans- 
versely (or at right angles to its length) and which is com- 
municated from each part of the jope to the next 

14. Longitudinal Waves are such as are produced by a 
vibratory motion of particles executed along the line in which 
the waves are propagated. 

If you look down from a hillside upon a cornfield when a light 
summer breeze is blowing over it you will see a good example 
of wave-motion. The only motion of which the ears of com 
are capable is a slight swinging motion ; but as the breeze 
sweeps along the motion is transmitted from one ear to the 
next and from this again to its neighbour. Thus a certain state 
of things (ears of com tightly packed together) is transmitted 
from point to point, and every gust of wind produces a wave 
of condensation which skims across the surface of the field. 
The waves are not wholly longitudinal. There is some little 
transverse motion : for each comstalk swings like an inverted 
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pendulum. But in the main the motion of the ears takes place 
in the line along which the wave travels. Observe that the 
characteristic of wave-motion is the transmission of a certain 
state of things or state of motion without any corresponding 

The best illustration of longitudinal waves is afforded by 
r of a spiral coil of wire. 



the behavi 



ExPT. 5. — Make a spiral of'thick copper wire by winding 
it tightly round a curtain-pole or a thick glass tube. When 
drawn out the spiral should be about two yards long.^ Hang 
it up by a series of double threads, as shown in Fig. 6, the 



Fig «.— Wave-Machihb (WeinhoM). 

double suspension being for the purpose of preventing any 
side swing. 

By means of such a 'wave-machine' you can study the 
mode of propagation of waves of condensation as well as 
waves of rardaction. A wave of rarefaction is produced by 
taking hold of one end of the spiral, pulling it out in the 
direction of the axis with a smart jerk, and then letting it go. 

I A common defect of iLpiral colli us«l for mujlraling wave.moliffil Is thut they 

as it quickly pasHS hIqi^ the ccqt. It is lealiy worth while takitiE trouhle to 
make a ^ood spiial, for it can be ii»d afterwards to illuMiate itflecdon, inteifercnce, 
and suiionary vibration. I find that the followins dimensions (recommended by 
Weinhold) are very luitable, rii.— Diameter of wire, a mm. ; diameter d( spial, 
J ciu. ; Dumber of turns, ja; length of cotapletej apijaJj a melret; leogth of threads 
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A wave of condensation is produced by striking one of the free 
ends of the spiral inwards. This is rather apt to make the 
spiral rock : a better plan is to take hold of the outer turn of 
wire by the end and push it inward or pull it outward, as the 
case may be. 

Try both methods. Watch the waves as they run quickly 
along the spiral, and examine the way in which the separate 
coils move. You will thus learn more about wave-motion than 
you could by reading many pages of description. If you find it 
difficult to follow the motion of each turn of wire, gum strips of 
paper or tie bits of twine to a few of them : you will then easily 
see that each turn simply moves forward and backward as the 
wave passes it. Notice that when a pulse of condensation is 
running along the spiral the coils move forward in the direc- 
tion in which the pulse is travelling : whereas in the case of a 
pulse of rarefaction the coils move backward^ or in a direction 
opposite to that in which the pulse is travelling. 

Place the blade of a knife between the coils near one end 
of the spiral and rake it quickly across a few turns towards the 




other end. You will thus produce a double pulse or complete 
wave : for each turn of wire as it escapes from the knife swings 
backward (or outward), thus producing a pulse of rarefaction 
(C, Fig. 7) which follows the pulse of condensation (B). 

Fasten one end of the spiral to an empty box (a cigar-box). 
Strike the free end. The pulse runs along the spiral and you 
hear it deal a smart rap against the box. The energy of your 
blow is transmitted along the spiral to the box ; the wave 
carries the energy without carrying the matter to which the 
energy was first imparted. 

15. Wave-line and Wave-lengrth : Phase. — ^The curved line in 
Fig. 8 represents a portion of a wave-line (or of a rope along which trans- 
verse waves are passing). The dotted line is the axis of the waves, and 
the arrow shows the direction in which they are travelling. The short 
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equidistant vertical lines represent the paths along which the particles 
a^ b, c , . . vibrate. 

The whole wave-line (of which only a portion is shown in the figure) 
consists of a repetition of exactly similar parts, and the shortest of such 
parts into which it can be cut is called a wave-lenfirth. Thus, starting 
from a, the distance am is a wave-length, for the part of the curve 
following m is an exact copy of that between a and m. Similarly bn, co, 
dp . . . are wave-lengths. 

The various particles a, b, c , . . are moving with different velocities, 
some up and some down. a,b,c are moving downwards ; ^ is at rest for 
an instant ; from « to i all are rising : then j is at rest, and so on. Any 
two particles which are moving in the same direction and with the same 
velocity are said to be in the same phase. Thus the pairs a and m, b and 
n, c and 0, d and / are in the same phase. We may therefore define 
the wave-length as being the distance between the two nearest particles in 
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Fig. 8. — Transverse Wave-Motion. 

the same phase. Notice particularly that ag is not a wave-length : it is 
only half a wave-length, a and g are not in the same phase : for although 
they have the same velocity they are moving in opposite directions. Nor 
are d and J in the same phase : for though both are at rest d is just starting 
downwards and/ upwards. 



16. Wave-lenfiTth and Velocity. — The waves in Fig. 8 are supposed 
ta be travelling towards the right. The curve indicates the positions of the 
particles at a particular instant. Their positions at any future instant can 
be found by shifting the wave-line forward through a certain distance 
depending on the interval of time. 

Consider the particle m. When m has completed a whole vibration — 
down, up to the top, and back again to its mean position, — ^the disturb- 
ance will have moved forward through the distance am, i.e. through a 
whole wave-length. Thus we get a third definition of wave-length : it is 
the distance through which a wave travels in the time required for a complete 
vibration. 

We know that 

I 

T 

when n denotes the vibration-number and r the period of vibration (Art. 3). 
Let X denote the wave-length and v the velocity with which the waves 
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travel forward : we have just seen that they move through the distance X 

in the time t. 

r^ . 1 -x distance 

Thus smce velocity = — -: , 

time 

it follows that v = - = -. X, 

T T 

or Z/ = nk. 

This last result is of the greatest importance. The relation between 
velotity, vibration-number, and wave-length which it expresses holds good 
not only for transverse waves but for all kinds of waves. 

17. CoznpariBon between Longitudinal and Transverse 
Waves. — The bottom line (R) in the accompanying figure represents a 
series of particles at rest. The line above (L) represents the positions of 
the particles when traversed by a series of longitudinal waves. The top 
line (T) represents the positions of the particles at the same instant when 
traversed by corresponding transverse waves. An upward displacement in 
the transverse wave corresponds to a displacement to the right in the longi- 
tudinal wave ; a downward displacement in the transverse wave corresponds 
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Fig. 9.— Transverse and Longitudinal Waves. 



to a displacement to the left in the longitudinal wave. The position of 
any particle in L is found by displacing the corresponding particle in R 
through a distance proportional to the displacement in T. The two sets 
of waves correspond in the following respects : — 

A crest in T corresponds to portions of L in which particles are dis- 
placed to the right, A trough corresponds to displacements to the left. 

The points of no displacement (N) occur alternately on falling and rising 
parts of the curve T : iese correspond to alternate centres of compression 
and rarefaction in L. 

In T the distance NN represents half a wave-length* so in L the 
distance between a pulse of compression and a pulse of rarefaction is half 
a wave-length. A complete wave-length in L is represented by the distance 
between two successive condensations or two successive rarefactions. 



CHAPTER III 
TRANSMISSION OF SOUND— ITS VELOCITY 

18. Transmission of Sound through Air. — We have 
seen that sound is caused by a vibratory motion of the sound- 
ing body. We have next to consider how this motion travels i 
through the air and reaches our ears. 

It is important to understand that when sound is trans- 
mitted through the air, the air itself does not move as a whole, 
but a certain state of motion is transmitted through the air from 
point to point and from particle to particle. Thus the report 
caused by the explosion of a gun can be heard for miles 
around ; but the smoke expelled from the muzzle of the gun 
only travels forward for a few yards. 

Let us return to our spring (Fig. i) and see how its 
vibrations affect the air in its neighbourhood. As the spring 
swings from left to right (/ to /') it compresses the air in front 
of it. The air, being elastic, resists the compression and tends 
to expand. In so doing it compresses the air lying in front of 
it. This again reacts upon the next layer of air, and so the 
motion of the spring causes a pulse of compression^ which 
travels forward with uniform speed through the air. 

Meanwhile the spring has swung backwards towards the 
left hand (from / to /). The particles of air in contact with it 
share its motion, and thus the layer of air lying towards the 
right of the spring expands or is rarefied. The pulse of 
rarefaction thus produced travels forward through the air with 
the same uniform speed as the pulse of compression. 
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As the spring begins its next vibration another pulse of 
compression is produced ; and this again is followed by a 
pulse of rarefaction. Thus a series of alternate pulses of 
compression and rarefaction are produced, and follow each 
other in regular succession through the air (as indicated in 
Fig. 10). The student must refer to text-books on Physiology 
for an explanation of the manner in which these sound-waves 
aifect the ear when they fall upon it and produce the sensation 
of sound. 

The wave-length of a given note in air may be defined in 
any of the ways given in Arts. r6 and 17: e.g. it is the 



Fig. 10.— Sound- Waves in Air. 

distance between two consecutive pulses of compression or two 
consecutive pulses of rarefaction ; or it is twice the distance 
between a pulse of compression and the next pulse of 
rarefaction. 

le. Transtulsalon through a Oyllndrical Tube. — 
Sound-waves are propagated through air contained in a 
cylindrical tube much like the waves in Expt. 5. The waves 
are longitudinal ; the air-particles vibrate backward and for- 
-ward in the line along which the waves advance. 

Imagine the spiral replaced by a cylindrical column of air, 
along which pulses are sent by a vibrating tuning-fork or spring 
at one end. Each forward swing of the fork sends a pulse 
of condensation along the coliunn : the ensuing backward 
swing sends a pulse of rarefaction after it at the same speed. 
A regular succession of such pulses constitutes a train of sound- 



20. Intensity. — In general, however, the disturbance 

travels outwards in all directions from the source. All the 
particles which are just beginning; to move at any instant are 
said to lie in ihe wave-front. In free air the wave-front has 
the form of a sphere. 

In calm air the sound produced by a bell or other vibrating 
body is heard equally well in all directions around it The 
sound-waves are spherical in form (the source of the sound 
being the centre of the spheres), and they travel outwards freely 
in all directions. 

It can be shown from this that the intensity of the sound 
diminishes according to the same law (the ' law of inverse 
squares") as the intensity of light (p. 124). 

21. A Material Medium required for Tranemission 
of Sound. — Before proceeding further, it will be well to point 
out that sound cannot, like light and radiant heat, travel 
through a vacuum. This may be shown by the following 
experiment. 

ExPT. 6. — Place on the plate of an air-pump a few folds of 
flannel or a thick tuft of cotton-wool. On this lay a loud- 
ticking watch, an alarum clock, or any 
arrangement for striking a bell by 
clockwork (Fig. 1 1 ). Cover the whole 
with a bell-shaped receiver, and begin ' 
working the pump. As the air is 
gradually exhausted from the receiver 
the sound becomes fainter and fainter. 
If the pump works well and produces 
a good vacuum, the sound may en- 
tirely disappear. The effect is still 
more strikingly shown by readmitting 
the air into the receiver, when the 
sound is again distinctly heard. 

Air is not the only gas that 

'^' "■ will transmit sound. This may be 

shown by admitting any other gas into the exhausted receiver. 
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22. Sound Transmitted by Liquids. — It is said that 
divers under water can distinctly hear words spoken by 
persons near the shore. That water does conduct sound may 
be easily shown as follows. 

ExPT. 7.— Stick the handle of a tuning-fork into a large 
cork. Take a tumbler, nearly fill it with water, and place it 
on a tray or on the sound-box belonging to the fork. Strike 
the fork, wait until the sound has become faint, and then hold 
it so that the cork is immersed in the water. There is a 
marked increase in the loudness of the sound. This is more 
strikingly shown by alternately raising the cork and again 
lowering it into the water, when the intermittent swelling and 
sinking of the sound is plainly perceived. The explanation 
will be easily seen on referring to Art. 10. The sound is 
conducted through the water to the glass and the sounding- 
board, which in turn sets the air into vibration. 

23. Sound Transmitted by Solids. — The following 
experiments will serve to illustrate the transmission of sounds 
by solid bodies. 

ExPT. 8. — To one end of a pine rod (4 or 5 ft long and 
about I in. in diameter) glue a thin pine board about 6 in. 
square to act as a sounding-board. To the other end hang a 
watch by a hook, and then apply your ear to the sound-board. 
Notice how distinctly the ticking of the watch is heard. 

Or get a friend to strike a tuning-fork and press it against 
the farther end of the rod, moving it off and on so that you 
may be certain that the sound is heard by transmission through 
the rod. 

ExPT. 9. — Stop up both your ears and get a friend to hold 
a watch so that you can take hold of the ring between your 
teeth. Do this and you will be surprised at the loudness of 
the ticking. The sound seems to be felt rather than heard. 
Bite off and on to make sure that it does not come through 
the air. The sound is conducted through the teeth to the 
bones of the head, and through them to the ears. 

24. Velocity of Sound in Air. — Just as waves travel 
with a definite velocity across the surface of water, or along 
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spiral springs, so are sound-waves propagated with a definite 
velocity through air. This velocity is vastly smaller than that 
at which radiant heat and light travel (p. 131). Thus we see 
lightning-flashes some time before we hear the thunder that 
accompanies them, and the interval that elapses -between the 
flash and the peal gives us some idea how far off the storm is. 
The velocity of sound in air has been measured repeatedly 
and by various methods. Of these the most easily understood 
is that adopted by the Paris Academicians. This consisted in 
measuring the interval that elapsed between the instant at 
which the flash from a distant cannon was seen and the instant 
at which the report was heard (the exceedingly short time 
taken by light in travelling over the same distance being, of 
course, neglected). The same method was employed after- 
wards by Arago, Gay-Lussac, and others. They chose two 
stations (Villejuif and Montlh^ry) near Paris and 18,613 metres 
apart. The observers at each station were fiimished with 
chronometers and a 6-pounder cannon. Observations were 
made at both stations alternately so as to get rid of any 
disturbing effect due to wind. As the mean result of many 
experiments it was found that the report took 5 4 '6 seconds to 
travel from one station to the other. Dividing the distance by 
the time, we get 341 metres as the distance travelled in one 
second. Allowing for the temperature (16** C.) at which the 
experiment was made, this gives 331 metres per second as 
the velocity of sound in air at o" C. Subsequent experiments 
have shown that this value is correct. It corresponds to a 
velocity of 1086 feet per second. 

25. The velocity of sound in air increases with rise of 
temperature at the rate of about 2 ft. or 62 cm. per degree 
centigrade. Thus at the ordinary temperature of 15° sound 
travels about 1 1 16 ft. or 340 metres per second. 

The velocity is independent of the atmospheric pressure. 
However the barometric height may vary, sound travels at the 
same rate as long as the temperature remains constant (see 
Arts. 30 and 31). 

The velocity is practically independent of the loudness of 
the sound and quite independent of pitch. Otherwise a song 
would only be heard in correct time close to the singer, and 
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hannony would be impossible ; band-music heard a hundred 
yards away from the band would. consist of most frightful 



26. Velocity In Water. — The velocity of sound in water 
was measured in 1827 by Colladon and Sturm. They moored 
two boats in the Lake of Geneva at a distance of I3i487 
metres apart. From one boat a large bell B (Fig. 12) was 
suspended in the water. This could be struck by a hammer A 
attached to a lever which was so arranged that in moving it a 
match m was brought into contact with aheap of powder^ at 




Fig. IS. 

the very instant when the bell was struck. The flash served 
as a signal to the observers in the second boat. From this 
was suspended in the water a kind of laige speaking-trumpet, 
the mouth of which was closed by a membrane T. By apply- 
ing his ear at E, the observer could distinctly hear the sound 
transmitted through the water. It was found that the interval 
between seeing the flash and hearing the sound was g'4 seconds. 
This gives 1435 metres per second as the velocity of sound in 

27. Velocity in Solids. — Sound travels very rapidly 
through solids, its velocity in glass and steel, for example, 
being about fiAeen times as great as its velocity in ^r. 
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Sound is also transmitted through rocks, and with greater 
velocity than in air. If you stand near a mine in which shot- 
firing is going on, you can generally distinguish two sounds, 
the first being a dull thud or rumbling noise travelling through 
the ground, and the second being the report transmitted in the 
ordinary way through the air. 

28. Theoreticcbl Calculation of the Velocity in Air. — ^According 
to a theoretical calculation made by Newton, sound ought to travel in any 
medium with a velocity which is given by the equation 



v=N/i 



(0 ' 



when E denotes the elasticity of the medium and D its density. 

Now it can be proved that in the case of air or any other gas kept at 
a constant temperature the elasticity is equal to the pressure. Thus the 
velocity in air should be given by the equation 



■=V5 
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when P denotes the atmospheric pressure, expressed in the proper units. 

Inserting the correct numerical values for P and D in the above equation, 
it is found to give about 280 metres or 920 feet per second as the velocity 
of sound in air at o*. This is nearly 16 per cent less than the velocity 
found by experiment. 

29. Laplace's Correction. — Evidently there was something wrong 
about the calculation. Newton tried to explain how the difference arose, 
but the true explanation was given afterwards by Laplace. He pointed 
out that the compression produced by a sound-wave takes place so rapidly 
that the heat which is developed by it remains in the wave of compression : 
there is not sufficient time for it to be lost by conduction or radiation. 
Again, each wave of rarefaction produces a coohng effect (p. 109) ; and 
thus the elasticity cannot be calculated on the assumption that the tem- 
perature remains constant. The effect of all this is to increase the elas- 
ticity and make it equal to about 1*41 times the pressure. Introducing 
this correction (known as Laplace's correction) into the equation we get 

-%- .... (3) 

and this gives a value which agrees almost exactly with the velocity found 
by experiment. 

80. Effect of chancre of Pressure. — The velocity of sound in air is 
not affected by any change in the atmospheric pressure (or barometric 
height). This may be seen by considering how a change of pressure affects 
the two factors E and D which occur in the expression for the velocity. 
Now it is true that the elasticity is proportional to the pressure and increases 
as the pressure increases. But it follows directly from Boyle's Law that 
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the density of any gas is also directly proportional to the pressure. Any 
increase of pressure increases both E and D in the same proportion, and 

hence their ratio (~\ remains constant. Thus the velocity is independent 

of the pressure. 

81. Effect of Temperature, — It is otherwise when the temperature 
of the air changes. For suppose that the temperature rises and consider 
how this will affect the quantities inequations (i) or (3). Since the air is 
free to expand, the pressure or elasticity will remain unaltered. But the 
density of the air diminishes just as its volume increases (the density of a 
given mass of gas being inversely proportional to its volume). Thus rise 
of temperatiu-e produces an increase in the velocity, as stated in Art. 19. 

If Uie temperature rises from o** to /*, the volume increases in the ratio 
of I to (i+a/), and the density diminishes in the ratio of (i + a/) to z. 
From this it may easily be seen that if Vo denote the velocity of sound in 
air at o*, its velocity at any temperature f will be 

82. Velocity in other Gases. — The equations for the velocity given 
in Arts. 28 and 29 hold good not only for air but also for other gases. 
It therefore follows that the vddcity in any gas is inversely proportional to 
the square root of the density of the gas. , 

For example, oxygen is sixteen times as dense as hydrogen. Hence 

the velocity of sound in oxygen is to that in hydrogen as Vi : V16, or 
as I : 4. 
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CHAPTER IV 

REFLECTION OF SOUND 

33. Befleotion of Longitudinal Waves. — A good 
idea of the way in which sound-waves are reflected may 
be obtained by studying the reflection of longitudinal waves 
at the end of a wire spiral such as was used in Expt. 5. The 
reflection takes place in two distinct ways, according as the end 
\sfree ot fixed. In both cases we shall suppose the original 
(or incident) pulse to be a pulse of compression. 

Expt. 10. Reflection from a Free End. — The spiral is 
supposed to be in the state shown in Fig. 6 (both ends free). 
A pulse of compression is sent from one end — say the right- 
hand : when it reaches the other end, it does not disappear 
but is reflected as a pulse of rarefaction. When it returns to 
the right-hand end it is again reflected, but now as a pulse of 
compression again. Thus at each reflection at a free end the 
wave suffers a change of type : a pulse of rarefaction being 
reflected as a pulse of compression and vice versd, 

Expt. ii. Reflection at a Fixed End. — Push one end 
of the spiral into a cork and clamp this fast to a heavy retort- 
stand. Send a pulse of compression along the spiral from the 
free end. When the pulse reaches the fixed end the motion 
of the coils is reversed and the wave is reflected back, but still 
as a pulse of compression. In the same way a pulse of rare- 
faction is reflected as a pulse of rarefaction. In reflection from 
a fixed end there is no change of type. The cases of reflection 
to which we shall for the present restrict our attention are oP 
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the same kind as those which occur at the fixed end of a 
spiral. 

34. Befleotion of Sound-Waves. — Sound-waves are 
reflected from solid obstacles in much the same way as the 
longitudinal waves in the last experiment. Each pulse of 
compression or rarefaction, when it reaches the obstacle, is 
reflected, giving rise to a pulse of compression or rarefaction 
travelling in the opposite direction. 

In the case of light we saw that in order to get good reflec- 
tion it was necessary that the reflecting surface should be 
smooth and polished : in the case of sound the most essential 
thing is that the reflecting surface should be of considerable 
extent. You will doubtless recollect instances in which you 
have heard band>music or the sound of church-bells apparently 
reaching you in a direction totally different from that of the 
band or steeple, the sound being reflected from a wall or row 
of houses. 

36. Echoes. — An echo is produced when a sound is 
reflected normally (or back along its own path) from a high 
cliff or wall If a person standing at a sufficient distance from 
the cliff shouts or claps his hands, he hears the sound repeated. 
In order that he may hear tlie echo distinctly it is necessary 
that the time taken by the sound in travelling to the cliff and 
back again should be sufficiently long to enable him to dis- 
tinguish between the original and the reflected sound, for 
otherwise the two would be confused together. 

Suppose that we allow one-fifUi of a second for this ; and 
further that we take the velocity of sound as 1 1 00 ft. per 
second. In one -fifth of 'a second sound travels 220 ft., so 
that we must allow for no ft. to the cliff and 1 10 back to the 
observer. Thus in order to hear the echo distinctly the 
observer's distance from the cliff should not be much less 
than no ft 

36. Sensitive Flames. — In experimenting on reflection 
of sound (and especially for class demonstration) it is con- 
venient to have some means of indicating the presence and 
whereabouts of a sound. This is best done by means of 
sensitive flames. 
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When the pressure of the gas supplied to a jet is gradually 
increased, a point is reached at which the flame begins to 
flare : just at this point it becomes very sensitive to sound and 
especially to hissing and tinkling sounds. The flame should 
be long, thin, and straight, as shown in the accompanying 
figure. A suitable jet can be made by drawing out a piece 
of glass tubing to about 2 mm. diameter, cutting it off with a 
file and grinding the edge smooth on a stone. But as glass 
jets are very liable to crack, it is better to get a plain steatite 
burner with a small round hole. The sensitiveness of a flame 
depends upon the burner and upon a proper regulation of the 
gas -pressure: sometimes a burner is so sensitive that it is 
scarcely possible to work with it. The flame can be protected 
from accidental noises by surrounding it with a glass globe 
^ provided with suitable openings ; 

into one of these may be inserted 
a funnel for the purpose of catch- 
ing the sound and directing it 
towards the base of the flame. 

EXPT. 12. — Procure a gas-bag 
(a rubber bag such as is used for 
lantern work), press it down flat 
to squeeze out all air, and then 
connect it by rubber tubing to the 
gas-supply. Raise the pressure- 
boards, so as to let the gas stream 
in freely, and when the bag is full 
of coal-gas close the tap attached 
to the bag. Connect the tubing 
to the sensitive jet. Put on the 
pressure-boards and place weights 
on them so as to increase the 
pressure until the jet begins to 
flare. Now reduce the pressure 
slightly and you will find that the 
flame is in the sensitive state. It 
has the form shown in A, Fig. 13. 
The slightest noise makes the flame 

roar, and at the same time it becomes shorter and broader 

and jagged at the edges, as shown in B. 



B 



Fig. 13. 
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Stand a few feet from the flame and shout : each time it 
ducks down. Try singing and whistling. Talk to it and see 
how it picks out the s sounds. Rattle a bunch of keys : it 
roars furiously, 

37. Experiments on Reflection of Sound. — The 
reflection of sound may be illustrated in the same way and 
with the same apparatus as that described on pp. 99-101 for 
demonstrating the reflection of heat-radiation. 

ExPT. 13. — Arrange the tin tubes and reflector as shown 
in Fig. 59, p. 100. For the present purpose the tubes may 
be somewhat longer than those used for the radiation experi- 
ment : say 4 ft. long each. At T place the sensitive flame, 
adjusting the mouth of the funnel over the end of the tube. 
It may be necessary to screen the flame from sound travelling 
directly from B to it : this can be done by hanging wet 
towels across between B and T to act as sound-screens. Or 
the sound may be prevented from getting outside as follows : 
Make a loose sleeve of cloth and tie it over the end of the 
tube at B. Take a small piece of tinp-late in one hand and a 
penny in the other. Place both hands well inside the ^sleeve 
and tap the penny against the tin-plate. If the reflector at R 
is properly adjusted, the flame will now respond, ducking down 
at each tap. Remove the reflector R, If the flame is still 
affected, try tapping more gently. 

ExPT. 14. — Repeat the experiment by hanging a watch 
in front of the tube at B and using your ear in place of the 
sensitive flame at T. The ticking is much more distinctly 
heard when the reflector is in position than when it is re- 
moved. 

ExPT. 15. — Place the two tubes end to end and in a 
straight line so as to form one tube 8 ft. long. At this distance 
the ticking of a watch is not audible in free air. But if you 
hang a watch in front of one end of the tube and apply your 
ear to the other end, you will hear the ticking with surprising 
distinctness. 

This will enable you to understand how * speaking-tubes ' 
can be used for communicating between different rooms in a 
building. Their behaviour may be explained as a result of 
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repeated reflections from the sides of the tube (see Expt. 64, 
p. 100), or as a result of keeping the disturbance constantly 
within the walls of the tube. 



Examples on Chapters I-IV. 

1. State ejcactly what you mean by the 'density* of a medium, and 
explain what you understand by its 'elasticity.' Is the elasticity of 
water greater or less than that of air ? How would you prove to any one 
that your answer is correct ? 

2. Describe and explain an experiment illustrating the use of sound- 
boards in making the vibrations of a wire audible. 

3. Explain any method by means of which the ticking of a watch may 
be made audible to a person at the other end of a large room. 

4. What is the velocity of sound in air ? On what grounds can it be 
asserted that musical tones of high and low pitch travel at the same speed? 

5. What is meant by a wave of sound and by the length of a wave. 
Explain how sound is transmitted through air. 

6. A gun is fired on a cold winter's day at a certain distance from an 
observer who hears the report five seconds after seeing the flash. Would 
the interval between seeing the flash and hearing the sound have been the 
same on a hot day in summer ? Give reasons for your answer. 

7. A street with houses on both sides runs north and south, and a 
church is situated at a little distance to the east of it As I walk down the 
eastern ^ide of the street the sound from a peal of bells in the church- tower 
seems to come from the west. Explain this, drawing a diagram to illus- * 
trate your answer. 






CHAPTER V 

PITCH AND MUSICAL INTERVALS 

38. Musical sounds may differ in respect of — 

(i) Intensity or Loudness.' 

(2) Pitch. 

(3) QuaUty. 

We have already stated that the intensity or loudness of a 
sound depends upon amplitude of vibration (Art. lo). Pitch 
we shall consider more fully in the present chapter. At this 
staget it is not possible to treat of quality of sounds. What 
is meant by difference in quality may be readily. appreciated 
on producing the same note by means of different instruments, 
say a piano, a violin a flute and the human voice. Even 
though the sounds be of exactly the same pitch and, as nearly 
as possible, of the same loudness, you can easily tell which is 
which. As we go on to consider the different ways in which 
musical sounds are produced we may be able to point out 
some of the causes which produce these differences in quality. 

39. Pitch is that which distinguishes a high or shrill note 
from a deep or low one. Most people can tell when two notes 
are of the same pitch or height ; and can decide which is the 
higher of two notes. People who are able to judge correctly 
of differences in pitch are said to have * a good ear for music.' 
If you are blessed with such, you will already know what is 
meant by pitch ; and if you are not, it*is scarcely possible to 
help you to such knowledge. 

40. We proceed to show by experiment (i) that any series 



of regularly recurring impulses (within a certain range) pro- 
duces a musical note; and (2) that the more rapidly these 
impulses follow each other, the higher is the pitch of the note. 
ExpT. 16. Savart'B Wlieel, — On a centrifugal machine or 
whirling-table (see Fig. 15) iix a toothed wheel, such as a large 
clock-wheel. Make the wheel rotate, at first very slowly, then 
more and more rapidly, at the'same 
time holdii^ a thin card lightly against 
the teeth. Atfirst you hear onlya series 
of separate taps. As these succeed 
each other more rapidly they begin 
to blend together and produce a low 
note the pitch of which i 
the rapidity of rotation 
The quality of the sound produced is 
poor and Uiin : it is scarcely correct 
to call it a musical note. 

ExPT. 17. The DiBo-airen. — 
Perform a similar experiment by blow- 
ing a jet of air against a rotating disc 
having a circular row of holes pierced 
in it (Fig. 14). Here again the 
quality of the sound is poor : it iS 
mixed up with the noise made by 
Tig. 14. the air in rushing against the disc. 

The disc may be ma.de of slifF smooth cardboard or sheet-melal and of 
about the followiog dimensions. Radius of disc, 1 5 cm. Radius of row 
of holes, 13 cm. Holes about O'S cro. in diameter and a cm. apart. Jet 
made of glass-tubing drawn out at the point 10 same diameter [13 (he holes 
or somewhat narrower. 

What is properly known as a ' siren ' is an instninient which does not 
differ greatly in principle from the above. Il is, however, more elal>orate 
in construction and contains a 'counter,' which registers the number of 
revolutions made in a given time. When this is known we can easily 
calculate the auinter of puffs of air per second ihai are required to produce 

In neither of the above experiments is the sound produced direcdy by a 
vibratory motion. In the case of the disc-siren, each lime a bote comes 
In firont of the jet the air rushes through and produces a pulse of compres- 
sion in the space beyond. In virtue of the elasticity of the air, tliis Is 
succeeded by a pulse of rarefaction during the interval that elapses before 
the next hole comes into position. Thus the air is set into vibration much 
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as it would be by the motion of a tuning-fork or vibrating string. The 
pitch of the note produced increases as the vibration-number or frequency 
increases (Art. 3). 

41. How Pitoh is expressed. — We may express the 
pitch of a note — 

( 1 ) Relatively, as when we say that one note is an octave 
or a fifth higher than some other note which is chosen as a 
convenient standard of reference. This is the method gener- 
ally adopted in Music. 

(2) Absolutely, as when we say that a certain number of 
vibrations per second is required to produce a note of a given 
pitch. This is the method adopted in Physics ; the pitch of 
any note , being expressed by stating its vibration-number or 
frequency (Art. 3). Thus the pitch of the note produced by 
an open organ-pipe 2 feet long is 280 ; for such a pipe, at the 
ordinary temperature of the air, produces vibrations at the rate 
of 280 per second. 

42. Musical Intervala — The interval between any two 
notes is measured physically by the ratio between the vibration- 
number of the higher note and that of the lower one. If the 
vibration-number of the lower note be «, and that of the higher 

n' 
note n\ the interval is measured by the ratio — . 

Unison, — Two notes are said to be in unison when they 
have exactly the same pitch. The ratio between the vibration- 
numbers of two such notes is clearly -. Thus although there 

is no difference of pitch between two notes in unison, the 
interval is expressed by i and not by o. 

Octave, — If the vibration-number of one note is double that 

of another, the first note is said to be an octave above the 

2 
second. This interval is represented by the ratio -. Like all 

other musical intervals, its value depends, not on the absolute 
vibration-numbers, but on their ratios. The notes represented 
by the numbers 100, 200, 400, 800 . . . are each an octave 
above the one below. 

43. The Major Diatonic Scale. — Musicians divide the 
interval between a note and its octave into seven smaller 
intervals of unequal value known as tones and semi-tones. 

S 
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The notes which occur in this * scale ' may be typified (although 
they are not exactly represented) by the white keys of a piano- 
forte. In the old or * staff ' system of notation these notes are 
known as 

C D E F G A B c. 
In the new or * Tonic Solfa' system of notation (for which 
we shall always use thick letters), the notes are represented as 

d r m f s 1 t d' 
which are read as 

Doh Ray Me Fah Soh Lah Te doh. 

These seven notes (or eight, with the addition of the octave^) 
form the musical scale in common use. To distinguish it from 
a somewhat different scale, used chiefly in solemn and mourn- 
ful music (the minor scale, called by Solfaists the * lah mode '), 
it is known as the major diatonic scale. 

At this stage no better advice can be given to a non-musical student 
than that he should play these notes on the piano, or, better still, get some 
one to sing them to him, until he knows the different notes and the intervals 
between them. Without such knowledge any discussion of the nature of 
musical intervals must be as unintelligible as Chinese. He should also 
listen carefully to the notes when sounded in pairs, and notice what com- 
binations of the notes are harmonious (or produce a pleasing effect upon 
the ear) and which are dissonant (or produce a harsh or disagreeable 
effect). 

44. Intervals which occur in the Common Chord. — 

We now proceed to illustrate how some of the more important 
intervals that occur in music can be measured and expressed 
by numbers. For this purpose we shall choose the most 
harmonious intervals, viz. those which occur in the Common or 
Major Chord. The notes which form this chord are 

d m s d' 

or, C E G c. 

We shall show in two ways that in order to produce this 

series of notes the vibration-numbers must be in the pro- 
portion of 

4, 5, 6, 8. 

1. By Savcirt's Wheels — Expt. 18. — Four toothed 
wheels will be required, having respectively 80, 100, 120, and 

^ Latin ^v:/a7'»j = eighth. 
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1 60 teeth (or numbers in the proportion of 4, 5, 6, and 8) ; and 
the wheels are to be fixed (at a little distance apart) on the axis 
of a whirling-table, as shown in Fig. 15. 

Rotate the wheels and touch each in succession with a thin 
card as in Expt. 1 6, As the speed of rotation cannot be kept 
constant for any length of time it is best to touch the wheels 
very lightly and rapidly one after the other ; the notes are 
easily recognised as being those which form the Common 
Chord. 

Change the rate of rotation. The notes all alter ; but your 
ear perceives that they always bear to each other the same 
'relative pitch.' The intervals do not depend upon absolute 
pitch, but only upon the ratios of the vibration-numbers. 

II. By the Diso-slron — Expt. 19, — For this purpose we 
require a disc of the same size as that 
used in Expt, 1 7, but pierced with four 
circular rows of holes (Fig. 15), The 
innermost row should have 24 holes, the 
next 30, the next 36, and the outer row 
48 (the numbers being in the proportion 
of 4, 5, 6, and 8). 

The jet may be made of glass tubing 
bent twice at right angles and mounted 
as shown in Fig. 14 : this arrangement 
is convenient for swinging the jet quickly 
over the four rows of holes without fear 
of breaking it. 

46. How Intervale (ire Compounded. 

— Musical iniervols are compounded iy mul/i- 
plicalion and nol by addilion. 

The experimenls just performed show us 
that the interval between d and m. or C and 
E, is teptesenied by any of the equal ratios 
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Again the interval between d and s, or C ai\d G, is represented by 

I20 36 3 

— , or -. 
24 



for 



80 ' 24 2 

Now this last is also the interval obtained by compounding the first two, 

4542' 



46. Intervals which occur m the Scale. — By experiments similar 
to those above described, or by careful experiments made with more 
elaborate apparatus, the ratios of the vibration-numbers of the notes forming 
the scale have been determined. The names and values of the various 
intervals, counting from C (the tonic or key-note) are given in the following 
table. The first column indicates the notes numbered i, 2, 3 ... in 
order, and the second and third columns their names. The fourth column 
gives the names of the intervals, and the fifth their numerical values. 



I : 2 


d:r 


C:D 


Second 


9 
8 


1:3 


d:zn 


C:E 


(Major) Third 


5 
4 


I :4 


d:f 


C:F 


Fourth 


4 
3 


1:5 


d:8 


C:G 


Fifth 


3 

2 


1 :6 


d:l 


C:A 


(Major) Sixth 


5 
3 


1:7 


d:t 


C:B 


(Major) Seventh 


IS 

8 


1:8 


d:d> 


C:c 


Eighth or Octave 


2 

I 



Of these intervals the Second f |j and the Seventh f^ j are dissonant. 

The others are consonant or harmonious, the most perifect consonance 

being given by the Fifth (^\ and the Octave (-\ Thus we see that the 

most harmonious intervals are those in which small numbers (from i 
to 5) occur. 

47. Stcuidards of Pitch.— Once we settle upon the absolute pitch of 
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the tonic or key-note of our scale, the absolute pitch of every other note 
in the scale is thereby fixed. Thus if we agree to take C = 256, the vibra- 
tion-number of G (a fifth above it) is 256 x — = 384, and so on. This is 

the pitch usually adopted by writers on acoustics and by makers of acoustical 
apparatus. The number 256 has the advantage of being a power of 2 
(viz. 2^), and the choice is mainly a matter of convenience. 

The most convenient standard of pitch is a tuning-fork made so as to 
execute a known number of vibrations per second. In our country there 
is no legal standard of pitch. What is vaguely referred to as ' concert 
pitch ' may be taken to represent C-= 264, or thereabouts. (The C here 
referred to is what is known as the ' middle C ' of a piano.) 

48. Intervals between successive Notes in the Scale. — The 

various intervals given in Art. 46 have as their least common denominator 
the number 24. If we take this as representing the vibration-number of 
the key-note, the other notes in the scale will be represented by the 
following whole numbers : — 

24 27 30 32 36 40 45 48 

drmfs 1 td' 

C DEFG ABc 

9 10 16 9 10 9 16 

8 y 15 8 y 8 15 

The numbers in the last row represent the intervals between each succes- 
sive pair of notes. They are obtained by dividing each number in the top 

row by the one before it. Thus the interval r : m is equal to ^ or — • 
•^ ^ 27 9 

This is not quite the same as the preceding interval (^\ but both are 

known as tones. The interval — is called a semi-tone. Thus the major 

diatonic scale consists of a series of intervals in the following order : two 
tones and a semi-tone, three tones and a semi-tone. 

49. A Harmonic Series is a series of notes whose vibration-numbers 
are in the following proportion — 

I 2 3 4 5 6 . . . 

All the notes in such a series (at any rate up to the sixth) harmonise 
well with the first (or fundamental) note and with each other. It will be 
a useful exercise to find out the relations between these notes. 

Let us caU the lowest or fundamental note d. The interval between 

this and the next note is an octave f — j : hence the second note 

is d'. The thud note is a fifth f-^j above the second/ or a twelfth 
above the first ; it is therefore the note s'. The fourth note is an 
octave f-t=— j above the second, or two octaves f — J above the first ; 

it is therefore d". The fifth is a major third (- J above the fourth, and is 
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therefore m". The sixth is a fifth (— =— ) above number 4, and is there- 
fore B'^ Thus the first six notes of the harmonic series are 

123456 

d 'd' 8' d" m" a" 
C c g c' e' g'. 



CHAPTER VI 
TRANSVERSE VIBRATIONS OF STRINGS 

60. By a string is here meant any elastic and flexible cord 
(such as the twisted cat-gut used in violins) or metallic wire 
stretched between fixed supports. When such a stretched 
string is pulled to one side it tends to return to its position of 
rest. When let go it flies back, but, like a spring or pendulum, 
it overshoots the mark, and goes on swinging from side to side. 
A string can be set into vibration by striking, plucking, or 
bowing it. The vibrations thus produced are transverse vibra- 
tions^ and these are the only ones that we shall consider. 
The vibrations are further said to be stationary : certain points 
(e.g. the fixed ends) remain permanently at rest. These points 
are called nodes. 

We shall see presently that a string may vibrate transversely 
in many different ways, dividing up into a number of smaller 
vibrating parts or segments. The lowest ox fundamental note 
of the string is produced when it vibrates as a whole (or in one 
segment). In this case the only nodes are at the two fixed 
ends. All other points are in motion, and the amplitude of the 
motion is greatest at the centre, which is called an antinode. 

61. Laws. — The number of vibrations executed per second 
by a string when sounding its fundamental note is found to 
depend upon 

(i) Its length. 

(2) Its diameter. 

(3) Its density. 

(4) The stretching force. 
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The laws (expressed with reference to the vibration-number) 
are as follows : — 

I. The vibration-number is inversely proportional to the 
length of the string. 

n. It is inversely proportional to the diameter. 

III. It is directly proportional to the square root of the 
stretching force applied. 

IV. It is inversely proportional to the square root of the 
density of the string. 

All the laws are included in the equation 

which gives the vibration-number of a string of radius r, and length /, and 
density d, stretched by a force F. 

The violin supplies us with a general illustration of all the 
above laws. The first law is illustrated by the way in which 
the violinist * fingers ' a string — shortening or lengthening the 
vibrating portion so as to get different notes out of the same 
string. The second law is illustrated by the different thick- 
nesses of the three upper strings. The third law is illustrated 
by the way in which the violin is tuned, viz. by twisting each 
string about a tightening-peg. The fourth law is indirectly 
illustrated by the construction of the lowest or bass string, which 
is wrapped round with metal wire. 

52. The Sonometer. — For the purpose of verifying the 
above laws we make use of the sonometer — an instrument 
which is so called because it can be used for measuring the 
pitch of a sound. Fig. 1 6 shows a sonometer consisting of a 



Fig. i6. — Sonometer, 

hollow sounding-box on which are stretched one or more strings 
(or wires). Under the ends of the strings are placed wedge- 
shaped pieces of hard wood called * bridges ' : one of these 
should be movable, so that the length of the vibrating portion 
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of the string can be altered at will. For the purpose of veri- 
fying Law III, one string should be stretched by weights 
hanging over a pulley. It is convenient to make the full length 
between the bridges just a metre, and to have a metre scale on 
the sonometer. 

A sonometer suitable for the following experiments can be made of a 
board 3 ft. 6 in. long, 4 in. broad, and f in. thick. This should be firmly 
fixed to a wall, nearly vertical, but with the bottom sloping slightly out- 
wards, so as to make the wires bear against the lower bridge. The upper 
(fixed) bridge is made by bevelling a piece of hard wood 3 in. long and 
I in. square, and facing the sharp edge with brass wire. Two smaller 
movable bridges of the same kind are made for the lower ends. Two 
fine piano-wires or violin-strings are fixed to the board above the upp)er 
bridge : the lower end of one of these is attached to an iron screw or 
'wrest-pin,' which is used for tightening the wire. This wire can be used 
as a standard of reference, e.g. by tuning it to unison with a fork. To the 
lower end of the other wire is attached a hook or strong scale- pan, on which 
weights are placed : or a bucket into which water is poured may be used 
instead of weights. 

63. Verification of the La^vs. — We can now proceed 
to verify by experiment the first and third laws stated in Art. 
5 1- The law of lengths can be tested with both ease and 
accuracy. 

EXPT. 20. By adjusting the weights on the one wire or the 
tension on the other, tune the two to unison, using the full 
length of the wire (100 cm.) Call the note d. Consider how 
much the wire ought to be shortened to give the note m (a 
major third above d). The interval between the two notes, or 

ratio of their vibration-numbers, is -. Now the law says that 

the pitch is inversely proportional to the length of the wire. 
Hence it ought to be shortened to four-fifths of its original 

length to give the note m, and - of 100 is 80. Shift the 

movable bridge until the length of the vibrating portion of the 
wire is 80 cm. Pluck the wire and compare the sound with 
that given by the reference wire (d). You will find that the 
note is m. 

Try the other notes of the major chord (s and d'). You 
will find that s is given when the length is 66§ cm. (100 
x§ = 66|), and d' when the length is just 50 cm. (100 x 
i=5o). 
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It will be a good exercise for you now to tune the wire to any note in 
the scale by ear only, comparing it from time to time with the reference 
note (or tonic), and shifting the bridge up or down till you exactly hit the 
note you want : then measure the length and compare it with that required 
by theory. Go through all the notes of the scale in this way and enter up 
your results in your note-book in three columns, the first giving the name 
of the note, the second the length of wire found by trial, and the third the 
calculated length. 

You will easily see from the values of the intervals given in Art. 46 that 
the lengths required for the various notes (the fundamental being taken as 
100 cm. ) should be 
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It is only as a matter of convenience that we have taken the length of 
the string to be 100 cm. to start with. For any given interval the lengths 
would be found to have a constant ratio, whatever -the original length of 
the string. 

ExPT. 21. — Shift the bridge step by step so as to reduce the length of 
the wire to }, j, J. . . . Observe that the notes produced form the 
harmonic series^ described in Art. 49. 

ExPT. 22. — The following experiment may now be made to 
illustrate the relation between pitch and stretching force (the 
length being kept constant). 

First hang a 7-lb. weight to the wire, and then substitute 
for this a 28-lb. weight. The note produced in the second 
case is an octave above the first. This is clearly in accordance 
with the law, for the weights are in the ratio of i to 4 : and 

\/i : \/4= I :2. 

Again, hang on the wire in succession weights of 4 lbs. and 
9 lbs. (or in this proportion). The square roots of these 

numbers are 2 and 3. The interval - is a fifth (d : s). Try 
whether the notes bear this relation to one another. 

54. Other Modes of Transverse Vibration : Over- 
tones. — ^We have as yet considered only one mode of vibration 
of a string, viz. that in which it vibrates as a whole, as indicated 
in the accompanying figure (Fig. 17, I). It then produces its 
lowest or fundamental note. But any stretched string may be 
made to divide up into a number of vibrating segments. For 
example, suppose the string to be lightly touched in the centre, so 
as to hinder or * damp * the vibration at this point. If now it is 
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bowed at a point midway between the centre and one end, it 
will divide into two vibrating (or ventral) segments (Fig. 17, II) 
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separated by a node. In Fig. 17, II there are three nodes, 
Nj and N3 at the ends, and Ng at the centre. Midway between 
the nodes (at A^ and Ag) come the points at which the amplitude 
of vibration is greatest : these are the aniinodes. 

Again, if the string be damped at one-third of its length, 
and bowed midway between this and the nearer end, it will 
divide up into three vibrating segments, as shown in Fig. 17, III. 

The existence of nodes and antinodes can 
be shown, and their positions found, by hang- 
ing over the string light paper riders (Fig. 18). 
These are jerked off at the antinodes, but Fig. i8. 

remain undisturbed (or nearly so) at the nodes. 

When a string is made to vibrate successively in 1,6, 3, 4 . . . vibrating 
segments, the notes produced form the harmonic series referred to in 
Art. 49. For when the string divides up into 2, 3, 4 . . . segments, 
each may be regarded as being virtually a separate string of the same 
material, and stretched by the same force, but of J-, J, J . . . the length 
of the whole string. Hence by our first law the vibration-number is 2, 3, 
4 . . . times that of the note produced when the string vibrates as a whole. 
The latter is called the fundamental and the others the overtones. 

EXPT. 23. — Tune the two strings on the sonometer to unison again. 
The length is not of importance, but we shall assume it to be 100 cm. 
Call the note produced d. Damp one of the strings by touching it lightly 
with a feather at the centre (50). Bow it midway between this and the 
end. It now gives the note d', an octave above the first. 

Damp it at 33^ cm., corresponding to the point N2 in Fig. 17, III. 
Bow it midway between this and the end (at A^). It gives the note s'. 
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Repeat this, having first placed light paper riders at Ag, Ng, and Ag. After 
a little practice you will easily unhorse the first and last witjiout disturbing 
the second. 

By damping the string at 25 cm., 20 cm., and i6| cm., the overtones 
d", m", and s" can be obtained. 

56. Quality of Tone. — Overtones are almost invariably present together 
with the fundamental note produced by a string, and upon the number and 
relative strength of the overtones depends the quality of the tone produced. 

Thin and tightly stretched metallic wires easily give a large number of 
overtones, and the presence of these can easily be detected by the unaided 
ear, even when the string is not specially damped at any point. High 
overtones are more readily produced by bowing a string than by striking 
it with a soft hammer or plucking it with the finger : more readily still by 
plucking with the finger-nail or striking with a hard -pointed instrument, 
when the quality of the sound becomes poor and ' tinkling. ' This effect 
can be observed in pianos as the soft padding of the hammers wears out. 

Again, the point at which a string is plucked or bowed exercises an 
important effect on the overtones produced ; for any overtone which has a 
node at the point must necessarily be absent In pianos the hammers are 
generally made to strike each string at one-seventh the length from one 
end : the note produced includes all harmonics up to the sixth. 

Examples on Chapters V-VL 

1. What variety of notes can you get out of a stretched string, without 
altering its tension or length ? What will be the effect of halving its length 
by a fixed bridge ? 

2. Describe an instrument by which the pitch of the notes emitted by 
two vibrating strings may be compared. If they were different, how would 
you attempt to bring them into unison ? 

3. State in what way the rate of transverse vibration of a stretched string 
depends upon the- tension. How would you determine the rate of vibration 
of the string? 

4. Explain the character of the vibration of a stretched violin string. 
What effect is produced by touching it at one-third of its length from one 
end? 

5. A and B are two wires of the same material and thickness. A is 2 
feet long, and is stretched by a weight of 8 J pounds. B is 4 feet long, and 
stretched by a weight of 34 lbs. How are the notes which the wires yield 
when struck related to one another ? 

6. A steel wire, one yard long, and stretched by a weight of 5 lbs., 
vibrates 100 times per second when plucked. If I vnsh to make two yards 
of the same wire vibrate twice as fast, with what weight must I stretch it ? 

7. A vibrating string is found to give the note /when stretched by a 
weight of 16 lbs. What weight must be used to give the note a? and 
what additional weight will give c^ ? 



CHAPTER VII 
RESONANCE 

66. Forced and Free Vibrations. — We have already seen 
that the sound produced by a tuning-fork is greatly strengthened 
by the use of a sounding-box. The same principle is employed 
in the construction of violins and pianos. The sounding- 
boards of such instruments are made of thin elastic wood, which 
admits of being thrown into a state of forced vibration corre- 
sponding to any note within the range of the instrument. 

But, in general, every elastic body has certain modes of 
free vibration which are natural to it, and can be easily excited 
in it by even slight impulses if they are repeated at the proper 
intervals. 

We may illustrate the difference between the two things as 
follows. A child who knows how to manage a swing can set it 
swinging through a large arc without any great effort by timing 
his impulses so as to coincide with the natural period of vibra- 
tion of the swing. On the other hand, if he wriggles about 
irregularly, one impulse may destroy the effect of the preceding 
one, and the result is simply a slight and fitful jerking. 

This principle of the accumulation of small impulses enables 
us to explain a number of phenomena which are classed under 
the general heading of resonance or co-vibration, 

67. Sympathetic Vibration of Tuningr-Forks. — One 
of the most striking instances of co-vibration is afforded by the 
fact that a vibrating tuning-fork is able to throw into vibration 
another fork in its neighbourhood, provided both are adjusted 
to exactly the same pitch. The two forks should be placed 
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with the open ends of their sound-boxes facing each other 
(Fig. 19). One of them should be strongly bowed and then 
brought to rest by touching it with the finger. On placing the 
ear close to the other fork the same note will be heard. But 
for class purposes it is best to place in contact with one prong 
of the second fork a light indicator, such as a microscope cover- 



glass or small cork ball (varnished to make its outer surface 
hard), suspended by a silk fibre. 

If one of the forks be made to vibrate more slowly by 
loading its prongs with wax, the experiment no longer succeeds. 
This shows that it is essential to have the two forks exactly in 
unison. The energy given out by the first fork is carried 
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ihrough the air in the form of sound-waves, and taken up by 
the second fork, 

68. Besonance of Air-Oolunms.— An easier way of 
illustrating the phenomena of resonance is by making a tuning- 
fork set a column of air into vibration. 

ExPT. 24. — All that is required is a tuning-fork, some water, 
and a narrow cylindrical vessel such as a gas- 
jar (Fig, 2o), or a glass tube that can be lowered 
into water. If the fork is a C fork (256 vibra- 
tions per second), the gas-jar should not be 
less than about 40 cm. deep. 

Strike the fork and hold it over the mouth 
of the jar ; there will be some increase in the 
loudness of the sound. Gradually pour water 
into the jar ; when it reaches a certain depth 
the sound swells out in a marked manner. 
When this point is overstepped the resonance 
gradually diminishes. 

Try another fork of different pitch : you ( 
will find that the length of the air-column which 
gives the best resonance is greater or less ^'^' "■ 

according as the pitch is lower or higher. 

Thus there is a certain length of air-column which most 
loudly reinforces the note of a given fork : and conversely an 
air-column of given length is most easily thrown into vibration 
by a note of given pitch, and can be used as a 
reinforcing that note or detecting its presence. 
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An antinode is a place where there is no change of density^ 
but where the amplitude of vibration is greatest. 

60. Both Ends Free. — The spiral coil can also be thrown 
into a state of stationary vibration when both its ends are free. 
The ends now are antinodes and the centre is a node : for, as 
will be shown by the following experiment, the two sets of waves 
travelling in opposite directions always produce complete inter- 
ference at the centre, so that it remains permanently at rest, 

EXPT. 26. — Take hold of both ends of the spiral and push 
them gently inwards. You thus produce two pulses of con- 
densation which meet in the middle and cross over to either 
end. Just when these arrive at the ends, assist the motion by 
pulling both ends outwards. After repeating this process two 
or three times you can take your hands away from the coil, and 
its two halves will go on steadily vibrating in and out. The 
motion may at first sight remind you of the way in which a 
concertina opens and shuts : but there is this essential difference. 
The rarefactions (when the ends swing outwards) and con- 
densations (when they swing inwards) are not uniformly 
distributed along the spiral. They are greatest at the centre, 
which remains stationary ; whereas at the ends, where the 
motion is greatest, the coils always remain at the same distance 
apart. The vibration takes place in such a way that there is 
a node at the centre and an antinode at each end. 

Observe that the rate of vibration is twice as great as in the 
last experiment (one end fixed). 

61. "Wave-Length. — In the case of a spiral with one end 
fixed, the wave-length is four times the length of the spiral. 
During the time of a complete vibration the wave travels four 
times across the spiral. First (as the outer coils move inwards) 
there is a pulse of condensation, which travels to the fixed end 
and is then reflected back to the free end. Next (as the outer 
coils swing outwards) begins a pulse of rarefaction, which 
similarly travels to the fixed end and back. Matters are now 
in the same state as at the start, and the same process is 
repeated. 

When both ends are free the wave-length is twice the length 
of the spiral. For, on account of the change of type which 
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occurs in reflection of a pulse from the free end of a spiral, the 
pulse has only to travel twice across the spiral (to the end and 
back) in order to get back to the condition in which it 
started. 

62. Resonance of Air-Columns. — The resonance of an 
air-column (Art. 58) is due to a stationary -^ 
vibration of the air produced by the tuning- Ejrii 
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fork or other source of sound. If the 
column of air is contained in a tube closed 
at one end, the air moves just in the same 
way as the spiral in Expt. 25. 

Suppose one prong of the tuning-fork 
to be moving downward from a' to a" (Fig. 
21). In so doing it produces a pulse of 
condensation which runs down the tube 
and is reflected up from the closed end. 
From what has been already stated it will 
be clear that the necessary condition for 
reinforcement of the sound is that this 
reflected pulse should reach the open eild 
of the tube just as the prong begins its return journey from a" 
to a' ; the air will then be moving in the same direction as the. 
prong. Notice that the reflected pulse of condensation reaches 
the open end just as the fork is beginning to send down a pulse of 
rarefaction ; owing to the interference of these two the density 
of the air at the open end remains unchanged. Now a pulse 
of rarefaction starts down, is reflected from the closed end, and 
meets the prong just after it has completed a vibration. It is 
now once more starting from a' to a" and sending down another 
pulse of condensation. In the time required for a complete 
vibration we have had a pulse of condensation and then one of 
rarefaction, each travelling twice the length of the tube. Imagine 
the bottom of the tube knocked out and you will easily see that 
in the interval between two successive and similar pulses (say 
of condensation) the wave would have travelled forward through 
a distance equal \o four times the length of the tube. This, 
then, is the wave-length of the note which the tube reinforces. 
If / be the length of the tube, the wave-length is A. = 4/. 

In the case of a tube open at both ends the air moves like 
the spiral in Expt. 26. The wave-length of the note which it 

X 2 
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reinforces is only twice the length of the tube^ or X=2/. 
Hence an open tube which is to resound to a given note or 
given tuning-fork must be twice as long as the corresponding 
closed tube. Imagine the closed tube in Fig. 21 replaced by 
an open tube twice as long, and let the prong of the fork be 
moving downwards. In the time that it takes to go from d to 
d' the pulse of condensation will have travelled the length of 
the tube. It is reflected from the open end with change of typCy 
i.e. as a pulse of rarefaction, and in the time that the prong 
takes to go from «" to d this pulse will have travelled to the 
top of the tube. Here it is reflected as a pulse of condensation 
which coincides with that produced by the fork as it begins its 
next vibration. Thus the conditions for resonance are fulfilled. 
The open ends of the tubes are antinodes and there is a node 
at the middle of the tube. 

Hints for Experiments. — As a closed resonator of adjustable length 
you may use a glass tube closed at one end by a cork (Fig, 21), which can 
be pushed in or out until the maximum resonance is obtained. For an 
adjustable open resonator make a paper tube which will just slip over the 
glass tube, and slide this in or out as may be required. Verify by experi- 
ment the statement that the length of the open resonator is double that of 
the closed one. For a c fork {n = 256) you will find that the length of the 
closed resonator is about 33 cm. while that of the open resonator is about 
66 cm. Both results indicate that the wave-length in air of the note c 
is 132 cm. (4 X 33 = 2 X 66 = 132). 

Assuming that the vibration-number of the fork is correct, you can 
proceed to calculate from your experiment the velocity of sound in air. 
For we have seen (Art. 16) that the velocity in any medium is given by the 
equation v=n\. Here « = 256, X=i32 cm., and .". ^=256 x 132 = 
33,792 cm. per second. 

The same equation shows that n = -. As the velocity in any given 

A 

medium (say air) is constant and independent of the pitch, it follows that 
the vibration-number of a given note is inversely proportional to its wave- 
length in that medium. Hence also the vibration-number (or pitch) of the 
note to which a tube resounds is inversely proportional to the length of the 
tube. 

Now this note is precisely that which the air-column emits on its own 
account when it is thrown into a state of stationary vibration. Such vibra- 
tions are easily produced by blowing across the edge of a tube, — say a 
glass tube about i cm. in diameter. Take a tube 33 cm. long, close the 
lower end with your thumb and blow across the upper edge : it gives the 
note c. A tube twice as long open at both ends gives the same note. The 
latter tube (66 cm. ) closed at one end gives the note C, an octave below. 

63. Orgran-Pipes. — Fig. 22 illustrates the construction of 
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a common form of organ-pipe with a ' flue ' or ' flute ' mouth- 
piece, which is very much like that of an ordinary whistle. 
The air passes from the wind -chest through the conical 
tube at the bottom of the pipe, 
escapes through a narrow horizontal 
slit and strikes against the sharp 
bevelled edge opposite, which is 
called the lip. The air escapes in 
an intermittent manner, with a rush- 
ing noise, due to a mixture of vibra- 
tions of different frequencies. The 
air-column selects out of these the 
particular one which it reinforces, 
and when this happens the pipe 
speaks or emits a note. 

The pipe shown in the figure is 
an open pipe. It is open to the air 
at the bottom (below the lip) as well 
as at the top, and both of these 
places are antinodes. There is a 
node in the middle of the tube (see 
KIg. 23). 

A pipe which is closed at one 
end (the top) is called a closed or 
stopped pipe. There is always a 
node at the closed end of the pipe, 
for the air there cannot move. 
The open (or mouth) end is an 
antinode, for the density of the air 
there remains constant and equal 
to that of the air outside. The ^^^ ^ 

note emitted by a stopped pipe is 
always an octave below that emitted by an open pipe of the 

84. Overtones of Fipee— Quality. — The modes of vibration above 

But by blowing into a pipe more strongly it may be made to'junip' or 
produce one or more overtones. The series of overtones produced by 
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each other at regular intervals, and that the distance from a node to the 
nearest antinode is quarter of a wave-length. 

Open Pipes — (Fig. 23). The ends of an open pipe are always 
antinodes. When the fundamental note (I) is sounded there is a node 




As As 

Fig. 23.— Overtones of Open Pipe. 
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(Nj) at the centre, and the length of the pipe is half the wave-length of the 
note. When the first overtone (II) is produced, a fresh antinode appears 
at As with nodes at N^ and Ng. The air-column divides into two equal 
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Fig. 24.— Overtones of Stopped Pipe. 

vibrating segments, and the wave-length is half that of the fundamental 
When the second overtone (III) is produced the column divides into three 
equal vibrating segments, and the wave-length is one-third that of the funda- 
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mental. ITius the possible overtones (together with the fundamental) 
include the whole harmonic series of Art. 49 (i, 2, 3, 4, 5, 6 . . .). 

Stopped Pipes — (Fig. 24). In the case of a stopped pipe there must 
always be a node at the stopped end, and an antinode at the open end. 
Thus when the fundamental (I) is produced, the length of the pipe is a 
quarter- wave-length. The even harmonics in the series of Art. 49 {^,e. 
the successive octaves, 2, 4, 6 . . .) are absent from the possible over- 
tones. The first possible division into segments is that shown in Fig. 24, 
II, with nodes at Ni and N, and antinodes at Ai and Aj ; the pipe then 
includes three quarter-wave-lengths. The next division is shown in Fig. 
24, III, when the pipe includes five quarter-wave-lengths. The correspond- 
ing vibration-numbers are i, 3, 5, 7. . . . 

Some of the overtones are generally present, together with the funda- 
mental note of any pipe, and upon their number and relative strength 
depends the quality of the tone produced. We may clearly expect the 
quality of tone of a stopped pipe to be different from that of an open pipe. 
Again, the quality depends upon the form of the pipe : e.g» a narrow 
pipe more readily yields harmonics than a wide pipe, especially a wide 
stopped pipe. 

65. Vibrations of Rods. — Rods of glass, wood, brass, etc., may be 
made to vibrate longitudinally and produce musical notes by rubbing them 
in the direction of their length. A glass rod may be thrown into a state 
of vibration by drawing a wetted cloth quickly along it ; a rod of wood or 
brass by means of a cloth dusted over with powdered resin. The 
vibrations produced are stationary vibrations similar to those of organ- 
pipes and following the same laws. If the rod is clamped at the centre it 
vibrates like the air in an open pipe with a node at the centre and 
antinodes at the ends. If it is clamped at one end, there is a node at that 
end and an antinode at the free end, as in a stopped pipe. 

Examples on Chapters VII-VIII. 

1. Upon what physical properties do (i) the loudness, (2) the pitch of a 
musical note, depend ? Two organ-pipes of the same length are one of 
them open and the other closed ; how are their notes related as regards 
pitch ? 

2. Describe the> state of disturbance of the air in a pipe closed at one 
end, when it resounds to a tuning-fork which Is held over it. State the 
relation between the length of the pipe, the pitch of the note, and the 
velocity of sound in air. 

3. State how the air moves in different parts of a tube i ft. long, open 
at both ends, when sounding its fundamentsd note. What note does it give ? 

4. A glass rod 5 ft. long is clamped at its centre, and rubbed longi- 
tudinally with a wet cloth. State how it vibrates when thus treated, and 
calculate the velocity of sound in the glass, if told that the above rod makes 
1295 complete vibrations every second. 

5. Find the length of a closed organ-pipe which when blown at 15** 
gives the note c (256 vibrations per sec.) 
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Chapters I-IV (p. 254) 

1. See pp. 24, 25, 233. 2. See Art. 10. 3. See Arts. 23, 37. 
6. See pp. 246, 249. 



Chapters V-VI (p. 268) 

6. They yield the same note. 6. 80 lbs. 7. 2 5 lbs. ; an 
additional 11 lbs. (i,e. total weight = 36 lbs.) 



Chapters VII-VIII (p. 279) 

1. See Arts. 7, 10, 40, 63. 2. See Arts. 62, 63. 3. The 
note depends upon the velocity of sound in air, and this again 
upon the temperature. If we take it to be 1 1 16 ft. per second 
(p. 246) the vibration-number of the note would be 558. 4. 
The wave-length of the note in glass is 10 ft. (twice the length 
of the rod). The velocity in glass is ^/ = «A.= i295xio = 
12,950 ft. per second 6. 1-09 ft. or 33.2 cm. See Ex. 3 
and p. 246. 
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Absorption and radiation, 103, 116 
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Air-thermometer, 34 
Air-thermoscope, 5-7 
Amplitude of vibration, 230 
An^le, critical, 179 
Antinodes, 267, 274, 278 
Aqueous vapour m atmosphere, 72 
Atmospheric pressure, 28 

Barometer, 28 
Boiling, laws of, 68 
Boiling-point, 56, 60 
Boyle's law, 29 
Breezes, land and sea, zo6 
Bunsen's photometer, 127 

Camera, photographic, 213 

Capacity, thermal, 45 

Centigrade scale, 10 

Charles's law, 31 

Chord, common or major, 258 

Clouds, 108 

Compensation of clocks and watches, 18 

Conduction, 7^ 

Conjugate foci : of mirror, 15X ; of lens, 

196 
Convection, 79, 89 
Critical angle, 179 
Cryophorus, 69 

Daniell's hygrometer, 75 
Davy^ lamp, 84 
Density, 24, 25 
Dew. 108 ; dew-point, 75 
Diatnermancy, Z04 
Diatonic scale, 257 
Dines's hygrometer, 76 
Dispersion, 2x8 



Echoes, 251 

Eclipses, X2I 

Elasticity, 233 

Emissive power, 103 

Evaporation, 56 ; cooling effect of, 68-70 

Expansion, 4 ; linear, 14 ; coefficient of, 
16; superficial and cubical, 20; real 
and apparent, 22; of water, 24; of 
gases, 27-36 ; on freezing, 53 

Eye, 213 

FizEAU (velocity of light), 132 

Flames, sensitive, 251 

Focal length : of mirror, 149, 161 ; of 

lens, 194, 205 
Freezing mixtures, 52 
Fusion, 48 ; latent heat of, 50 

Gases, properties of, 27 
Gulf Stream, 96 

Harmonics or overtones, 261, 266, 268 
Heat, specific, 40 ; unit of, 40 
Hope's experiment, 25 
Humidity, 74 

Hygrometers, Daniell's, 75 ; Dines's, 76 ; 
wet and dry bulb, 77 

Ice-Calorimeter, 51 

Images produced by small apertures, 
118; by plane mirrors, 142; by spheri- 
cal mirrors, X55-X66 ; by lenses, 199- 
210 

Index of Refraction, 172 

Intensity of illumination, X23 ; of sound, 

, 235, 244 

Intervals, musical, 257-260 

Inverse squares, law of, X24 

Lantbrn, optical, 2x2 
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Laplace's correction, 248 

Latent heat, 49 ; of water, 50 ; of steam, 

65 
Laws : Boyle's, 20 ; Charles's, 31 ; of 

ebullition, 68 ; 01 inverse squares, 124 ; 

of reflection, 137; of refraction, 172 
Lenses, 191 ; convex, 199 ; concave, 209 
Light, 115 ; rectilinear propagation of, 

X17 ; velocity of, 131 ; reflection of, 

X35 ; refraction of, 169 

Maximum pressure of vapour, 58-60 

Melting-point, 48 

Microscope, simple, 207 ; compound, 215 

Minimtim deviation, 189 

Mirrors, plane, 136 ; spherical, 148 ; 

concave, 149 ; convex, 165 
Musical intervals and scale, 257 

Newton's experiment, 217; formula, 

248 
Nodes, 267, 273 

Opera-glass, 216 

Optical bench, 129 ; centre, 193 ; lantern, 

2X2 

Organ-pipes, 276 

Overtones or harmonics, 261, 266 ; of 
strings, 267 ; of pipes, 278 

Pendulum, compensated, 18 
Phase, 240 
Photometry, 123 
Pitchj 234, 255 

Principal focus : of mirror, 149 ; of lens, 
X94 

Quality of tone, 268, 279 

Radiating power, 103 



272 



Radiation, 79, 97, 115 

Rain, 109 

Reflection of radiant heat, 99 ; of light, 

X35; total, x8i ; of sound, 251 
Resonance, 269 ; of air-columns, 271, 279 
R6mer (velocity of light), 131 
Rumford's photometer, 125 

Safety-lamp, 84 
Saturated vapour, 59 
Scale, diatomc, 257 
Sensitive flames, 251 
Shadow, 120 ; photometer, X25 
Siren, 256, 250 
Sonometer, 204 
Specific heat, 40 
Spectrum, 217 ; pure, 219 
Stationary vibrations, 263, 
Steam, latent heat of, 65 
Strings, vibrations off 263 

Telescope, 2x4 

Temperature, 3, 39 ; absolute, 33 
Thermal capacity, ^5 
Thermometer, 8 : differential, 34 
Total reflection, x8x 
Trade winds, X07 
Transmissive power, X04 

Unit of heat, 40 

Vapour-pressure, 57 ; maximum, 58 
Velocity of light, X31 ; of sound, 245 
Vibration, 230 ; stationary, 263, 372 ' 
Virtual images produced by mirrors, 
X4X, 159, x66 ; by lenses, 207, 209 

Water, maximum density of, 24-26 ; 

specific heat, 46 ; latent heat, 50 
Wave-line, 234 ; wave-length, 239, 276 
Weight thermometer, 23 
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ZENOPHON.— ^HE ANABASIS. BOOKS L-IV. By Profs. W. W. Goodwin 

and J. W. Whitb. Adapted to Goodwin's Greek Grammar. With Map. 8s. 6d. 

HELLENICA BOOKS I. and II. By H. Hailstone, B.A With Map. 2s. 6d. 

CTROP^DIA BOOKS VIL and VIIL By A Goodwin, M.A, Professor of 

Classics in University College, London. 2s. 6d. 
MEMORABILIA SOCRATIS. By A R. Clueb, B.A, Balliol College, Oxford. 

5s. 
HIERO. By Rev. H. A Holden, littD., LL.D. 8s. 6d. 
OECONOMICUS. By the same. With Lexicon. 6s. 

CLASSICAL LIBBABT. 

TeztB, Edited with Introductions and Notea, for the uae of 
Advanced Students ; Commentaries and Translations. 

.fiSOHTLXJS.— THE SUPPLICES. A Revised Text, with Translation. By T. 
G. TucKEB, M.A, Professor of Classical Philology in tiie University of Mel- 
bourne. 8vo. 10s. 6d. 

THB SEVEN AGAINST THEBES. With Tranalation. By A W. Vbbball, 
LittD., Fellow of Trinity College, Cambridge. 8vo. 7s. 6d. 

AGAMEMNON. With Translation. By A W. Vbbball, LittD. Svo. 128. 

AGAMEMNON, CHOEPHORCE, AND EUMENIDES. By A O. Pbickabd, 
M. A, Fellow and Tntor of New College, Oxford. 8vo. [In preparation. 

THE EUMENIDES. With Verse Translation. By Bebnabd Dbakb, M.A 
Svo. 5s. 

ANTGNDnXS^ MARCUS AURELIUS.— BOOK IV. OF THE MEDITATIONS. 

With Itenslation. By Hastings Cbosslet, M.A Svo. 68. 

ABISTOTLE.~THE METAPHYSICS. BOOK L Translated by a Cambridge 

Graduate. Svo. 68. 

THB POLITICS. By R. D. Hicks, M. A, Fellow of Trinity College, Cambridge. 

Svo. [In the Press, 

THE POLITICS. Translated by Rev. J. E. C. Welldon, M.A, Headmaster of 

Harrow. Cr. Svo. lOs. 6d. 
THB RHETORIC. Translated by the same. Cr. Svo. 7s. 6d. 
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AN INTRODUCTION TO ARISTOTLE'S RHBTORIO. With AnalyBls, Notei, 
and Appendices. By B. M. Cope, Fellow and late Tutor of Trinity College, 
Cambridge. 8vo. 148. 
THE ETHICS. Translated by Rev. J. B. C. Welldon, M.A, Cr. 8vo. [In prep. 
THE SOPHISTICI ELBNCHI. With Translation. By B. Postb, M.A., Fellow 
of Oriel College, Oxford. Svo. 8s. 6d. 
ARISTOPHANES.— THE BIRDS. Translated into English Verse. By B. H. 
Kennedy, D.D. Cr. Svo. 6s. Help Notes to the Same, for the Use of 
Students. Is. 6d. 
ATTIC ORATORS.— PROM ANTIPHON TO ISABOS. By R. C. Jebb, Litt.D., 
R^us Professor of Greek in the University of Cambridge. 2 vols. 8vo. 25s. 
BABRIUS.- With Lexicon. By Rev. W. Ot. Ruthebfobd, M.A., LL.D., Head- 
master of Westminster. Svo. 12b. 6d. 
CICERO.- THE ACADEMICA. By J. S. Rsu), LittD., Fellow of Cains College, 
Cambridge. Svo. 15s. 
THE ACADEMICS. Translated by the same. Svo. 5s. 6d. 
SELECT LETTERS. After the Edition of Albert Watson, M.A. Translated 
by G. B. Jeans, M.A., Fellow of Hertford College, Oxford. Cr. Svo. 10s. 6d. 
EURIPIDES.- MEDBA. Edited by A. W. Vbbrall, Litt.D. Svo. 7s. 6d. 
IPHIGENIA IN AULIS. Edited by B. B. England, M.A. Svo. [In ths Press, 
•INTRODUCTION TO THE STUDY OF EURIPIDES. By Professor J. P. 

Mahaitt. Fcap. Svo. Is. 6d. (Classieal Writers.) 
HERODOTUS.— BOOKS L-III. THE ANCIENT EMPIRES OP THE EAST. 
Bdited by A. H. Satoe, Deputy-Professor of Comparative Philology, Oxford. 
Svo. 16s. 
BOOKS IV.-IX. Edited by R. W. Macan, M.A., Reader in Ancient History in 
the University of Oxford. Svo. [In prepanUion. 

THE HISTORT. Translated by G. C. Macaulay, M.A. 2 vols. Cr. Svo. 18s. 
HOMER.— THE ILIAD. By Walter Leaj-, LittD. Svo. Books I.-XII. 14s. 
Books XIII.-XXIV. 14s. 
THE ILIAD. Translated into English Prose by Andrew Lano, M.A., Walter 

Leaf, Litt.D., and Brnest Myers, M.A. Cr. Svo. 12s. 6d. 
THE ODTSSEY. Done into English by S. H. Butcher, M.A., Professor of 
Greek in the University of Edinburgh, and Andrew Lano, M. A. Cr. Svo. 6s. 
•INTRODUCTION TO THE STUDY OP HOMER. By the Right Hon, W. B. 

Gladstone. ISmo. Is. (Liieratv/re Primers.) 
HOMERIC DICTIONARY. Translated firom the German of Dr. G. Autenribth 
by R. P. Keep, Ph.D. Illustrated. Cr. Svo. 6s. 
HORACE.— Translated by J. Lonsdale, M.A., and S. Lee, M.A. Gl. Svo. 8s. 6d. 

STUDIES, LITERARY AND HISTORICAL, IN THE ODES OF HORACE. 

By A. W. Verrall, Litt.D. Svo. 8s. 6d. 
JUVENAL.- THIRTEEN SATIRES OF JUVENAL. B^ John B. B. Mayor, 

M.A., Professor of Latin in the University of Cambridge. Cr. Svo. 2 vols. 

10s. 6d. each. VoL L 10s. 6d. VoL IL 10s. 6d. 
THIRTEEN SATIRES. Translated by Alex. Leeper, M.A., LL.D., Warden of 

Trinity College, Melbourne. Cr. Svo. 8s. 6d. 
KTESIAS.— THE FRAGMENTS OF THE PERSIKA OF KTBSIAS. By John 

GiLMORE, M.A. Svo. 8s. 6d. 
LIVY.— BOOKS I.-IV. Translated by Rev. H. M. Stephenson, M.A. [In prep. 
BOOKS XXI. -XXV. Translated by A. J. Church, M.A., and W. J. Brodribb, 

M.A. Or. Svo. 78. 6d. 
•INTRODUCTION TO THE STUDY OF LIVY. By Rev. W. W. Capm, M.A. 

Fcap. Svo. Is. 6d. (Clcusioal Writers.) 
LONGINUS.— ON THE SUBLIME. Translated by H. L. Havell, B.A. With 

Introduction by Andrew Lano. Cr. Svo. 4s. 6d. 
MARTIAL.— BOOKS I. and IL OF THE EPIGRAMS. By Prof. John B. B. 

Mayor, M.A- Svo. [In the Press. 

MELEAQER.— FIFTY POEMS OF MELBAGER. Translated by Walter Head- 
lam. Fcap. 4to. 7s. 6d. 
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PAn8AMIAS.~DBSGRIFTION OF GBBBGB. TniuUted with Ciommentary 
by J. Q. F razkr, M. A., Fellow of Trinity College, Cambridge. [In prep, 

PHBYNIOHUS.— THB NBW PHBTNICHUS; being a Beyiaed Text of the Bdoga 
of the Grammarian Fhrynichus. With Introduction and Commentary by Rev. 
W. G. RuTHEBVOBD, M.A., LL.D., Headmaster of Westminster. 8vo. ISs. 

PINDAR.— THE EXTANT ODES OF PINDAR. Translated by Bbnsst Mtkbs, 

M.A. Cr. 8vo. 6s. 
THE OLYMPIAN AND FTTHIAN ODB& Edited, with an Introdactory 

Essay, by Basil Gildebslekvb, Professor of Greek in the Johns Hopkins* 

University, U.S.A. Cr. »vo. 7s. 6d. 
THB NBMBAN ODES. By J. B. Bubt, M.A., FeUow of Trinity College, 

Dublin. 8vo. 12b. 
PLATO.— PHiEDO. By R. D. Abchxk-Himd, M.A., Fellow of Trinity College, 

Cambridge. 8vo. 8s. 6d. 
PHffiDO. Bv W. D. Geddss, LL.D., Principal of the University of Aberdeen. 

8vo. 8s. 6d. 
TIMABUS. With Translation. By B. D. Abchkb-Hind, M.A. 8vo. 16s. 
THB BBPUBLIC OF PLATO. Translated by J. Ll. Davibs, H.A., and D. J. 

Vauohan, H.A. 18mo. 4s. 6d. 

BUTHYPHBO, APOLOGY, CRITO, AND PttfiDO. Translated by F. J. 

Church. 18mo. 4s. 6d. 
PH.£DRUS, LYSIS, AND PROTAGORAa Translated by J. Wbiqht, M.A. 

18mo. 4s. 6d. 

PLAUTUS.— THB MOSTBLLARIA. By William Ramsat, M.A. Edited by 
G. G. Bamsay, M.A., Professor of Humanity in the University of Glasgow. 
8vo. 14s. 

PLINY.— COBBBSPONDENCB WITH TRAJAN. C. Plinil CaecilU Secundi 
Bpistuln ad Traianum Imperatorem cum Biusdem Responsis. By B. G. 
Babdt, M.A. 8vo. 10s. 6d. 

POLYBIUS.— THE HISTOBIBS OF POLYBIUS. Translated by E. a Shuck- 
burqh, M.A. 2 vols. Cr. 8vo. 24s. 

8ALLUST.— CATILINE AND JUGURTHA. Translated by A. W. Pollabd, B. A. 
Cr. 8vo. 68. THB CATILINE (separately). 88. 

SOPHOOLES.— (EDIPUS THB KING. Translated into English Verse by B. D. A. 
MoRSHXAD, M.A., Assistant Master at Winchester. Fcap. 8vo. Ss. 6d. 

TAOirnS.— THE ANNALS. By G. O. Holbrooke, M.A., Professor of Latin in 

Trinity College, Hartford, U.S.A. With Maps. 8vo. 168. 
THB ANNAI& Translated by A. J. Chxtbgh, M.A., and W. J. Brodbibb, M.A. 

With Maps. Cr. 8vo. 7s. 6d. 
THB HISTORIES. By Bev. W. A. Sfooneb, M.A., Fellow of New College, 

Oxford. 8vo. iln fht Presf. 

THE HISTORY. Translated by A. J. Chubch, M.A., and W. J. Bbodbibb, 

M.A. With Map. Cr. 8vo. 68. 
THB AGBICOLA AND GERMANY, WITH THE DIALOGUE ON ORATORY. 

Translated oy A. J. Chxtbch, M.A., and W. J. Bbodbibb, M.A. With Maps. 

Cr. 8vo. 48. 6d. 

•INTRODUCTION TO THB STUDY OF TACITUS. By A. J. Chubch, M.A., 

and W. J. Bbodbibb, M.A. Fcap. 8va Is. 6d. (CZoMiooZ Writers.) 

THE00RITU8L BION, AND MOSOHUS. Translated by A. Lanq, M.A. 18mo. 
4s. 6d. Also an Edition on Large Paper. Cr. 8vo. to. 

THUGYDIDE8.— BOOK lY. A Revision of the Text, Illustrating the Principal 
Causes of Corruption in the Manuscripts of tiiis Author. By Rev. W. G. 
Ruthbbfobd, M.A., LL.D., Headmaster of Westminster. 8vo. 7s. 6d. 
BOOK YIIL By H. C. Goodhabt, M.A., Fellow of Trinity College, Cambridge. 

[In the Press, 
VntOIL.--Tran8lated by J. Lombdalb, M.A., and S. Lee, M.A. GL 8vo. Ss. 6d. 
THB .SNBID. Translated by J. W. Mackail, M.A., Fellow of Balliol College, 
Oxford. Cr. 8vo. 78. 6d. 
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XENOPEON.— TranBlRt«d by H. G. Daktns, M.A. .In fotiT vols. Gr. 8to. VoL L, 
containing " The Anabasis " and Books I. and II. of " The Hellenica." lOs. 6d. 
VoL II. "HeUenica" III.-VII., and the two FoUties— "Athenian" and 
" Laconian/' the " Agesilaus/' and Uie tract on '* Revenues." With Haps and 
Flans. [In the Press. 

GRAMMAR, COMPOSITION, & PHILOLOGY. 

•BELOHEB.— 8H0BT BXEBOISBS IN LATIN FBOSB COMPOSITION AND 
BXAMINATION FAPEBS IN LATIN GRAMMAR. Fart L By Rev. H. 
Bblohkb, LL.D., Rector of the High School, Dunedin, N.Z. 18mo. Is. 6d. 
EBY, for Teachers only. 18mo. 8s. 6d. 

*Fart II., On the Syntax of Sentences, with an Appendix, indnding BXEROISES 
IN LATIN IDIOMS, etc 18mo. 2s. KET, for Teachers only. 18mo. Ss. 
BI.AOKIE.-GRBBK AND ENGLISH DIALOGUES FOR USB IN SCHOOLS 
AND COLLEGES. By John Stuabt Blackix, Emeritus Professor of Greek 
in the University of Edinburgh. New Edition. Fcap. 8va 2s. 6d. 
•BBYANS.— LATIN PROSE EXERCISES BASED UPON GSSAR'S GALLIC 
WAR. With a Classification of Caesar's Chief Phrases and Grammatical Notes 
on Ceesar's Usages. By CLuacirr Bbtams, M.A., Assistant Master at Dulwich 
College. Ex. fcap. 8vo. 2s. 6d. KEY, for Teachers only. 4s. 6d. 
GREEK PROSE EXERCISES based upon Thucydides. By the same. 

[In preparation. 

OOOKSON.— A LATIN SYNTAX. By Christopher Cookson, M.A., Assistant 

Master at St. Paul's School. 8vo. [In prepovrcUion. 

CORNELL UNIVERSITY STUDIES IN CLASSICAL PHILOIiOGY. Edited by 

1. Fzjiao, W. G. Halx, and B. I. Whkeler. L The ClTlf-Constructions : their 
History and Functions. By W. G. Halx. Part 1. Critical. Is. 8d. net Part 

2. Constructive. 8s. 4d. net. II. Analogy and the Scope of its Application 
in Language. By B. L Whxxt.br. Is. 8d. net 

«EIGKE.— FIRST LESSONS IN LATIN. By E. M. Eicxx, B.A., Assistant Master 

at Onndle SchooL GL 8vo. 2s. 6d. 
•BNOLAMD.— EXERCISES ON LATIN SYNTAX AND IDIOM. ARRANGED 

WITH REFERENCE TO ROBTS SCHOOL LATIN GRAMMAR By B. 

B. Enoland, Assistant Lecturer at the Owens College, Victoria University, 

Manchester. Cr. 8vo. 2s. 6d. KEY, for Teachers only. 2s. 6d. 

GILES.— A SHORT MANUAL OF PHILOLOGY FOR CLASSICAL STUDENTS. 

By P. GiLxa, M.A., Fellow of Gonville and Cains CoUegfit Cambridge. Cr. 8vo. 

[In the Press. 
GOODWIN.— Works by W. W. Goodwin, LL.D., D.C.L., Professor of Greek in 

Harvard University, U.S. A. 
SYNTAX OF THE MOODS AND TENSES OF THE GREEK VERB. New 

Ed., revised and enlarged. 8vo. 14s. 
•A GREEK GRAMMAR Cr. 8vo. 6s. 
•A GREEK GRAMMAR FOR SCHOOLS. Cr. 8vo. 8s. (kL 
GREENWOOD.— THE ELEMENTS OF GREEK GRAMMAR Adapted to the 

System of Crude Forms. By J. G. Greknwood, sometime Principal of the 

Owens Coll^^e, Manchester. Cr. 8vo. 6s. 6d. 
HADLET.— ESSAYS, PHILOLOGICAL AND CRITICAL. By Jamxs Hadlxt, 

late Professor in Yale College. 8vo. 14s. 
HADLET AND ALLEN.— A GREEK GRAMMAR FOR SCHOOLS AND 

COLLEGES. By Jamxs Hadlxt, late Professor in Yale College. Revised 

and in part rewritten by F. dk F. Ai.t.xw, Professor in Harvard College. 

Cr. 8vo. 68. 
HODGSON.— MYTHOLOGY FOR LATIN VERSIFICATION. A brief sketch of 

the Fables of the Ancients, prepared to be rendered into Latin Verse for 

Schools. By F. Hodgson, B.D., late Provost of Eton. New Ed., revised by 

F. C. Hodcmsk>n, M.A. 18mo. 8s. 
•JACKSON.— FIRST STEPS TO GREEK PROSE COMPOSITION. By Blomxikld 

Jackson, M.A., Assistant Master at King's College School. 18mo. Is. 6d. 

KEY, for Teachers only. 18mo. 8s. 6d. 
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«SEOOND STEPS TO GRE^E PROSE OOMPOSITION, with MiBoellaneoas 
Idioms, Aids to Accentuation, and Examination Papers in Greek Scholarship. 
By the same. 18mo. 2s. 6d. KEY, for Teachers only. 18mo. 3s. 6d. 

KTNASTON.— EXERCISES IN THE COMPOSITION OF GREEK IAMBIC 
YERSE by Translations from English Dramatists. By Rev. H. Ktkabton, 
D.D., Professor of Classics in the University of Darhun. With Yocabolary. 
Ex. fcap. 8vo. 58. 

EJBY, for Teachers only. Ex. fcap. 8vo. 4s. 6d. 
LUPTON.~*AN INTRODUCTION TO LATIN ELEGIAC VERSE OOMPOSI- 
TION. By J. H. Lupton, Sor-Master of St. Paul's School. GL 8vo. 38. 6d. 
KEY TO PART IL (XXV.-C.) GL 8vo. 8s. 6d. 

♦AN INTRODUCTION TO LATIN LYRIC VERSE COMPOSITION. By the 
same. GL 8yo. Ss. KEY, for Teachers only. GL 8vo. 48. 6d. 

MACKIE.— PARALLEL PASSAGES FOR TRANSLATION INTO GREBE 
AND ENGLISH. With Indexes. By Rev. Ellis a Mackis, M.A., Classical 
Master at Heversham Grammar SchooL GL 8to. 4s. 6d. 

«1CA0MILLAN.— FIRST LATIN GRAMMAR. By M. C. Maomujjln, M.A. 
Fcap. 8to. Is. 6d. 

MAOMILLAN'S GREEK COURSE.— Edited by Rev. W. G. Ruthkbtobd, M.A., 

LL.D., Headmaster of Westminster. GL Svo. 
•FIRST GREEK GRAMMAR— ACCIDENCE. By the Editor. 2s. 
•FIRST GREEK GRAMMAR-SYNTAX. By the same. 28. 
ACCIDENCE AND SYNTAX. In one volnme. Ss. 6d. 

•EASY EXERCISES IN GREEK ACCIDENCE. By H. G. Underbill, M.A., 

Assistant Master at St. Paul's Preparatory SchooL 2s. 
EASY EXERCISES IN GREEK SYNTAX. By Rev. G. H. Nall, M.A., 
Assistant Master at Westminster SchooL [In preparaHon. 

•A SECOND GREEK EXERCISE BOOK. By Rev. W. A. Heard, M.A., 

Headmaster of Fettes College, Edinburgh. 28. 6d. 
MANUAL OF GREEK ACCIDENCE. By the Editor. [In preparation. 

MANUAL OF GREEK SYNTAX. By the Editor. [In pnpanaUm. 

ELEMENTARY GREEK COMPOSITION. By the Editor. [In preparatUm. 

•ICAOMILLAN'S GREEK READER.— STORIES AND LEGENDS. A First Greek 
Reader, with Notes, Vocabulary, and Exercises. By F. H. Couon, M.A., 
Headmaster of Plymouth College. GL 8vo. 3s. 

•MAOMILLAN'S LATIN COURSE.- By A. M. Cook, M.A., Assistant Master at 
St. Paul's SchooL 
FIRST PART. GL Svo. 3s. 6d. 
SECOND PART. 28. 6d. [Third Part in preparation, 

•MAOMILLAN'S SHORTER LATIN COURSE.- By A. M. Cook, M.A. Being an 
abridgment of " Macmillan's Latin Course," First Part GL 8vo. la. 6d. 

«MAOMILLAN*S LATIN READER.— A LATIN READER FOR THE LOWER 
FORMS IN SCHOOLS. By H. J. £[ardt, M.A., Assistant Master at Win. 
Chester. GL Svo. 28. 6d. 

•MARSHALL.- A TABLE OF IRREGULAR GREEK VERBS, dassifled according 
to the arrangement of Curtius's Greek Grammar. By J. M. Marhhatj., M.A., 
Headmaster of the Grammar School, Durham. Svo. Is. 

•MAYOR.— FIRST GREEK READER. By Prof. Johk E. B. 1£atob, M. A., FeDow 
of St. John's College, Cambridge. Fcap. Svo. 4s. 6d. 

•MAYOR.— GREEK FOR BEGINNERS. By Rev. J. B. Mayor, M.A., late 
Professor of Classical Literature in King's College, London. Part I., with 
Vocabulary. Is. 6d. Parts II. and III., with Vocabulary and Index. Fcap. 
Svo. 88. 6a. Complete in one VoL 4s. 6d. 

NIXON.— PARALLEL EXTRACTS, Arranged for Translation into English and 
Latin, with Notes on Idioms. By J. E. Nixon, M.A., Fellow and Classical 
Lecturer, Kins'a College, Cambridge. Part I.— Historical and Epistolary. 
Cr. Svo. 88. 6a. 
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PROSB EXTRACTS, Arranged for Translation into Bnglish and Latin, with 
General and Special Prefaces on Style and Idiom. By the same. I. OratoricaL 
II. .Historical. III. Philosophical. IV. Anecdotes and Letters. 2d Ed., 
enlarged to 280 pp. Cr. 8vo. 4s. 6d. SELECTIONS FROM THE SAME. 8s. 
Translations of about 70 Extracts can be supplied to Schoolmasters (2s. 6d.), 
on application to the Author : and about 40 similarly of "Parallel Extracts," 
Is. 6d. post free. 

*PANTIN.— A FIRST LATIN VERSE BOOK, By W. B. P. Pantin, M.A., 
Assistant Master at St. Paul's School. Gl. Svo. Is. 6d. 

*PBILE.— A PRIMER OP PHILOLOGY. By J. Peilb, litt. D. , Master of Christ's 

College, Cambridge. 18mo. Is. 
*POSTOATB.— SERMO LATINUS. A short Guide to Latin Prose Composition. 

By Prof. J. P. PosTQATE, LittD., Fellow of Trinity College, Cambridge. GL 

8yo. 2b. 6d. KEY to " Selected Passages." Gl. 8vo. 3s. 6d. 
POSTGATE and VINOB.— A DICTIONARY OP LATIN ETYMOLOGY. By 

J. P. PosTOATE and C. A. Vince. [In preparation. 

POTTS.— *HINTS TOWARDS LATIN PROSE COMPOSITION. By A. W. Potts, 

M.A., LL.D., late Fellow of St. John's College, Cambridge. Ex. fcap. 8yo. Ss. 
•PASSAGES FOR TRANSLATION INTO LATIN PROSB. Edited with Notes 

and References to the above. Ex. fcap. 8vo. 2s. 6d. KEY, for Teachers only. 

2s. 6d. 
*P»ESTON.— EXERCISES IN LATIN VERSE OP VARIOUS KINDS. By Rev. 

G. Preston. Gl. Svo. 2s. 6d. KEY, for Teachers only. GL Svo. Ss. 
RBID.— A GRAMMAR OF TACITUS. By J. S. Rbid, Litt.D., Fellow of Caiua 

College, Cambridge. [In the Press. 

A GRAMMAR OF VIRGIL. By the same. [In preparation. 

ROBT.— Works by H. J. Roby, M.A., late Fellow of St. John's College, Cambridge. 

A GRAMMAR OF THE LATIN LANGUAGE, from Plautus to Suetonius. Part 

I. Sounds, Inflexions, Word-formation, Appendices. Cr. Svo. 9s. Part II. 

Syntax, Prepositions, etc 10s. 6d. 
SCHOOL LATIN GRAMMAR. Cr. Svo. 6s. 

*BUSH.— SYNTHETIC LATIN DELECTUS. With Notes and Vocabulary. By E. 
Rush, B.A. Ex. fcap. Syo. 2s. 6d. 

*RUST.— FIRST STEPS TO LATIN PROSE COMPOSITION. By Rev. G. Rust, 
M.A, 18mo. Is. 6d. KEY, for Teachers only. By W.M.Yates. ISmo. 8s. 6d. 

BX7THEBF0RD.— Works by the Rev. W. G. Rutherford, M.A., LL.D., Head- 
master of Westminster. 
REX LEX. A Short Digest of the principal Relations between the Latin, 
Greek, and Anglo-Saxon Sounds. Svo. [In preparation. 

THE NEW PHRYNICHUS ; being a Revised Text of the Bcloga of the Gram- 
marian Phrynichus. With Introduction and Commentary. Svo. 18s. (See 
also MacmiUan's Greek Course.) 

SHUCKBURGH.— PASSAGES FROM LATIN AUTHORS FOR TRANSLATION 
INTO ENGLISH. Selected with a view to the needs of Candidates for the 
Cambridge Local, and Public Schools' Examinations. By E. S. Shucesurqh, 
M.A. Cr. Svo. 2s. 

•SIMPSON. — LATIN PROSE AFTER THE BEST AUTHORS: Csesarian Prose. 
By F. P. Simpson, B.A. Ex. fcap. Svo. 2s. dd. KEY, for Teachers only. 
Ex. fcap. Svo. 5b. 

STRAOHAN and WILKINS.— ANALECTA. Selected Passages for Translation. 
By J. S. Strachan, M.A., Professor of Greek, and A. S. Wilkins, LittD., 
Professor of Latin in the Owens College, Manchester. Cr. Svo. 5s. KEY to 
Latin Passages. Cr. Svo. 6d. 

THRING.^Works by the Rev. B. Thriito, M.A., late Headmaster of Uppingham. 
A LATIN GRADUAL. A First Latin Construing Book for Beginners. With 
Coloured Sentence Maps. Fcap. Svo. 2s. 6d. 

A MANUAL OF MOOD CONSTRUCTIONS. Fcap. Svo. Is. 6d. 
»WBLOH and DUFFIELD.— LATIN ACCIDENCE AND EXERCISES AR- 
RANGED FOR BEGINNERS. By W. Welch and C. G. Duffield, 
AsiiBtant Masters at Cranleigh SchooL ISmo. Is. 6d. 
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WHITE.--FIIU3T LESSONS IN GREBE. Adapted to Goodwix'b Gbbbk Gbax- 
MAB, and designed as an introduction to tne Anabasis or Xsnophon. By 
John Williams White, Assistant Professor of Greek in Harvard University, 
U.S.A. Or. 8vo. 8s. 6d. 
WRIGHT.— Works by J. Wright, M.A., late Headmaster of Sutton Coldfleld 
School. 

A HELP TO LATIN GRAMMAR ; or, the Form and Use of Words in Latin, 
with Progressive Exercises. Cr. 8vo. 4s. 6d. 

THE SEVEN KINGS OF ROME. An Easy Narrative, abridged firom the First 
Book of livy by the omission of Difficult Passages ; being a First Latin Read- 
ing Book, with Grammatical Notes and Vocabulary. Fcap. 8vo. 8s. 6d. 

FIRST LATIN STEPS; ob, AN INTRODUCTION BY A SERIES OF 
EXAMPLES TO THE STUDY OF THE LATIN LANGUAGE. Gr. 8vo. Ss. 

ATTIC PRIMER. Arranged for the Use of Beginners. Ex. fcap. jSvo. 28. 6d. 

A COMPLETE LATIN COURSE, comprising Rules with Examples, Exercises, 
both Latin and English, on each Rule, and vocabularies. Cr. 8vo. 2s. 6d. 

ANTIQUITIES, ANCIENT HISTORY, AND 

PHILOSOPHY. 

ARNOLD.— A HANDBOOK OF LATIN EPIGRAPHY. By W. T. Arnold^ 

M.A. [In prepartUioTL 

THE ROMAN SYSTEM OF PROVINCIAL ADMINISTRATION TO THE 

ACCESSION OF CONSTANTINE THE GREAT. By the same. Cr. 8vo. 6s. 

ARNOLD.— THE SECOND PUNIC WAR Being Chapters from THE HISTORY 

OF ROME by the late Thomas Arnold, D.D., Headmaster of Ruglqr. 

Edited, with Notes, by W. T. Arkold, M. A. With 8 Maps. Cr. 8vo. 5s. 

«BEESLY.--STORIES FROM THE HISTORY OF ROME. By Mrs. Bxkbly. 

Fcap. 8vo. 2s. 6d. 
BLAOKIE.— HORiS HELLENICiB. By John Stuart Blackie, Emeiitos Pro- 
fessor of Greek in the University of Edinburgh. 8vo. 12s. 
BURN.— ROMAN LITERATURE IN RELATION TO ROMAN ART. By Rev. 
Robert Burn, M.A., late Fellow of Trinity College, Cambridge. Illustrated. 
Ex. cr. 8vo. 148. 
BURY.- A HISTORY OF THE LATER ROMAN EMPIRE FROM ARGADIUS 
TO IRENE, A.D. 895-800. By J. B. Burt, M.A., Fellow of Trinity College, 
Dublin. 2 vols. 8vo. S2s. 
*0LA8SI0AL WRITERS.— Edited by John Richard Grben, M.A., LL.D. Fcap. 
8vo. Is. 6d. each. 
SOPHOCLES. By Prof. L. Campbell, M.A. 
EURIPIDES. By Prof. Mahaffy, D.D. 
DEMOSTHENES. By Prof. S. H. Butcher, M.A. 
VIRGIL. By Prof. Nettlbship, M.A. • 
LIVY. By Rev. W. W. Capes, M.A. 

TACITUS. By Prof. A. J. Church, M.A., and W. J. Brodribb, M.A. 
MILTON. By Rev. Stopford A, Brooks, M.A. 
FREEMAN.— Works by Edward A. Freeman, D.C.L., LL.D., Regius Professor of 
Modem History in the University of Oxford. 
HISTORY OF ROME. (Historioai Cowrae for SchodU.) 18mo. [In preparation. 
HISTORY OF GREECE. (Historical Course for ScKooU.) 18mo. [In prepanUion. 
A SCHOOL HISTORY OF ROME. Cr. 8vo. [In prepairaHmi. 

HISTORICAL ESSAYS. Second Series. [Greek and Roman History.] 8vo 
10s. 6d. 
PYFPE.— A SCHOOL HISTORY OF GREECE. By C. A. Fyffb, M.A. Cr. 8vo. 

[In preparation, 
GARDNER.— SAMOS AND SAMIAN COINS. An Essay. By Percy Gardnxr, 
LittD., Professor of Archseology in the University of Oxford. With lUnstra- 
tions. 8vo. ' 7s. 6d. 
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OEDDBB.— THE PROBLEM OF THE HOMERIC POEMS. By W. D. Osddxs, 

Principal of the Uniyersity of Aberdeen. 8vo. 14s. 
OLAJDSTONE.~Wor]ui by the Rt Hon. W. B. Gi.Ai«Toin5, M.F. 
THE TIME AND PLAGE OF HOMER. Gr. Svo. 6s. 6d. 
LANDMARKS OF HOMBRIG STUDY. Gr. Svo. 2s. 6d. 
«A PRIMER OF HOMER 18mo. Is. 
QOW.— A GOMPANION TO SCHOOL CLASSICS. By James Gow, LItt.D., 
Master of the High School, Nottingham. With lUastrations. 2d Ed., revised. 
Gr. Svo. 08. 
HARBISON and VEBBALL.— MYTHOLOGY AND MONUMENTS OF ANCIENT 
ATHENS. Translation of a portion of the "Attica" of Pansanias. By 
Maboarst db G. Ykrrall. With Introdnctory Essay and ArchsBologicid 
Commentary by Janb E. Harbison. With Illnstrations and Plans. Gr. 
Svo. 16s. 
JEBB.— Works by R. G. Jebb, LittD., Professor of Greek in the University of 
Cambridge. 
THE ATTIC ORATORS PROM ANTIPHON TO ISAEOS. 2 vols. Svo. 26s. 
«A PRIMER OF GREBE LITERATURE. ISmo. Is. 

(See also Classical Series.) 
EIEPERT. — MANUAL OF ANCIENT GEOGRAPHY. By Dr. H. Eiepebt. 

Gr. Svo. 5s. 
LANCIANI.— ANCIENT ROME IN THE LIGHT OF RECENT DISCOVERIES. 
By RoDOLFO Lakciani, Professor of Archaeology in the University of Rome. 
lUostrated. 4to. 24s. 
MAHAFFT.— Works by J. P. Mahajtt, D.D., Fellow of Trinity College, Dublin, 
and Professor of Ancient History in the University of Dublin. 
SOCIAL LIFE IN GREECE ; fh>m Homer to Menander. Cr. Svo. 9s. 
GREBE LIFE AND THOUGHT ; from the Age of Alexander to the RomAn 

Conquest. Cr. Svo. 12s. 6d. 
THE GREBE WORLD UNDER ROMAN SWAY. From Plutarch to Polybius. 

Cr. Svo. 10s. 6d. 
RAMBLES AND STUDIES IN GREECE. With Illustrations. With Map. 

Or. Svo. 10s. 6d. 
A HISTORY OF CLASSICAL GREBE LITERATURB. In 2 vols. Cr. Svo. 
Vol. L The Poets, with an Appendix on Homer by Prof. Sayce. 9s. Vol. 
II. The Prose Writers. In two parts. Part I. Herodotus to Plato. Part II. 
Isocrates to Aristotle. 4s. 6d. each. 
*A PRIMER OF GREBE ANTIQUITIES. With Illustrations. ISmo. Is. 
^EURIPIDES. ISmo. Is. 6d. (Classical Writers.) 
MAYOR.— BIBLIOGRAPHICAL CLUB TO LATIN LITERATURB. Edited 

after HObneb. By Prof. John B. B. Mayob. Cr. Svo. 10s. 6d. 
NEWTON.— ESSAYS ON ART AND ARCaffiOLOGY. By Sir Charles Newton, 

E.C.B., D.C.L. Svo. 12s. 6d. 
PHILOLOGT.— THE JOURNAL OF PHILOLOGY. Edited by W. A. Wright, 
M.A., J. Bywater, M.A., and H. Jackson, LitLD. 4s. 6d. each (half« 
yearlyX 
RENDALL.--THE CRADLE OF THE ARYANS. By Prof. G. H. Rendall. Svo. 

8b. 
SAYOE.— THE ANCIENT EMPIRES OF THE EAST. By A. H. Sayce, M.A., 

Deputy-Professor of Comparative Philology, Oxford. Cr. Svo. 6s. 
80HMIDT and WHTTB. AN INTRODUCTION TO THE RHYTHMIC AND 
METRIC OF THE CLASSICAL LANGUAGES. By Dr. J. H. Heinrioh 
SoHMiDT. Translated by John Willlaus White, Ph.D. Svo. 10s. 6d. 
SHUOHHABDT.— DR. SOHLIEMANN'S EXCAVATIONS AT TROY, TIRYN8, 
MYCEN^, ORCHOMBNOS, ITHACA, presented in the light of recent know- 
ledge. By Dr. Carl Shuchhardt. Translated by Eugenie Sellers. Intro- 
dncti on by Walter Leat, LittD. Illustrated. Svo. [In (he Press 

SHU0KBX7B0H.— A SCHOOL HISTORY OF ROME. By B. S. Shuckbitroh, 
M. A. Gr. Svo. [In preparatioti. 
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*8TEWABT.— THB TALE OF TROY. Done into Bnglish by Aubbkt Srwabt. 

GL 8to. 88. 6d. 
WALDSTBIN.— CATALOGUE OP OASTS IN THB MUSEUM OF CLASSICAL 
ABOHiSOLOGT, CAMBRIDGE. By Charles WALDBTsnr, Uniyendty Reader 
in Classical Archeeology. Or. Bvo. Is. 6d. 

*«* Also an Edition on Large Paper, small 4to. Ss. 
WILKINS.— Works by Prof. Wilkinb, Litt.D., LL.D. 
*A PRIMER OF ROMAN ANTIQUITIES. Illastrated. 18mo. Is. 
♦A PRIMER OP ROMAN LITERATURE. 18mo. Is. 

WmCINS and ARNOLD.— A MANUAL OP ROMAN ANTIQUITIES. By 
Prot A. B. Wilkinb, LittD., and W. T. Abnold, M.A. Or. Syo. XUnstratel. 

[In pnpotmtUnk, 

MODERN LANGUAGES AND 
LITERATURE. 

EngUsh ; FrenOh ; Oennan ; Modem Greek ; Italian ; SpanldL 

ENGLISH. 

"ABBOTT.— A SHAKESPEARIAN GRAMMAR An Attempt to Dlnstrate some 
of the Differences between Elizabethan and Modem EnguuBh. By the Rev. S. 
A. Abbott, D.D., formerly Headmaster of the City of London SchooL Ex. 
fcap. Svo. 6s. 

■^BACON.— ESSATS. With Introduction and Notes, by P. G. Sslby, M.A., Profes- 
sor of Logic and Moral Philosophy, Deccan College, Poona. GL Svo. 88. ; 
sewed, 2s. 6d. 

•BURKE.— REFLECTIONS ON THE FRENCH REVOLUTION. By the same. 
Gl. Svo. 5s. 

BROOKE.— 'PRIMER OF ENGLISH LITERATURE. By Rev. Stopford A. 
Brookk, M.A. ISmo. Is. 
EARLY ENGLISH LITERATURE. By the same. 2vols.8vo. [V61.I. In the Pros. 

BUTLER.— HUDIBRAS. With Introduction and Notes, by Altbed Milnss, 
M.A. Ex. fcap. Svo. Part I. Ss. 6d. Parts II. and III. 4s. 6d. 

CAMPBELL.— SELECTIONS. With Introduction and Notes, by Cbcil M. 
Barrow, M.A. GL Svo. [In preparation. 

OOWPER.— *THE TASK : an Epistle to Joseph Hill, Esq. ; Tirocinium, or a Re- 
view of the Schools ; and Thb History of John Gilpin. Edited, with Notes, 
by W. Benham, B.D. Gl. Svo. Is. (Cflobe Readings from Standard Authors.) 
THE TASK. With Introduction and Notes, by P. J. Rowk, M.A., and W. T. 
Webb, M.A., Professors of English Literature, Presidency College, Calcutta. 

[In preparation. 

*DOWDEN.— SHAKESPERE. By Prof. Dowden. ISmo. Is. 

DRTDEN.— SELECT PROSE WORKS. Edited, with Introduction and Notes, by 
Prof. C. D. ToNOB. Fcap. Svo. 2s. 6d. 

•GLOBE READERS. For Standards L-YL Edited by A. P. Muruon. Illustrated. 
Gl. Svo. 

Book in. (282 pp.) Is. 8d. 



Primer I. (48 pp.) Sd. 

Primer II. (48 pp.) 8d. 

Book I. (96 pp.) 6d. 

Book II. (186 pp.) 9d. 



Book IV. (828 pp.) Is. 9d. 
Book V. (416 pp.) 2s. 
Book YI. (448 pp.) 2s. 6d. 



•THE SHORTER GLOBE READERS.— Illustrated. Gl. Svo. 



Primer I. (48 pp.) Sd. 

Primer II. (48 pp.) 8d. 

Standard I. (92 pp.) 6d. 

Standard II. (124 pp.) 9d. 



Standard IIL (178 pp. 
Standard IV. (182 pp. 
Standard V. (216 pp. 
Standard VI. (228 pp. 




•GOLDSMITH.— THE TRAVELLER, or a Prospect of Society ; and the Deserted 
Village. With Notes, Philological and Explanatory, by J. W. Hales, M.A. 
Cr. Svo. 6d. 
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«THB TBAVBLLEB AND THB DBSEBTED VILLAGB. With Introduction and 
NotM. By A. Babrktt, B.A., Professor of English Literatnre, Elphinstone 
Gollege, Bombay.' Gl. Svo. Is. 9d. ; sewed, Is. 6dl The Traveller (separately), 
Is., sewed. 
THB VICAB OF WAKEFIELD. With Introdnction and Notes. By H. Ltctlk- 
DAiiK, B. A., Professor of History and English Literatnrei Baroda College. Gl. 
8yo. [In pr^parcMon. 

*THB VICAB OF WAKEFIELD. With a Memoir of Goldsmith, by Prof. 
Masson. Gl. Svo. Is. {Globe Readings from Standard AiUhors.) 

SELECT ESSAY& With Introduction and Notes, by Prof. C. D. Yovoe. 
Fcap. Svo. 2s. 6d. 

OOSSE.— A HISTOBT OF EIGHTEENTH OENTUBT LITBBATUBE (1660-1780). 
By Bdmttnd Gossk, M.A. Cr. Svo. 78. 6d. 

GRAY.— POEMS. With Introdnction and Notes, by John Bbadbhaw, LL.D. 
Gl. Svo. [In the Press. 

*HALES.— LONGEB ENGLISH POEMS. With Notes, PhUological and Explana- 
tory, and an Introduction on the Teaching of English, by J. W. Hales, M. A., 
Professor of English Literature at King's College, London. Ex. fcap. Svo. 4s. 6d. 

•HELPS.— ESSAYS WBITTEN IN THE INTEBVALS OP BUSINESS. With 

Introduction and Notes, by F. J. Bows, M.A., and W.. T. Webb, M.A. 

Gl. Svo. Is. 9d. ; sewed. Is. 6d. 
"JOHNSON.^LIYES OF THE POETS. The Six Chief Lives (Milton, Dryden, 

Swift, Addison, Pope, Gray), with Macaulay's " Life of Johnson." With Pre- 

fiMse and Notes by Matthew Arnold. Or. Svo. 4s. 6d. 
•LAMB.— TALES FBOM SHAKSPEABE. With Preface by the Bev. Canon 

AmoER, M.A., LL.D. GL Svo. 28. (Globe Readings from. SUmdard Authors.) 
*LITEBATUBE PBIMEBS.— Edited by John Bichard Green, LL.D. ISmo. 

Is. each. 
ENGLISH GBAMMAB. By Bev. B. Morris, LL.D. 
ENGLISH GBAMMAB EXEBCISES. By B. Morris, LL.D., and H. 0. 

BowEN, M.A. 
EXEBCISES ON MOBBIS'S PBIMBB OF ENGLISH GBAMMAR By J. 

Wethsrell, M.A. 
ENGLISH COMPOSITION. By Professor Nichol. 
QUESTIONS AND EXEBCISES ON ENGLISH COMPOSITION. By Prof. 

Niohol and W. S. M'Cormick. 
ENGLISH LITEBATUBE. By Stoptobd Brooke, M.A. 
SHAKSPEBE. By Professor Dowdbk. 
THE CHILDREN'S TBEASUBY OF LYBICAL POETBY. Selected and 

arranged with Notes by Francis Turner Palgrave. In Two Parts. Is. each. 
PHILOLOGY. By J. Peile, LittD. 
BOMAN LITEBATUBE. By Prof. A. S. Wilkins, IdttD. 
GBEEK LITBBATUBE. By Prof. Jebb, Litt.D. 
HOMEB. By the Bt Hon. W. E. Gladstone, M.P. 
A mSTORY OF ENGLISH LITERATURE IN FOUR VOLUMES. Cr. Svo. 
BABLY ENGLISH LITEBATUBE. By Stoptord Brooke, M.A. [In preparation, 
ELIZABETHAN LI TEBA TUBE. (1560-1666.) By George Saintsburt. 7s. 6d. 
EIGHTEENTH CENTUBY LITEBATUBE. (1660-1780.) By Edmund Gosss, 

M.A. 78. 6d. 
THE MODEBN PBBIOD. By Prot Dowden. [In preparation. 

*MACMILLAN'S READZNG BOOKS. 



PBIMEB. ISmo. 48 pp. 2d. 
BOOK L for Standard I. 96 pp. 4d. 
BOOK U. for Standard IL 144 pp. 

6d. 
BOOK lU. for Standard III. 160 

pp. 6d. 



BOOK IV. for Standard lY. 176 pp. 
Sd. 

BOOK y. for Standard V. 880 pp. 

Is. 
BOOK VI. for Standard VL Cr. Svo. 

4S0 pp. 2s. 



Book VI. is fitted for Higher Classes, and as an Introduction to English Literatuzv. 
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«MAOMILLAN'S C0F7 BOOKS.— 1. Large Post 4to. Price 4<L each. 2. Post 
Oblong. Price 2(1. each. 

1. IinriATOBT EXEBCISSS AKD SHORT LKTTEBS. 

2. Words conbistino of Short Letters. 

8. Long Letters. With Words containing Long Letters— Figures. 
4. Words ooNTAiNiNa Lonq Letters. 
4a. Practisino akd Bsvismo Ooft-Book. For Nos. 1 to 4. 
6. OAjrrALS AND Short Half-Text. Words beginning with a Capital. 

6. Half-Text Words beginning with Capitals — Figares. 

7. Small-Hand and Half-Text. With Capitals and Figures. 

8. Small-Hand and Half-Text. With Capitals and Figures. 
8a. Practising and Revising Coft-Book. For Nos. 5 to 8. 

9. Small-Hand Single Headlines— Figures. 

10. Small-Hand Single Headlines— Figures. 

11. Small-Hand Dottble Headlines — Figures. 

12. Commercial and ARrrHMEncAL Examples, &c. 

12a. Praotisino and Revising Coft-Book. For Nos. 8 to 12. 
Nos. 8, 4, 5, 6, 7, 8, 9 may he had toith GoodTnan't PateiU Sliding Chpies. Large 
Post 4to. Price 6d. each. 
MARTIN.- *THB POSTS HOUR : Poetry selected and arranged for Children. By 

Frances Martin. 18mo. 2s. 6d. 
*SPRING-TIME WITH THE POETS. By the same. 18mo. Ss. 6d. 

*MILTON.— PARADISE LOST. Books L and U. With Introduction and Notes^ 
by Michael Macmillan, B.A., Professor of Logic and Moral Philosophy, 
Elphinstone College, Bombay. OL 8vo. Is. 9d. ; sewed, Is. 6d. Or separately. 
Is. 8d. ; sewed, Is. each. 

•L'ALLEGRO, IL PENSEROSO, LYCIDAS, ARCADES, SONNETS, &c With 
Introduction and Notes, by W. Bell, M.A., Professor of Philosophy and 
Logic, Government College, Lahore. GL 8vo. Is. 9d. ; sewed, Is. 6d. 

*COMTJS. By the same. Gl. 8vo. Is. 8d. ; sewed. Is. 

*SAMSON AGONISTES. By H. M. Percival, M. A., Professor of English Liter- 
ature, Presidency College, Calcutta. Gl. 8vo. 2s. ; sewed. Is. 9d. 

•INTRODUCTION TO THE STUDY OF MILTON. By Stopford Brooke, 
M.A. Fcap. 8vo. Is. 6d. (Classical Writers.) 

MOBLEY.— ON THE STUDY OF LITERATURE. Address to the Students of 
the London Society for the Extension of University Teaching, delivered at the 
Mansion-House, February 26, 1887. By John Morlet. 2d. 
APHORISMS. Address delivered before the Philosophical Society of Edinburgh, 
November 11, 1887. By the same. GL 8vo. Is. 6d. 

MORRIS.— Works by the Rev. R. Morris, LL.D. 
•PRIMER OF ENGLISH GRAMMAR. 18mo. Is. 

•ELEMENTARY LESSONS IN HISTORICAL ENGLISH GRAMMAR, con- 
taining Accidence and Word-Formation. 18mo. 2s. 6d. 
•HISTORICAL OUTLINES OF ENGLISH ACCIDENCE, comprising Chapters 
on the History and Development of the Language, and on Word- Formation. 
Ex. fcap. 8vo. 6s. 
MORRIS and KELLNER.— HISTORICAL OUTLINES OF ENGLISH SYNTAX. 
By Rev. R. Morris and Dr. L. Ksllner. [In preparation. 

NIOHOL.— A SHORT HISTORY OF ENGLISH LITERATURE. By Prof. John 
NiOHOL. GL 8vo. [In preparation. 

OLIPHANT.— THE OLD AND MIDDLE ENGLISH. By T. L. Kington 
Olifhant. New Ed., revised and enlarged, of '*The Sources of Standard 
English." New Ed. Gl. 8vo. [In the Press. 

THE NEW ENGLISH. By the same. 2 vols. Cr. 8vo. 21s. 
•PALORAVB,— THE CHILDREN'S TREASURY OF LYRICAL POETRY. 
Selected and arranged, with Notes, by Francis T. Palorave. 18mo. 8s. Od. 
Also in Two Parts. Is. each. 



ENGLISH 17 

PATHORE.~-THE CHILDREN'S GARLAND FROM THE BEST POETS. 
Selected and arranged by Covektbt Fatmore. 61. 8vo. 2s. (Globe Beadi/ngs 
from Standard Authors.) 

PLUTABOH.— Being a Selection from the Lives which Illustrate Shakespeare. 

North's Translation. Edited, with Introdactions, Notes, Index of Names, 

and Glossarial Index, by Prof. W. W. Skeat, Litt.D. Cr. 8vo. 6s. 
*BANSOME.— SHORT STUDIES OF SHAKESPEARE'S PLOTS. By Ctbil 

Ransoue, Professor of Modem Histoiy and Literature, Yorkshire College, 

Leeds. Or. 8vo. 3s. 6d. 

•BYLAND.— CHRONOLOGICAL OUTLINES OP ENGLISH LITERATURE. 
By F. Ryland, M.A. Cr. Svo. 6s. 

SAINTSBURY.— A HISTORY OP ELIZABETHAN LITERATURE. 1660-1666. 

By Geobqe Saintsbuby. Cr. 8yo. 7s. 6d. 
SOOTT.— *LAY OF THE LAST MINSTREL, and THE LADY OF THE LAKE. 

Edited, with Introduction and Notes, by Frai^cis Tubneb Palgbave. GL 8yo. 

Is. (Globe Beadingafrom Standard Authors.) 
*THE LAY OF THE LAST MINSTREL. With Introduction and Notes, by 

G. H. Stuabt, M.A., and E. H. Elliot, B.A. G1. 8vo. Introduction and 

Canto I. 9d. sewed. Cantos I. to III. Is. dd. Cantos IV. to VL Is. 8d. ; 

sewed. Is; [In (he Press, 

•MARMION, and THE LORD OF THE ISLES. By F. T. Palgbave. G1. 8vo. 

Is. (Globe Beadvngsfrom Standard Authors.) 

*MARMION. With Introduction and Notes, by Miohael Macmillan, B.A. 

Gl. 8vo. 8s. ; sewed, 2s. 6d. 
THE LADY OF THE LAKE. By G. H. Sttjabt, M.A. [In the Press. 

*ROKEBY. With Introduction and Notes, by Michael Macmillak, B.A. 

GI 8vo 8s * sewed 2s 6d. 
SHAKESPEABe!— «A SHAKESPEARIAN GRAMMAR. By Rev. E. A. Abbott, 
D.D. Gl. 8vo. 6s. 

A SHAKESPEARE MANUAL. By F. G. Fleay, M.A. 2d Ed. Ex. fcap. 8vo. 

4s. 6d. 
•PRIMER OF SHAKESPBRB. By Prof. Dowden. 18mo. Is. 

♦SHORT STUDIES OP SHAKESPEARE'S PLOTS. By Cybil Ransome, M.A. 

Cr. 8vo. 8s. 6d. 
•THE TEMPEST. With Introduction and Notes, by K. Deighton, late Principal 

of Agra College. Gl. 8vo. Is. 9d. ; sewed, Is. 6d. 
•MUCH ADO ABOUT NOTHING. By the same. Gl. Svo. Is. 9d. ; sewed. Is. 6d. 
A MIDSUMMER NIGHT'S DREAM. By the same. G1.8vo. ls.9d.; sewed,ls.6d. 
•THE MERCHANT OF VENICE. By the same. GL 8vo. Is. 9d. ; sewed. Is. 6d. 
•TWELFTH NIGHT. By the same. GL Svo. Is. 9d. ; sewed. Is. 6d. 
•THE WINTER'S TALE. By the same. GL Svo. 2s. ; sewed. Is. 9d. 
•RICHARD II. By the same. GL Svo. Is. 9d. ; sewed. Is. 6d. 
•KING JOHN. By the same. GL Svo. Is. Od. ; sewed. Is. 6d. 
•HENRY V. By the same. GL Svo. Is. 9d. ; sewed. Is. 6d. 
•RICHARD III. By C. H. Tawnby, M.A., Principal and Professor of English 

literature, Presidency College, Calcutta. GL Svo. 2s. 6d. ; sewed, 2s. 
CORIOLANUS. By K. Deighton. GL Svo. 2s. 6d. ; sewed, 2s. [February 1891. 
•JULIUS CJESAR. By the same. GL Svo. Is. 9d. ; sewed. Is. 6d. 
•MACBETH. By the same. GL Svo. Is. 9d. ; sewed, Is. 6d. 
HAMLET. By the same. GL Svo. 2s. 6d. ; sewed, 2s. 
•OTHELLO. By the same. GL Svo. 2s. ; sewed. Is. 9d. 
•CYMBELINE. By the same. GL Svo. 2s. 6d. ; sewed, 2s. 
•SONNENSOHEIN* and MEIELE JOHN. — THE ENGLISH METHOD OF 

TEACHING TO READ. By A. Sonnenschein and J. M. D. Meiklbjohn, 

M. A. Fcap.- Svo. 

COMPBISING : 

THE NURSERY BOOK, containing all the Two -Letter Words in the Lan- 
guage. Id. (Also in Large Type on Sheets for School Walls. 5s,) 
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THB FIBST OOUBSE, consiiting of Short Vowels with Single Gonsonanti. 7d. 
THB SBOOND GOXJRSB, with Oombinatloiis and Bridges, consisting of Short 

Vowels wiUi Doable Consonants. 7d. 
THB THIRD AND FOURTH OOURSBS, consisting of Long Vowels, and all 

the Double Vowels in the Lungnage. 7d. 
*SOnTHEY.— LIFE OF NELSON. With Introduction and Notes, by Michael 
Macmillan, B.A. G1. Syo. 8s. ; sewed, 2s. 6d. 

TATLOB.— WORDS AUtD PLAGBS ; or, Etymolojrical Illastrations of History, 
Ethnology, and Geography. By Rev. Isaac Tatlob, LittD. With Maps. 
Gl. 8vo. 6s. 
TENNYSON.— THE COLLECTED WORKS OF LORD TENNYSON. An Edition 
for Schools. In Four Parts. Cr. 8vo. 2s. 6d. each. 
TENNYSON FOR THE YOUNG. Edited, with Notes for the Use of Schools, 
by the Rev. Alfakd Aikgeb, LL.D., Canon of BristoL 18mo. Is. net. 

[In preparation. 
•SELECTIONS FROM TENNYSON. With Introduction and Notes, by F. J. 
Rows, M.A., and W. T. Wbbb, M.A. Gl. 8vo. 8s. 6d. 

This selection contains:— Recollections of the Arabian Nights, The Lady of 

Shalott. Oenone, The Lotos Eaters, Ulysses, Tithonus, Morte d' Arthur, Sir 

Galahad, Dora, Ode on the Death of the Duke of Wellington, and The Revenge. 

ENOCH ARDEN. By W. T. Wbbb, M.A. Gl. 8vo. [In ths Press. 

•THE COMING OF ARTHUR, AND THE PASSING OF ARTHUR. By F. J. 

RowB, M.A. GL 8vo. 2s. 

THRING.— THE ELEMENTS OF GRAMMAR TAUGHT IN ENGLISH. By 

Edward Thrino, M.A. With Questions. 4th Ed. 18mo. 2s. 
•VAUOHAN.- WORDS FROM THE POETS. By C. M. Vauohak. 18mo. Is. 

WARD.— THB ENGLISH POETS. Selections, with Critical Introductions by 
various Writers and a General Introduction by Matthxw Arnold. Edited 
by T. H. Ward, M.A. 4 Vols. VoL I. Chaucbr to Donnb.— Vol. II. Bxn 
JoNsoN TO Drydbn.— Vol. III. Addison to Blakb.— Vol. IV. Wordsworth 
TO RossETTi. 2d Ed. Cr. 8vo. 7s. 6d. each. 

»WETHEBELL.— EXERCISES ON MORRIS'S PRIMER OF ENGLISH GRAM- 
MAR. By John Wbthbrbll, M.A., Headmaster of Towoester Grammar 
School. 18mo. Is. 

WOODS.— *A FIRST POETRY BOOK. By M. A. Woods, Head Mistress of the 

Clifton High School for Girls. Fcap. 8vo. 2s. 6d. 
*A SECOND POETRY BOOK. By the same. In Two Parts. 2s. 6d. each. 
•A THIRD POETRY BOOK. By the same. 48. 6d. 
HYMNS FOR SCHOOL WORSHIP. By the same. 18mo. Is. 6d. 
WORDSWOBTH.-SELBCTIONS. With Introduction and Notes, by F. J. Rowb, 
M.A., and W. T. Webb, M.A. GL 8vo. [In preparation. 

YONGE.—*A BOOK OF GOLDEN DEEDS. By Charlotte M. Yonob. GLSvo. 2s. 
•THE ABRIDGED BOOK OF GOLDEN DEBDa 18mo. Is. 

PRBNOH. 

BEAUMABCHAIS.— LB BARRIER DE SEVILLE. With Introduction and 
Notes. By L. P. Bloubt. Fcap. 8vo. Ss. 6d. 

•BOWBN. -FIRST LESSONS IN FRENCH. By H. Courthopb Bowen, M.A. 
Ex. fcap. 8vo. Is. 

BREYMANN.— Works by Hermann Brbymann, Ph.D., Professor of Philology in 
the University of Munich. 

A FRENCH GRAMMAR BASED ON PHILOLOGICAL PRINCIPLES. Ex. 

fcap. 8vo. 4s. M. 
FIRST FRENCH EXERCISE BOOK. Ex. fcap. 8vo. 48. 6d. 
SECOND FRENCH EXERCISE BOOK. Ex. fcap. 8vo. 2s. 6d. 
FASNAGHT.— Works by G. E. Fasnacht, late Assistant Master at Westminster. 
THE ORGANIC METHOD OF STUDYING LANGUAGES, Ex. fcap. 8va L 

French, 8s, 6d, 
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A SYNTHETIC FRENCH QRAMMAB FOB SCHOOLS. Cr. Sro. 8b. 6<L 
ORAMKAB AND GLOSSARY OF THE FRENCH LANGUAGE OF THE 
SEVENTEENTH CENTURY. Or. 8vo. [In preparation, 

UAdOLLAK'S PRIMARY SERIES OF FRENCH READING BOOKS.— Edited by 
G. E. F^SNACHT. With Illustrations, Notes, Vocabularies, and Exercises. 
Gl. 8vo. 
FRENCH READINGS FOR CHILDREN. By G. E. Fasnaght. [In (he Press. 
*CORNAZ— NOS ENFANTS ET LEURS AMIS. By Edith Habvey. Is. 6d. 
*DE HAISTRE— LA JEUNE SIB&RIENNB ET LE L^REUX DB LA CITfil 

D'AOSTE. By Stephans Barlet, B.Sc. etc Is. 6d. 
*FLORIAN^FABLES. By Rev. Chabues Ysld, M. A., Headmaster of University 

School, Nottingham. Is. 6d. 
*LA FONTAINE— A SELECTION OF FABLES. By L. M. Mobiabtt, B.A., 

Assistant Master at Harrow. 2s. 6d. 
LAMARTINE— JEANNE D'ARC. By M. di G. Vebball. [In prepmraiion. 
*MOLESWORTH— FRENCH LIFE IN LETTERS. By Mrs. Moleswobth. 

ls.6d. 
»PERRAULT— CONTES DE FIjES. By G. E. Fasnaoht. Is. 6d. 
UAOMILLAN'S PROGRESSIVE FRENCH COURSE.— By G. B. Fabnacht. Ex. 

fcap. Svo. 
*Fnurr Yeab, containing Easy Lessons on the Regular Accidence. Is. 
*Seoond Yeab, containing an Elementary Grammar with copious Exercises, 

Notes, and Vocabularies. 2s. 
*Thibd Yeab, containing a Systematic Syntax, and Lessons in Composition. 

2s. 6d. 
THE TEACHER'S COMPANION TO MACMILLAN'S PROGRESSIVE FRENCH 
COURSB. With Copious Notes, Hints for Different Renderings, Synonyms, 
Philological Remarks, etc By G. B. Fasnacht. Ex. fcap. Svo. Bach Year 
4s. 0d. 
*MAOMILLAirS FRENCH OOMPOSITION.— By G. B. Fasnaoht. Bx. fcap. 
Svo. Part I. Blementary. 2s. Od. Part 11. Advanced. [In the Press, 

THE TEACHER'S COMPANION TO MACMILLAN'S COURSE OF FRENCH 
COMPOSITION. By G. B. Fasnaoht. Part I. Ex. fcap. Svo. 4s. 6d. 

MACMILLAN'S PBOGEESSIVB FRENCH READERS. By G. B. Fasnaoht. Ex. 
fcap. Svo. 

*FiB8T Yeab, containing Tales, Historical Extracts, Letters, Dialogues, Ballads, 
Nursery Songs, etc., with Two Vocabularies : (1) in the order of subjects ; 
(2) in alphabetical order. With Imitative Exercises. 2s. 6d. 

*SE00in> Ybab, containing Fiction in Prose and Verse, Historical and Descriptive 
Extracts, Essays, Letters, Dialogues, etc. With Imitative Exercises. 2s. 6d. 

MACMILLAN'S FOREIGN SCHOOL CLASSICS. Edited by G. B. Fasnacht. 

ISmo. 
*CORNEILLE— LB CID. By G. B. Fasnacht. Is. 

*DUMAS— LBS DEMOISELLES DE ST. CYR. By VioroB Oqbb, Lecturer at 

University College, Liverpool. Is. 6d. 
LA FONTAINE'S FABLES. Books L-VI. By L. M. Mobiabtv, B.A., 

Assistuit Master at Hurow. [In prepcvraii4>n, 

«M0LI6RE— L'AVARB. By the same. Is. 

*MOLrfilRE— LB BOURGEOIS GBNTILHOMMB. By the same. Is. 6d. 
«MOLi:i^RB— LBS FEMMBS SAVANTES. By G. E. Fasnacht. Is. 
*MOLI&RB— LE MISANTHROPE. By the same. Is. 
«MOLI^RB— LB M^DECIN MALGRE LUL By the same. Is. 
MOLI^RB—LBS PRfiCIEUSES RIDICULES. By the same. [In preparaHon, 
•RACINE— BRITANNICUS. By B. Pellissieb, M.A. 2s. 
*FRENCH READINGS FROM ROMAN HISTORY. Selected from vwious 

Authors, by C. Colbeck, M.A., Assistant Master at Harrow. 48. 6d. 
*SAND, GBORGB— LA MARE AU DIABLB. By W. B. Russell, M.A., 

Assistant Master at Haileybury. Is. 
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«SANDEAU, JULBS— MADBMOISELLB DB LA SBIGLIl^BB. By H. G 

Steel, Assistant Master at Winchester. Is. 6d. 
THIERS'S HISTORY OP THE EGYPTIAN EXPEDITION. By Rev. H. A. 
Bull, M. A., formerly Assistant Master at Wellington. [In preparation, 

•VOLTAIRE— CHARLES XIL By G. B. Pasnaoht. 8s. 6d. 
»MASSON.— A COMPENDIOUS DICTIONARY OP THE FRENCH LANGUAGE. 
Adapted from the Dictionaries of Professor A. Elwall. By Gdbtaye Masson. 
Cr. 8vo. 6s. 
MOLlibtE.— LB MALADE IMAGINAIRE. With Introdnction and Notes, by P. 
Tabyer, M.A., Assistant Master at Eton. Fcap. 8yo. 2s. 6d. 

*PBT.T.TS8TBB.— PRENCH ROOTS AND THEIR FAMILIES. A Synthetic 
Vocabulary, based upon Derivations. By E. Fellissieb, M.A., Assistuit 
Master at Clifton College. Gl. 8vo. 68. 

GERMAN. 

BEHAGEL.— THE GERMAN LANGUAGE. By Dr. Otto Behaoel. Translated 
by Bmil Trechmann, B.A^ Ph.D., Lecturer in Modem Literature in the 
University of Sydney, N.S. W. GL Svo. {In the Press, 

HUBS.— A SYSTEM OP ORAL INSTRUCTION IN GERMAN, by means of 
Progressive Illustrations and Applications of the leading Rules of Grammar. 
By H. C. O. Huss, Ph.D. Cr. Svo. Ss. 

MAOMILLAN'S PBOGBESSIVE GERMAN OOTJBSB. By G. B. Tassacbt. Ex. 

fcap. Svo. 
*FiRST Year. Easy lessons and Rules on the Regular Accidence. Is. 6d. 
^Second Year. Conversational Lessons in Systematic Accidence and Elementary 
Syntax. With Philological Illustrations and Etymological Vocabulary. 
8s. 6d. 
Third Year. [In the Press, 

TEACHER'S COMPANION TO MACMILLAN'S PROGRESSIVE GERMAN 
COURSE. With copious Notes, Hints for Different Renderings, Synonyms, 
Philological Remarks, etc. ByG. E. Pasnacht. Ex. fcap. Svo. Pirst Year. 
48. 6d. Second Year. 4s. 6d. 

liAOMILLAN'S GERBiAN COMPOSITION. By G. E. Pasnaobt. Ex. fcap. Svo. 
*1. FIRST COURSE. Parallel German-English Extracts and Parallel English. 
German Syntax. 2s. 6d. 

TEACHER'S COMPANION TO MACMILLAN'S GERMAN COMPOSITION. 
By G. E. JFasnaoht. First Course. Gl. Svo. [In ihe Press. 

MACMILLAN'S PROGRESSIVE GERMAN READERS. ByG.E.FASi7A0HT. Ex. 

fcap. Svo. 
*Pirst Year, containing an Introduction to the German order of Words, with 
Copious Examples, extracts fh)m German Authora in Prose and Poetry ; Notes, 
and Vocabulanes. 2s. 6d. 

MACMILLAN'S PRIMARY SERIES OF GERMAN READING BOOKS. Edited 

by G. E. Pasnacht. With Notes, Vocabularies, and Exercises. GI. Svo. 
«GRIMM— KINDER UND HAUSMARCHEN. By G. E. Pasnacht. 2s. 6d. 
•HAUFF— DIE KARAVANB. By Herican Haqer, Ph.D., Lecturer in the 

Owens College, Manchester. 8s. 
•SCHMID, CHR VON— H. VON EICHENPELS. By G. E. Pasnacht. 2s. 6d. 
MACMILLAN'S FOREIGN SCH OOL C LASSICS.— Edited by G. E. Pasnacht. ISmo. 
FREYTAG (G.)— DOKTOR LUTHER. By P. Storr, M.A., Headmaster of the 

Modem Side, Merchant Taylors' School. [in preparatimi, 

♦GOETHE— GOTZ VON BERLICHINGBN. By H. A. Bull, M.A., Assistant 

Master at Wellington. 2a. 
•GOETHE— FAUST. Part L, followed by an Appendix on Part II. By Jane 

Lee, Lecturer in German Literature at Newnham College, Cambridge. 4s. 6d. 

•HEINE— SELECTIONS FROM THE REISBBILDER AND OTHER PROSE 
WORKS. By C. Colbeck, M.A., Assistant Master at Hairow. 2s. 6d. 
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LBSSmGh— MINNA VON BARNHBLM. By Jamxs Suck, M. A [In preparaUon. 
«SOHILLBB— SBLBGTIONS FROM SCHILLER'S LTRIOAL POBMa With a 
Mamoir of Schiller. By E. J. Tmurut, B.A., and B, D. A. MoBaHXAD, M.A., 
Assistant Masters at Winchester. 2s. 6(L 
*SOHILLBR— DIB JUNGFRAU VON ORLBANS. By Jobkph Gk>BTWiCK. 28. 6d. 
*SOHILLBR— MARIA STUART. By 0. Sheldon, D.Iit., of the Royal Academ- 
ical Institution, Belfast. 2s. 6d. 
^SOHILLBR— WILHBLM TBLL. By G. B. Fasnaoht. 2s. 6d. 
*SCHILLBBr-WALLBNSTBIN. Part L DAS LAGBR By H. B. Ck>TTSBiLL, 

M.A 2s. 
*UHLAND— SBLBCT BALLADS. Adapted as a First Basy Reading Book for 

Beginners. With Vocabulary. By G. B. Fasnacht. Is. 
*FTLODET.— NEW GITIDB TO GERMAN CONVERSATION ; containing an Alpha- 
betical List of nearly 800 Familiar Words ; followed by Exercises, vocabulary 
of Words in frequent use, Familiar Phrases and Dialogues, a Sketcdi of Gtoman 
Literature, Idiomatic Egressions, etc By L. Ptlodbt. 18mo. 28. 6d. 
WHITNET.— A COMPENDIOUS GERMAN GRAMMAR. By W. D. WHiTzrar, 
Professor of Sanskrit and Instructor in Modem Languages in Tale College. 
Cr. 8vo. 4s. 6d. 
A GERMAN READER IN PROSE AND VERSE. By the same. With Notes 
and Vocabulary. Cr. Svo. 5s. 
«WBITNEY and EDOREN.— A COMPENDIOUS GERMAN AND 'ENGLISH 
DICTIONARY, with Notation of Correspondences and Brief Etymologies. By 
Pro! W. D. Whitnxt, assisted by A. H. Bdoren. Cr. Svo. 7s. 6d. 
THB GERMAN-ENGLISH PART, separately, 6s. 

MODERN QBEEK. 

VINOBNT and DICKSON.— HANDBOOK TO MODERN GREBE. BySirBDOAB 
ViNCXNT, E.C.M.G., and T. G. Dickson, M.A. With Appendix on the relation 
of Modem and Classical Greek by Profl Jsbb. Cr. 8to. te. 

ITALIAN. 

DANTE.— THE PX7RGAT0RT OF DANTE. With Translation and Notes, by A J. 
Butler, M.A. Cr. Svo. 12s. 6d. 
THE PARADISO OF DANTE. With Translation and Notes, by the same. 
Cr. Svo. 12s. 6d. 

READINGS ON THB PURGATORIO OP DANTE. Chiefly based on the Com- 
mentary of Benvenuto Da Imola. By the Hon. W. Wabben Vernon, M.A. 
With an Introduction by the Very Rev. the Dean or St. Paul's. 2 vols. 
Cr. Svo. 248. 

SPANISH. 

OALDBRON.— FOUR PLAYS OF CALDBRON. With Introduction and Notes. 
By NoBMAV MagColl, M.A Cr. Svo. lis. 
The four plays here given are El Priiidpt ConstcmUj La Vida a Sueno, El Alcalde 
de ZdUmM, and El SKondido y La Tapada. 
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MATHEMATICS. 

Azltlunetla^ Book-keeping, Algebra^ Eudid and Pure Geometry, Geometrloal 
Drawing, Mensnration, Trigonometry, Analytical Geometry (Plane and 
Solid), Problems and Qaestlons In Uatbematlos, Higher Pore IKathe- 
matlcs, Meokanlos (Statics, Dynamics, Hydrostatics, Hydrodynamics: see 
also Physics), Physics (Sonnd, Llg^t, Heat, Eleotridty, Elastioity, Attrao- 
tUms, &o.)i Astronomy, HistorioaL 

ARITHMETIC. 

*ALDIS.— THB GREAT GIANT ARITHMOS. A most Elementary Arithmetic 
for Children. By Mabt Stkadman Aldis. lUnstrated. GL 870. 2s. 6d. 

ABMT PBBUMINABT EZAMINATION, SPECIMENS OF PAPERS SET AT 
THE, 1882-89.— With Answers to the Mathematical Questions. Subjects: 
Arithmetic, Algebra, Euclid, Geometrical Drawing, Geography, French, 
English Dictation. Cr. 8yo. 8s. 6d. 

«BRAD8HAW.— A COURSE OF EASY ARITHMETICAL EXAMPLES FOB 
BEGINNERS. By J. G. Bradbhaw, B. A. , Assistant Master at Clifton College. 
GL 8yo. 2s. With Answers, 2s. 6d. 

»BE00KSMITH.— ARITHMETIC IN THEORY AND PRACTICE. By J. Bbook. 
SMITH, M.A. Cr. 8to. 4s. 6d. KEY. Crown Svo. 10s. 6d. 

•BROOKSMITH.— ARITHMETIC FOR BEGINNERS. By J. and E. J. Bbook. 
BMiTH. Gl. 8to. Is. 6d. 

OANDLEB.— HELP TO ARITHMETIC. Designed for the use of Schools. By H. 
Candler, Mathematical Master of Uppingham School. 2d Ed. Ex. fcap. 8to. 
2s. 6d. 

*DALTON.— RULES AND EXAMPLES IN ARITHMETIC. By the Rey. T. Dal. 
TON, M.A., Assistant Master at Eton. New Ed., with Answers. 18mo. 2s. 6d. 

*GOTEN.— HIGHER ARITHMETIC AND ELEMENTARY MENSURATION. 
By P. GoTBN, Inspector of Schools, Dunedin, New Zealand. Cr. Svo. 68. 

*HALL and KNIQHT.— ARITHMETICAL EXERCISES AND EXAMINATION 
PAPERS. With an Appendix containing Questions in LoGARrrHMS and 
Mknsuration. By H. S. Hall, M.A., Master of the Military and Engineering 
Side, Clifton College, and S. R. Knight, B.A. GL 8yo. 2s. 6d. 

LOOK.— Works by Rey. J. B. Look, M.A., Senior Fellow and Bursar of Gonyille 
and Caius College, Cambridge. 

^ARITHMETIC FOR SCHOOLS. With Answers and 1000 additional Examples 
for Exercise. 8d Ed., revised. GL 8yo. 4s. 6d. Or in Two Parts:— 
Part I. Up to and including Practice. 2s. Part II. With 1000 additional 
Examples for Exercise. 8s. KEY. Cr. 8yo. 10s. 6d. 

^ARITHMETIC FOR BEGINNERS. A School Class-Book of Commercial Arith- 
metic GL 8yo. 28. 6d. KEY. Cr. 8yo. 8s. 6d. 

*A SHILLING BOOK OF ARITHMETIC, FOR ELEMENTARY SCHOOLS. 

18mo. Is. With Answers. Is. 6d. 
ftPEDLET.— EXERCISES IN ARITHMETIC fbr the Use of Schools. Containing 
more than 7000 original Examples. By Samuxl Pxdlbt. Cr. 8yo. 6s. 
Also in Two Parts, 28. 6d. each. 

SMITH.- Works by Rey. Babnabd Smith, M.A., late Fellow and Senior Bnrsar of 
St. Peter's College, Cambridge. 

ARITHMETIC AND ALGEBRA, in their Principles and Application; with 
numerous systematically arranged Examples taken from the C&mbridge Exam- 
ination Papers, with especial reference to the Ordinary Examination for tiie 
B.A. Degree. New Ed., carefully reyised. Cr. 8yo. 10s. 6d. 
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•ARITHMETIC FOR SCHOOLS. Cr. 8vo. 48. 6d. KEY. Cr. 8vo. is. 6d. 
EXERCISES IN ARITHMETIC. C^. Svo. 28. With Answers, 2s. 6d. An- 
swers separately, 6d. 

SCHOOL CLASS-BOOK OP ARITHMETIC. 18mo. 8s, Or separately, in 
Three Farts, Is. each. EBTS. Parts L, 11., and IIL, 2s. 6d. each. 

SHILLING BOOK OP ARITHMETIC. 18mo. Or separately. Part I., 2d. ; 
Part IL, Sd. ; Part III., 7d. Answers, 6d. KET. 18mo. 4s. dd. 

*THE SAME, with Answers. 18mo, cloth. Is. 6d. 

EXAMINATION PAPERS IN ARITHMETIC. 18mo. Is. 6d. The Same, 
with Answers. 18mo. 28. Answers, 6d. EET. 18mo. 48. 6d. 

THE METRIC SYSTEM OP ARITHMETIC, ITS PRINCIPLES AND APPLI- 
CATIONS, with Nnmerons Examples. 18mo. Sd. 

A CHART OP^THE METRIC SYSTEM, on a Sheet, size 42 In. by 84 in. on 
Roller. 88. 6d. Also a Small Chart on a Card. Price Id. 

EASY LESSONS IN ARITHMETIC, combining Exercises in Reading, Writing, 

Spelling, and Dictation. Part I. Cr. Svo. 9d. 
EXAMINATION CARDS IN ARITHMETIC. With Answers and Hints. 

Standards I. and IL, in box. Is. Standards III., IV., and V., in boxes, Is. each. 
Standard VI. in Two Parts, in boxes, Is. each. 

A and B papers, of nearly the same difficulty, are given so as to prevent copying, 
and the colours of the A and B papers differ in each Standard, and from those of 
everv other Standard, so that a master or mistress can see at a glance whether the 
children have the proper papers. 

BOOK-KBBPINO-. 

•THORNTON.— PIRST LESSONS IN BOOK-KEEPING. By J. Thornton. Cr. 
8vo. 2s. 6d. KEY. Oblong 4to. lOs. 6d. 

•PRIMER OP BOOK-KEEPING. 18mo. Is. KEY. Demy 8vo. 2s. 6d. 

ALQEBRA. 

•DALTON.--RnLES AND EXAMPLES IN ALGEBRA. By Rev. T. Dalton, 
Assistant Master at Eton. Part I. 18mo. 2s. KEY. Cr. 8vo. 78. 6d. 
Part II. 18mo. 2s. 6d. 

HALL and KNIGHT.— Works by H. S. Hall, M.A., Master of the Military and 
Engineering Side, Clifton College, and S. R. Knight, B.A. 

•ELEMENTARY ALGEBRA FOR SCHOOLS. 6th Ed., revised and corrected. 
Gl. 8vo, bound in maroon coloured cloth, 8s. 6d. ; with Answers, bound in 
green coloured cloth, 4s. 6d. KEY. 8s. 6d. 

•ALGEBRAICAL EXERCISES AND EXAMINATION PAPERS. To accom- 
pany ELEMENTARY ALGEBRA. 2d Ed., revised. Gl. 8vo. 28. 6d. 

•HIGHER ALGEBRA. 8d Ed. Cr. 8vo. 7s. 6d. KEY. Cr. 8vo. 10s. 6d. 

•JONES and OHEYNE.— ALGEBRAICAL EXERCISES. Progressively Ar- 
ranged. By Rev. C. A. Jones and C. H. Chstnib, M.A., late Matiiematical 
Masters at Westminster School. ISmo. 2s. 6d. 
KEY. By Rev. W. Pailbb, M.A., Mathematical Master at Westminster School. 
Cr. 8vo. 7s. 6d. 

SMITH.— ARITHMETIC AND ALGEBRA, in their Principles and Application ; 
with numerous systematically arranged Examples taken from the Cambridge 
Examination Papers, with especial reference to the Ordinary Examination for 
the B.A. Degree. By Rev. Barnabd Smith, M.A. New Edition, carefully 
revised. Cr. 8vo. 10s. 6d. 

SMITH.— Works by Chables Smith, M.A., Master of Sidney Sussex Collie, 

Cambridge. 
•ELEMENTARY ALGEBRA. 2d Ed., revised. Gl. 8vo. 48. 6d. 
•A TREATISE ON ALGEBRA. 2d Ed. Or. 8vo. 78. 6d. KEY. Cr. 8vo. 10s. 6d. 
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TODHUNTER.— Works by Isaac Todhuktbb, F.B.S. 

*ALGEBRA FOB BEGINNERS. 18mo. 28. 6d. EST. Gr. 8vo. 68. 6d. 
*ALGEBBA FOB COLLEGES AND SCHOOLS. Or. 8vo. 78. 6d. KEY. Cr. 
Sto. lOs. 6d. 

EUCLID AND PURE O-EOMETRY. 

GOOKSHOTT and WALTERS.— A TBEATISE ON GEOMETBICAL CONICS. 
In accordance with the Syllabus of the Association for the Improvement of 
Geometrical Teaching. By A. Cockshott, M.A., Assistant Master at Eton, 
and Bev. F. B. Walters, M.A., Principal of King William's College, Isle of 
Man. Cr. Svo. 5s. 

OONSTABLE.— GEOMETRICAL EXEBCISES FOB BBGINNEBS. By Samuel 
Constable. Cr. Svo. 8s. 6d. 

OUTHBERTSON.— EUCLIDIAN GEOMETRY. By Francis Cdthbertsoit, M.A., 
LL.D. Ex. fcap. 8vo. 48. 6d. 

DAY.— PBOPEBTIES OF CONIC SECTIONS PBOVED GEOMETBICALLY. 
By Bev. H. G. Day, M.A. Part I. The Ellipse, with an ample collection of 
Problems. Cr. 8vo. 8s. 6d. 

DODOSON. — Works by Charles L. Dodgson, M.A., Student and late Mathematical 
Lecturer, Christ Church, Oxford. 
EUCLID, BOOKS I. and II. 6th Ed., with words substituted for the Alge- 
braical Symbols used in the 1st Ed. Cr. 8vo. 28. 
EUCLID AND HIS MODEBN BIVALS. 2d Ed. Cr. Svo. 68. 
CUBIOSA MATHEMATICA. Part L A New Theory of Parallels. 8d Ed. 
Cr. Svo. 28. 

DREW.— GEOMETRICAL TREATISE ON CONIC SECTIONS. By W. H. 
Drew, M.A. New Ed., enlarged. Cr. Svo. 6s. 

DUPUIS.— ELEMBNTABY SYNTHETIC GBOMETBY OP THE POINT, LINE 
AND CIRCLE IN THB PLANE. By N. F, Dupuis, M.A., Professor of Pure 
Mathematics in the University of Queen's College, Kingston, Canada. Gl. Svo. 
48. 6d. 

«HALL and STEVENS.— A TEXT- BOOK OF EUCLID'S ELEMENTS. In- 
eluding Alternative Proofs, together with additional Theorems and Exercises, 
classified and arranged. By K. S. Hall, M.A., and F. H. Stbvxns, M.A., 
Masters of the Military and Engineering Side, Clifton Collie. GL Svo. Book 
I., Is.; Books L and 11. , Is. 6d.; Books I.-IV., Ss.; Books III.>IV., 2s. ; Books 
V.-VL and XL, 2s. 6d.; Books L-VL and XI., 48. 6d.; Book XL, Is. 

[KEY. In preparaHon. 

HALSTED.— THE ELEMENTS OF GBOMETBY. By G. B. Halsted, Professor 
of Pure and Applied Mathematics in the University of Texas. Svo. 12s. 6d. 

HAYWARD.— THE ELEMENTS OF SOLID GEOMETRY. By R. B. Hatward, 
M.A., F.B.S. Gl. Svo. 88. 

LOOK.— EUCLID FOB BBGINNEBS. Being an Introduction to existing Text- 
Books. By Bev. J. B. Lock, M.A. [In preparation. 

MILNE and DAVIS.— GEOMETBICAL CONICS. Fart I. The Parabola. By 
Bev. J. J. Milne, M.A., and R. F. Davis, M.A. Cr. Svo. 2s. 

RIOHARDSON.— THB PROGRESSIVB EUCLID. Books I. and IL With Notes, 
Exercises, and Deductions. Edited by A. T. Riohardson, M.A., Senior Mathe- 
matical Master at the Isle of Wight College. Illustrated. Gl. Svo. [In the Press. 

SYLLABUS OF PLANE GEOMETRY (corresponding to Euclid, Books I.-VL)— 
Prepared by the Association for the Improvement of Geometrical Teaching. 
Cr. Svo. Is. 

SYLLABUS OF MODERN PLANE GEOMETRY.— Prepared by the Association 
for the Improvement of (Geometrical Teaching. Cr. Svo. Sewed. Is. 

•TODHUNTER.— THE ELEMENTS OF EUCLID. By I. Todhunter, F.B.S. 
18mo. 88. 6d. Books I. and II. Is. KEY. Cr. Svo. 6s. 6d. 

WILSON.— Works by Bev. J. M. Wilson, M.A., formerly Headmaster of Clifton 
College. 
ELEMBNTABY GBOMETBY. BOOKS I.-V. Containing the Suljects of 
Euclid's first Six Books. Following the Syllabus of the Geometrical Associa- 
tion. Ex. fcap. Svo. 4s. 6d. 
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WILSON. — ^Works by Rev. J. M. Wilson — continued. 
SOLID GEOMETRY AND CONIC SECTIONS. With Appendices on Trans- 
versals and Harmonic Division. Ex. fcap. 8vo. Ss. 6d. 

GEOMETRICAL DRAWING. 

EAGLES.— CONSTRUCTIVE GEOMETRY OF PLANE CURVES. By T. H. 
Eagles, M.A., Instructor in Geometrical Drawing and Lecturer in Architecture 
at the Royal Indian Engineering College, Cooper's HiU. Cr. 8vo. 12s. 

EDGAR and PBTTCHARD. — NOTE - BOOK ON PRACTICAL SOLID OR 

DESCRIPTIVE GEOMETRY. Containing Problems with help for Solutions. 

By J. H. Bdoab and G. S. Pbitchard. 4th Ed., revised by A. Meeze. G1. 

8vo. 4s. 6d. 
•KTTOHENER.— A GEOMETRICAL NOTE-BOOK. Containing Easy Problems in 

Geometrical Drawing preparatory to the Study of Geometry. For the Use of 

Schools. By F. E. Kitchener, M.A., Headmaster of the Newcastle-under- 

Lyme High School. 4to. 2s. 
MILLAR.— ELEMENTS OF DESCRIPTIVE GEOMETRY. By J. B. Millar, 

Civil Engineer, Lecturer on Engineering in the Victoria Uhiversity, Manchester. 

2d Ed. Cr. 8vo. 6s. 

PLANT.— PRACTICAL PLANE AND DESCRIPTIVE GEOMETRY. By E. C. 
Plant. Globe 8vo. [In preparation, 

MENSURATION. 

STEVENS.— ELEMENTARY MENSURATION. With Exercises on the Mensura- 
tion of Plane and Solid Figures. By F. H. Stevens, M.A. G1. 8vo. 

[Inpf'Qxiratton. 

TEBAY.— ELEMENTARY MENSURATION FOR SCHOOLS. By 8. Tebay. 
Ex. fcap. 8vo. 8s. 6d. 

•TODHUNTER.— MENSURATION FOR BEGINNERS. By Isaac Todhtjnter, 
P.R.S. 18mo. 2s. 6d. KEY. By Rev. Fr. L. McCarthy. Cr. 8vo. Ts. 6d- 

TRIOONOMETRY. 

BEASLEY.- AN ELEMENTARY TREATISE ON PLANE TRIGONOMETRY. 
With Examples. By R. D. Beasley, M.A. 9th Ed., revised and enlai^ed. 
Cr. 8vo. 3s. 6d. 

BOTTOMLET.— FOUR-FIGURE MATHEMATICAL TABLES. Comprising Log- 
arithmic and Trigonometrical Tables, and Tables of Squares, Square Roots, 
and Reciprocals. By J. T. Bottomley, M.A., Lecturer m Natural Philosophy 
in the University of Glasgow. 8vo. 2s. 6d. 

HAYWARD.— THE ALGEBRA OF CO-PLANAR VECTORS AND TRIGONO- 
METRY. By R. B. Hayward, M.A., F.R.S., Assistant Master at Harrow. 

[In preparation, 

JOHNSON.— A TREATISE ON TRIGONOMETRY. By W. E. Johnson, M.A., 
late Scholar and Assistant Mathematical Lecturer at Ejing's College, Cam- 
bridge. Cr. 8vo. 8s. 6d. 

LEVETT and DAVISON.— ELEMENTS OP TRIGONOMETRY. By Rawdon 
Levett and Charles Davison, Assistant Masters at King Edward's School, 
Birmingham. [In the Press. 

LOOK.— Works by Rev. J. B. Lock, M.A., Senior Fellow and Bursar of Gonville 
and Cains College, Cambridge. 

•TRIGONOMETRY FOR BEGINNERS, as far as the Solution of Triangles. 8d 

Ed. Gl. 8vo. 2s. 6d. KEY. Cr. 8vo. 6s. 6d. 
•ELEMENTARY TRIGONOMETRY. 6th Ed. (in this edition the chapter on 
logarithms has been carefully revised). Gl. 8vo. 4s. 6d. KEY. Cr. 8vo. 8s. 6d. 
HIGHER TRIGONOMETRY. 5th Ed. Gl. 8vo. 4s. 6d. Both Parts complete 

in One Volume. Gl. 8vo. 7s. 6d. 
TRIGONOMETRY OF ONE ANGLE. Gl. 8vo. [January 1S91, 
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M<OLELLAND and PRESTON.— A TREATISE ON SPHERICAL TRIGONO- 
METRY. With applications to Spherical Geometry and numerous Examples. 
By W. J. M'Olelland, M.A., Principal of the Incorporated Society's School, 
Santry, Dublin, and T. Pbeston, M.A. Or. 8vo. 8s. 6d., or : Part I. To the 
End of Solution of Triangles, 4s. 6d. Part II., 5s. 

MATTHEWS.— MANUAL OP LOGARITHMS. By G. P. Matthews, RA. 8vo. 
6s. net. 

PALMER.— TEXT- BOOK OF PRACTICAL LOGARITHMS AND TRIGONO- 
METRY. By J. H. Palicsr, Headmaster, R.N., H.M.S. Cambridge^ Devon- 
port. Gl. 8vo. 4s. 6d. 

SNOWBALL.— THE ELEMENTS OF PLANE AND SPHERICAL TRIGONO- 
METRY. By J. C. Snowball. 14th Ed. Cr. 8vo. 7s. 6d. 

TODHUNTBR.— Works by Isaac Todhuhter, F.R.S. 
TRIGONOMETRY FOR BEGINNERS. 18mo. 2s. 6d. KEY. Cr. 8vo. 8s. 6d. 
PLANE TRIGONOMETRY. Cr. 8vo. 6s. KEY. Cr. 8vo. lOs. 6d. 

[A New Edition, revised by R. W. Hooo, M.A. In th$ Press. 
A TREATISE ON SPHERICAL TRIGONOMETRY. Cr. 8vo. 4s. 6d. 

WOLSTENHOLME.— EXAMPLES FOR PRACTICE IN THE USE OF SEVEN- 
FIGURE LOGARITHMS. By Joseph Wolbtenholmb, D.Sc., late Professor 
of Mathematics in the Royal Indian Engineering Coll., Cooper's HiU, 8vo. 
6s. 

ANALYTICAL GBOMBTRY (Plane and Solid). 

DYER.-BXERCISES IN ANALYTICAL GEOMETRY. By J. M. Dyer, M.A. 

Assistant Master at Eton. Illustrated. Cr. 8vo. 4s. 6d. 
FERRERS.— AN ELEMENTARY TREATISE ON TRILINEAR CO-ORDIN- 
ATES, the Method of Reciprocal Polars, and the Theory of Projectors. By 
the Rev. N. M. Ferrers, D.D., F.R.S., Master of Gonville and Cains College, 
Cambridge. 4th Ed., revised. Cr. 8vo. 6s. 6d. 
FROST. — Works by Peroival Frost, D.Sc., F.R.S., Fellow and Mathematical 
Lecturer at King's College, Cambridge. 
AN ELEMENTARY TREATISE ON CURVE TRACING. 8vo. 12s. 
SOLID GEOMETRY. 8d Ed. Demy 8vo. 16s. 

HINTS FOR THE SOLUTION OF PROBLEMS in the Third Edition of SOLID 
GEOMETRY. 8vo. 8s. 6d. 

JOHNSON.— CURVE TRACING IN CARTESIAN CO-ORDINATES. By W. 
WoouEY JoHKsoN, Profcssor of Mathematics at the U.S. Naval Academy, 
Annapolis, Maryland. Cr. 8vo. 4s. 6d. 

M'OLBLLAND.— THE GEOMETRY OF THE CIRCLE. By W. J. M'Clellakd, 
M.A. [In the Press. 

PUCBXE.— AN ELEMENTARY TREATISE ON CONIC SECTIONS AND AL- 
GEBRAIC GEOMETRY. With Numerous Examples and Hints for their Solu- 
tion. By G. H. PucKLE, M.A. 6th Ed., revised and enlarged. Cr. 8vo. 
7s. 6d. 

SMITH.— Works by Charles Smith, M.A., Master of Sidney Sussex College, 

Cambridge. 
CONIC SECTIONS. 7th Ed. Cr. 8vo. 7s. 6d. 
SOLUTIONS TO CONIC SECTIONS. Cr. 8vo. 10s. 6d. 
AN ELEMENTARY TREATISE ON SOLID GEOMETRY. 2d Ed. Cr. 8vo. 

9s. 6d . 
TODHUNTBR.— Works by Isaac Todhumtbr, F.RS. 
PLANE CO-ORDINATE GEOMETRY, as applied to the Straight Line and the 

Conic Sections. Cr. 8vo. 7s. 6d. 
KEY. By C. W. Bourne, M. A., Headmaster of King's College School. Or. 8vo. 

10s. 6d. 
EXAMPLES OF ANALYTICAL GEOMETRY OF THREE DIMENSIONS. 

New Ed., revised. Cr. 8vo. 4s. 
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PROBLEMS AND QUESTIONS IN 

MATHEMATICS. 

ARMY PBELIMINABY EXAMINATION, 1882-1889. Specimens of Papers set at 
the. With Answers to the Mathematical Questions. Sablects : Arithmetic, 
Algebra, Baclid, Geometrical Drawing, Geography, French, English Dictation. 
Gr. 8vo. 8s. dd. 

OAMBBIDOE SENATE -HOUSE PROBLEMS AND RIDERS, WITH SOLU- 
TIONS:— 
1875— PROBLEMS AND RIDERS. By A. G. Gbbenhill, P.R.S. Cr.Svo. 8s.6<l. 
1878-SOLUTIONS OF SENATE-HOUSE PROBLEMS. By the Mathematical 
Moderators and Examiners. Edited by J. W. L. Glaibbeb, F.R.S., Fellow of 
Trinity OoUege, Cambridge. 12s. 
CHRISTIE.— A COLLECTION OP ELEMENTARY TEST-QUESTIONS IN PURE 
AND MIXED MATHEMATICS ; with Answers and Appendices on Synthetic 
Division, and on the Solution of Numerical Equations by Homer's Method. 
By James R. Chbistix, F.R.S. Cr. 8vo. 8s. 6(1. 
OLIFPORD.— MATHEMATICAL PAPERS. By W. K. Clifford. Edited by R. 

Tucker. With an Introduction by H. J. Stephen Smith, M.A. 8yo. SOs. 
MILNE.— Works by Rev. John J. Milne, Private Tutor. 
WEEKLY PROBLEM PAPERS. With Notes intended for the use of Students 
preparing for Mathematical Scholarships, and for Junior Members of the Uni* 
versities who are reading for Mathematical Honours. Pott 8vo. 4s. 6d. 
SOLUTIONS TO WEEKLY PROBLEM PAPERS. Cr. 8vo. 10s. 6d. 
COMPANION TO WEEKLY PROBLEM PAPERS. Cr. 8vo. 10s. 6d. 
SANDHURST MATHEMATICAL PAPERS, for admission into the Royal Military 
College, 1881-1889. Edited by E. J. Brooksmith, B.A., Instructor in Mathe- 
matics at the Royal Military Academy, Woolwich. Cr. 8vo. 8s. 6d. 
WOOLWICH MATHEMATICAL PAPERS, for Admission into the Royal Military 
Academy, Woolwich, 1880-1888 inclusive. Edited by E. J. Brooksmith, B.A. 
Cr. 8vo. 68. 
WOLSTENHOLME.— Works by Joseph Woustenholme, D.Sc, late Professor of 
Mathematics in the Royal Engineering Coll., Cooper's HilL 
MATHEMATICAL PROBLEMS, on Subjects included in the First and Second 
Divisions of the Schedule of Subjects for the Cambridge Mathematical Tripos 
Examination. New Ed., greatly enlarged. 8vo. 18s. 

EXAMPLES FOR PRACTICE IN THE USB OF SEVEN -FIGURE LOG- 
ARITHMS. 8vo. 5s. 

HIGHER PURE MATHEMATICS. 

AIRY.— Works by Sir G. B. Airy, K.C.B., formerly Astronomer-Royal. 
ELEMENTARY TREATISE ON PARTIAL DIFFERENTIAL BQUATIONa 

With Diagrams. 2d Ed. Cr. 8vo. 6s. 6d. 
ON THE ALGEBRAICAL AND NUMERICAL THEORY OP ERRORS OF 
OBSERVATIONS AND THE COMBINATION OF OBSERVATIONS. 
2d Ed., revised. Cr. 8vo. 68. 6d. 

BOOLE.— THE CALCULUS OF FINITE DIFFERENCES. By G. Boole. 8dEd., 
revised by J. F. Moulton, Q.C. Cr. 8vo. 10s. 6d. 

CARLL.— A TREATISE ON THE CALCULUS OF VARIATIONS. By Lewis B. 
Carll. Arranged with the purpose of Introducing, as well as Hlustrating, its 
Principles to the Reader by means of Problems, and Designed to present in all 
Important Particulars a Complete View of the Present State of the Science. 
8vo. 21s. 

EDWARDS.— THE DIFFERENTIAL CALCULUS. By Joseph Edwards, M.A. 
With Applications and numerous Examples. Cr. 8vo. 10s. 6d. 

FERRERS.— AN ELEMENTARY TREATISE ON SPHERICAL HARMONICS, 
AND SUBJECTS CONNECTED WITH THEM. By Rev. N. M. Ferrers, 
D.D. , F.R.S., Master of Gonville and Caius College, Cambridge. Cr. 8vo. 78. 6d. 
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FORSYTH. -A TREATISE ON DIFFERENTIAL EQUATIONS. By Andrew 
Russell Forsyth, F.R.S., Fellow and Assistant Tutor of Trinity College, 
Cambridge. 2d Ed. 8vo. 148. 

FROST.— AN ELEMENTARY TREATISE ON CURVE TRACING. By Percival 
Frost, M.A., D.Sc. 8yo. 12s. 

ORAHAM.— GEOMETRY OF POSITION. By R. H. Graham. Illustrated. 

Cr. 8vo. [January 1891. 

GREENHILL.— DIFFERENTLA.L AND INTEGRAL CALCULUS. By A. G. 

Greenhill, Professor of Mathematics to the Senior Class of Artillery Officers, 

Woolwich. New Ed. Cr. 8vo. 7s. 6d. 

APPLICATIONS OF ELLIPTIC FUNCTIONS. By the same. [In the Press. 

JOHNSON. — Works by William Woolsey Johnson, Professor of Mathematics at 

the U.S. NaYal Academy, Annapolis, Maryland. 

INTEGRAL CALCULUS, an Elementary Treatise on the. Founded on the 

Method of Rates or Fluxions. 8yo. 9s. 
CURVE TRACING IN CARTESIAN CO-ORDINATES. Cr. 8vo. 4s. 6d. 
A TREATISE ON ORDINARY AND DIFFERENTIAL EQUATIONS. Ex. cr. 
8vo. 15s. 
KELLAND and TAIT.— INTRODUCTION TO QUATERNIONS, with numerous 
examples. By P. Eelland and P. G. Tait, Professors in the Department of 
Mathematics in the University of Edinburgh. 2d Ed. Cr. 8vo. 7s. 6d. 

KEMPE.— HOW TO DRAW A STRAIGHT LINE : a Lecture on Linkages. By A. 
B. Eemfe. Illustrated. Cr. 8yo. Is. 6d. 

KNOX.— DIFFERENTIAL CALCULUS FOR BEGINNERS. By Alexander 
Knox. Fcap. 8vo. 3s. 6d. 

MUIR.— THE THEORY OF DETERMINANTS IN THE HISTORICAL ORDER 
OF ITS DEVELOPMENT. Parti. Determinants in General. Leibnitz (1693) 
to Cay ley (1841). By Thos. Muir, Mathematical Master in the High School of 
Glasgow. 8vo. 10s. 6d. 

RICE and JOHNSON.— DIFFERENTIAL CALCULUS, an Elementary Treatise on 
the. Founded on the Method of Rates or Fluxions. By J. M. Rice, Professor 
of Mathematics in the United States Navy, and W. W. Johnson, Professor of 
Mathematics at the United States Naval Academy. 3d Ed., revised and cor- 
rected. 8vo. 18s. Abridged Ed. 9s. 

TODHUNTBR.— Works by Isaac Todhunter, F.R.S. 

AN ELEMENTARY TREATISE ON THE THEORY OF EQUATIONS. 

Cr. 8vo. 7s. 6d. 
A TREATISE ON THE DIFFERENTIAL CALCULUS. Cr. 8vo. 10s. 6d. 

KEY. Cr. 8vo. 10s. 6d. 
A TREATISE ON THE INTEGRAL CALCULUS AND ITS APPLICATIONS. 

Cr. 8vo. 10s. 6d. KEY. Cr. 8vo. 10s. 6d. 
A HISTORY OF THE MATHEMATICAL THEORY OF PROBABILITY, flrom 

the time of Pascal to that of Laplace. 8vo. 18s. 
AN ELEMENTARY TREATISE ON LAPLACE'S, LAME'S, AND BBSSEL'S 

FUNCTIONS. Cr. 8vo. lOs. 6d. 

MECHANICS : Statics, Dsmamics, Hydrostatics, 
Hydrodynamics. (See also Physios.) 

ALEXANDER and THOMSON.— ELEMENTARY APPLIED MECHANICS. By 
Prof. T. Alexander and A. W. Thomson. Part II. Transverse Stress. 
Cr. 8vo. lOs. 6d. 

BALL.— EXPERIMENTAL MECHANICS. A Course of Lectures delivered at the 
Royal College of Science for Ireland. By Sir R. S. Ball, F.R.S. 2d Bd. 
Illustrated. Cr. 8vo. 6s. 

CLIFFORD.- THE ELEMENTS OF DYNAMIC. An Introduction to the Study of 
Motion and Rest in Solid and Fluid Bodies. By W. K. CLiriroRD. Part I. — 
Kinematic. Cr. 8va Books I. -III. 7s. 6d. ; Book IV. and Appendix, 6s. 



MECHANICS 29 

OOTTERILL.^APPLIED MECHANICS: An Elementary General Introduction to 
the Theory of Structures and Machines. By J. H. Cottbrill, F.B.S., Professor 
of Applied Mechanics in the Royal Naval College, Greenwich. 8vo. 18s. 

OOTTEBILL and SLADE.— LESSONS IN APPLIED MECHANICS. By Pl-of. 
J. H. CoTTEBiLL and J. H. Slade. Fcap. 8vo. [January 1891. 

DYNAMXCS, STLLABUS OF ELBMENTABT. Part L Linear Dynamics. With 
an Appendix on the Meanings of the Symbols in Physical Equations. Prepared 
by the Association for the Lnproyement of Geometrical Teaching. 4to. Is. 

GANGITILLET and KUTTEB.— A GENERAL FORMULA FOR THE UNIFORM 
FLOW OF WATER IN RIVERS AND OTHER CHANNELS. By B. Gan- 
oniLLET and W. R. Eutteb, Engineers in Berne, Switzerland. Translated from 
the German, with numerous Additions, including Tables and Diagrams, and tiie 
Elements of over 1200 Gaugings of Rivers, Small Channels, and Pipes in English 
Measure, by Rudolph Hebino, Assoc. Am. Soc. C.E., M. Inst. C.E., and John 
C. Tbautwine Jun., Assoc. Am. Soc. C.E., Assoc. Inst. C.E. 8vo. 17s. 

GRAHAM.— GEOMETRY OF POSITION. By R. H. Gbaham. Illustrated. 
Cr. 8vo. [Janvary 1891. 

GREAVES.— Works by John Greaves, M.A., Fellow and Mathematical Lecturer 
at Christ's College, Cambridge. 

•STATICS FOR BEGINNERS. Gl. 8vo. 3s. 6d. 

A TREATISE ON ELEMENTARY STATICS. 2d Ed. Or. 8vo. Os. 6d. 

QBEENHILL.— HYDROSTATICS. By A. G. Gbeenhill, Professor of Mathematics 

to the Senior Class of Artillery Officers, Woolwich. Cr. 8vo. [In preparation, 

•mOKS.— ELEMENTARY DYNAMICS OF PARTICLES AND SOLIDS. By 

W. M. HiOKS, Principal and Professor of Mathematics and Physics, Firth Col. 

lege, Sheffield. Cr. Svo. 6s. 6d. 

JELLETT.— A TREATISE ON THE THEORY OF FRICTION. By John H. 
jELiiETT, B.D., late Provost of Trinity College, Dublin. 8vo. 8s. 6d. 

KENNEDY.— THE MECHANICS OF MACHINERY. By A. B. W. Keknbdt, 
F.RS. Illustrated. Cr. Svo. 12s. 6d. 

LOOK.— Works by Rev. J. B. Lock, M.A. 
•ELEMENTARY STATICS. 2d Ed. Gl. 8vo. 4s. 6d. 
•DYNAMICS FOR BEGINNERS. 8d Ed. Gl. 8vo. 4s. 6d. 
ELEMENTARY MECHANICa Gl. 8vo. [In (he Press, 

MAOGREQOR.— KINEMATICS AND DYNAMICS. An Elementary Treatise. 
By J. G. MacGbeoob, D.Sc, Munro Professor of Physics in Dalhousie College, 
Halifax, Nova Scotia. Illustrated. Cr. 8vo. 10s. 6d. 

PARKINSON.— AN ELEMENTARY TREATISE ON MECHANICS. By S. 
Pabkinson, D.D., F.R.S., late Tutor and PrsBlector of St. John's College, 
Cambridge. 6th Ed., revised. Cr. 8vo. 9s. 6d. 

PIRIE.— LESSONS ON RIGID DYNAMICS. By Rev. G. Pibie, M.A., Professor 
of Mathematics in the University of Aberdeen. Cr. Svo. 6s. 

ROUTH— Works by Edwabd John Routh, D.Sc, LL.D., F.R.S., Hon. Fellow 
of St. Peter's College, Cambridge. 
A TREATISE ON THE DYNAMICS OF THE SYSTEM OF RIGID BODIES. 
With numerous Examples. Two Vols. Svo. Vol. I. — Elementary Parts. 
5th Ed. 14s. Vol. II.— The Advanced Parts. 4th Ed. 14s. 

STABILITY OF A GIVEN STATE OF MOTION, PARTICULARLY STEADY 
MOTION. Adams Prize Essay for 1877. Svo. Ss. 6d. 

•SANDERSON.— HYDROSTATICS FOR BEGINNERS. By F. W. Sanderson, 
M.A., Assistant Master at Dulwich College. GL Svo. 4s. 6d. 

TAIT and STEELE.— A TREATISE ON DYNAMICS OF A PARTICLE. By 
Professor TArr, M.A., and W. J. Steele, B.A. 6th Ed., revised. Cr. Svo. 12s. 
TODHUNTBR.— Works by Isaac Todhuntbr, F.R.S. 
MECHANICS FOR BEGINNERS. ISmo. 4s. 6d. KEY. Cr. Svo. 68. 6d. 
A TREATISE ON ANALYTICAL STATICS. 5tii Ed. Edited by Prof. J. D. 
EvERKTT, F.R.S. Cr. Svo. lOs. 6d. 
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PHYSIOS : Sound, Light, Heat, Electricity, Elasticity, 
Attractions, etc. (See also Mechanics.) 

AIBY.— Works by Sir 6. B. Ai&y, E.O.B., formerly Astronomer-Boyal. 

ON SOUND AND ATMOSPHERIC YIBRATION& With the Mathematical 
Blementa of Music. 2d Ed., revised and enlarged. Gr. 8vo. 98. 

GRAVITATION: An Elementary Explanation of the Principal Perturbations in 
the Solar System. 2d Ed. Or. 8yo. 7s. 6d. 

GLAUSIUS.— MEGHANIOAL THEORY OF HEAT. By B. Glaubiub. Tnos- 
lated by W. R. Bbowke, M.A. Or. 8vo. 10s. 6d. 

OUMMINO.— AN INTRODUCTION TO THE THEORY OP ELBOTRIOITY. 
By LiNNJBUs GuMMmo, M.A. , Assistant Master at Rugby. Illustrated. Gr. 8yo. 
8s. 6d. 

DANIELL.— A TEXT-BOOK OF THE PRINGIPLES OF PHYSIGS. By Altbkd 
DAinzLL, D.Sc. lUostrated. 2d Ed., revised and enlarged. 8vo. 21s. 

DAY.— ELECTRIC LIGHT ARITHMETIC. By R E. Day, Evening Lecturer in 
Experimental Physics at King's College, London. Pott 8vo. 2s. 

BVBRBTT.— UNITS AND PHYSICAL CONSTANTS. By J. D. Everett, P.R.S., 
Professor of Natural Philosophy, Queen's College, Bel£ut. 2d Ed. Ex. fcap. 
8vo. 6s. 

FBBBBBS.— AN ELEMENTARY TREATISE ON SPHERICAL HARMONICS, 
and SultJects connected with them. By Rev. N. M. Febrbbs, D.D., F.R.S., 
Master of Gonville and Gains College, Cambridge. Gr. 8vo. 7s. 6d. 

FBS8BMDBN. — PHYSICS FOR PUBLIC SCHOOLS. By C: Fbbbkndsn. 
Illustrated. Fcap. 8vo. [in the Prett. 

GRAY.— THE THEORY AND PRACTICE OF ABSOLUTE MEASUREMENTS 
IN ELECTRICITY AND MAGNETISM. By A. Gray, P.R.S.B., Professor 
of Physics in the University College of North Wales. Two Vols. Gr. Svo. 
Vol. I. 12s. 6d. CVoL IL In the Press, 

ABSOLUTE MEASUREMENTS IN ELECTRICITY AND MAGNETISM. 2d 
Ed., revised and greatly enlarged. Fcap. 8vo. 58. dd. 

IBBBTSON.— THE MATHEMATICAL THEORY OF PERFECTLY ELASTIC 
SOLIDS, with a Short Account of Viscous Fluids. By W. J. Ibbbtson, late 
Senior Scholar of Glare College, Cambridge. 8vo. 21s. 

*J0NB8.— EXAMPLES IN PHYSICS. Containing over 1000 Problems with 
Answers and numerous solved Examples. Suitable for candidates preparing 
for the Intermediate. Science, Preliminary, Scienfciiic, and other Examinations 
of the University of London. By D. E. Jones, B.Sc, Professor of Physics 
in the University College of Wales, Aberystwyth. Fcap. 8vo. 8s. 6d. 

SOUND, LIGHT, AND HEAT. An Elementary Text-Book. With Dlnstia- 
tions. Fcap. 8vo. [January 1891. 

LOOKYBE.— CONTRIBUTIONS TO SOLAR PHYSICa By J. Norman Looktmi, 
F.R.S. With Illustrations. Royal 8vo. 81s. 6d. 

LODGB.— MODERN VIEWS OF ELECTRICITY. By Oliver J. Lodge, F.R.S., 
Professor of Exx>erimental Physics in University College, Liverpool. Illus- 
trated. Gr. 8vo. 6s. 6d. 

LOBWY.— •QUESTIONS AND EXAMPLES ON EXPERIMENTAL PHYSIOS : 
Sound. Light, Heat. Electric!^, and Magnetism. By B. Loewy, Examiner in 
Experimentid Physics to the College of Preceptors. Fcap. 8vo. 2s. 
•A GRADUATED COURSE OF NATURAL SCIENCE FOR ELEMENTARY 
AND TECHNICAL SCHOOLS AND COLLEGES. By the same. In Three 
Parts. Part I. First Year's Course. GL 8vo. 28. 

LUPTON.— NUMERICAL TABLES AND CONSTANTS IN ELEMENTARY 
SCIENCE. By S. Lufton, M.A., late Assistant Master at Harrow. Ex. fcap. 
Svo. 2s. 6d. 

MAOFARLANB.— PHYSICAL ARITHMETIC. Bv A. Mactarlanb, D.Sc., late 
Examiner in Mathematics at the University of Edinburgh. Gr. 8va 7s. 6d. 



PHYSICS 31 

*MATEB.— SOUND : A Series of Simple, Entertaining, and Inexpensive Bxperi. 
ments in the Phenomena of Soono. By A. M. Matkb, Professor of Physics 
in the Stevens Institute of Technology. Dlnstrated. Gr. 8vo. Ss. 6d. 

«MATEB and BABNABD.^LIGHT : A Series of Simple, Entertaining, and In- 
expensive Experiments in the Phenomena of Ldght. By A. M. Mateb and 
0. Barnard. Illustrated. Gr. 8vo. 2s. 6d. 

MOLLOT.— GLEANINGS IN SCIENCE : Popular Lectures on Scientific Sntjects. 
By the Bev. Gerald Mollot, D.Sc., Rector of the Catholic University of 
Ireland. 8vo. 7s. 6d. 

NEWTON.— PRINCIPIA. Edited by Prof. Sir W. Thomson, P.R.S., and Prof. 
Blackburns. 4to. 81s. 6d. 

THE FIRST THREE SECTIONS OP NEWTON'S PRINCIPIA. With Notes 
and Illustrations. Also a Collection of Problems, principally intended as 
Examples of Newton's Methods. By P. Frost, M. A., D.Sc. 8dEd. 8vo. 12s. 

PARKINSON.— A TREATISE ON OPTICS. By S. Parkinson, D.D., P.R.S.. 
late Tutor and Prselector of St. John's OoUege, Cambridge. 4th Ed., revised 
and enlarged. Cr. 8vo. 10s. 6d. 

PBABODY.— THERMODYNAMICS OP THE STEAM-ENGINE AND OTHER 
HEAT-ENGINES. By Cecil H. Peabody, Associate Professor of Steam 
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HIGHER SCHOOLS AND UNIVBBSITIBS IN GERMANY. By the same. 

Crown 8vo. 6s. 

BALL.— THE STUDENTS GUIDE TO THE BAR. By Waltbb W. R Ball, 

M.A, Fellow and Assistant Tutor of Trinity College, Cambridge. 4th Bd., 

revised. Cr. 8vo. 2s. 6d. 
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*BLAKISTON.— THE TBAGHEB. Hints on School Management. A Handbook 
for Managers, Teachers' Ajssistants, and Pupil Teachers. By J. R. Blakiston. 
Oe, 8vo. 2s. 6d. (Recommended Dy the London, Birmingham, and Leicester 
School Boards.) 

OALDERWOOD.^ON TEACHING. By Piof. Hbnbt Caldsbwood. New Ed. 
Ex. fcap. 8vo. 2s. 6d. 

FEARON.— SCHOOL INSPECTION. By D. R. Fearon. 6th Ed. Cr. 8vo. 2s. 6d. 
PrrOH.— NOTES ON AMERICAN SCHOOLS AND TRAINING COLLEGES. 

Reprinted from the Report of the English Education Department for 1888-89, 

witn permission of the Controller of H.M.'b Stationery Office. By J. G. 

Fitch, M.A. G1. 8vo. 2s. 6d. 
OEIKIE.— THE TEACHING OF GEOGRAPHY. A Practical Handbook for the 

use of Teachers. By Abohibald Gkikib, F.R.S., Director -General of the 

Geological Survey of the United Kingdom. Cr. 8yo. 2s. 
GLADSTONE.— SPELLING REFORM FROM A NATIONAL POINT OF VIEW. 

By J. H. GLADSTome. Cr. 8vo. Is. 6d. 
HBR1!eL.— OVERPRESSURE IN HIGH SCHOOLS IN DENMARK. By Dr. 

HsBTSL. Translated by C. G. Sobensek. With Introduction by Sir J. 

Cbiohton-Browmb, F.R.S. Cr. 8vo. 8s. 6d. 
TODHUNTEB.— THE CONFLICT OF STXTDlEa By Isaac ToDHuirrBB, F.R.S. 

8to. lOs. Od. 
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(See also MECHANICS, LAW, and MEDICINE.) 

Ciyil and Meohanloal Engineering; Military and Naval Soienoe; 
Agrionltnre ; Domestlo Eoonomy ; Book-Keeping. 

OIVIL AND MECHANICAL ENGINEERING-. 

jUiEZANDER and THOMSON.— ELBMENTART APPLIED MECHANICS. By 
T. Albzamdbb, Professor of Civil Engineering, Trinity College, Dublin, and 
A. W. Thomsoit, Professor at College of Science, Poona, India. Pai-t II. 
Tbanbvebsx Stbbss. Cr. 8vo. 10s. 6d. 

CHALMERS. -GRAPHICAL DETERMINATION OF FORCES IN ENOINEER* 
INQ STRUCTURES. By J. B. Chalmxbs, O.E. Illttstratod. 8vo. 248. 

COTTEEILL.— APPLIED MECHANICS : An Elementary General Introduction to 
the Theonr of Structures and Machines. By J. H. Cotisbill, F.B.S., Pro- 
fessor of Applied Mechanics in the Royal Naval College, Greenwich. 2d Ed. 
8vo. 18s. 

COTTERILL and SLADB.— LESSONS IN APPUED MECHANICS. By Prof. 

J. H. CoTTXBiLL and J. H. Slads. Fcap. 8vo. [January 1891. 

KENNEDY.— THE MECHANICS OF MACHINERY. By A. B. W. Exmnedt, 

F.R.& Illustrated. Cr. 8vo. 12s. 6d. 
WHITHAM.— STEAM-ENGINE DESIGN. For the Use of Mechanical Engineers, 

Students, and Dntnghtsmen. By J. M. Whitham, Professor of Engineering, 

Arkansas Industrial University. Illustrated. 8vo. 25s. 
YOUNG.— SIMPLE PRACTICAL METHODS OF CALCULATING STRAINS 

ON GIRDERS, ARCHES, AND TRUSSES. With a Supplementary Essay on 

Economy in Suspension Bridges. By B. W. Youxro, <j.B. With Diagrams. 

8vo. 7s. 6d. 

MILITARY AND NAVAL SCIENCE. 

AITKEN.— THE GROWTH OF THE RBCRUIT AND YOUNG SOLDIER. With 
a view to the selection of " Growing Lads " for the Army, and a Regulated 
System of Training for Recruits. By Sir W. Aitksm, F.B.S., Professor of 
Pathology in the Army Medical School. Cr. 8vo. 88. 6d. 
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ARMT FRELZMINART EZAMINATIOH, 1882-1889, Bpeoimens of Papers aet at 
the. With Answers to the Mathematical Qnestiona. Sabjects : Arithmetic, 
Algebra, Eaclid, Qeometrical Drawing, Geography, French, English Dictation. 
Gr. Svo. 8s. Gd. 

MATTHEWS.— MANUAL OF LOGABITHMS. By O. F. Matthews, B.A. 8to. 
5s. net. 

MEBOUR.— ELSMBNTS OF THE ABT OF WAB. Prepared for the use of 
Cadets of the United States Military Academy. By James Mercur, Professor 
of Civil Engineering at the United States Academy, West Point, New York. 
2d Ed., revised and corrected. Svo. 17s. 

PALMER.— TEXT-BOOK OF PRACTICAL LOGARITHMS AND TRIQONO- 
METRY. By J. H. Palmer, Head Schoolmaster, R.N., H.M.S. Cambridge^ 
Devonport. Gl. Svo. 4s. 6d. 

ROBINSON.— TREATISE ON MARINE SURVEYING. Prepared for the nse of 
younger Naval Officers. With Questions for Examinations and Exercises 
principally from the Papers of the- Royal Naval College. With the results. 
By Rev. John L. Robinson, Chaplain and Instructor in the Royal Naval 
College, Greenwidi. Illustrated. Or. Svo. 78. 6d. 

8A2n)HURST MATHEMATIOAL PAPERS, for Admission into the Royal Military 
College, 1881-1889. Edited by E. J. Bbooksmith, B.A, Instrootor in Mathe- 
matics at the Royal Military Academy, Woolwich. Cr. Svo. Ss. 6d. 

SHORTLAND.— NAUTICAL SURVEYING. By the late Vice-Admiral Shortlaetd, 
LL.D. Svo. 21 8. 

THOMSON.— POPULAR LECTURES AND ADDRESSES. By Sir William 
Thomson, LL.D., P.RS. In 8 vols. Illustrated. Cr. 8va Vol. III. Papers 
on Navigation. [In ths Press. 

WILEJNSON.— THE BRAIN OF AN ARMY. A Popular Account of the German 
General Staff. By Spenser Wilkinson. Cr. Svo. 2s. 6d. 

WOLSBLEY.— Worlcs by General Viscount Wolselst, G.CM.G. 
THE SOLDIER'S POCKET-BOOK FOR ]^IELD SERVICE. 5th Ed., revised 

and enlarged. ISmo. Roan. 6s. 
FIELD POCKET-BOOK FOR THE AUXILLAUT FORCES. 16mo. Is. 6d. 

WOOLWICH MATHEMATIOAL PAPERS^ for Admission into the Royal Military 
Academy, Woolwich, 18S0-1SS8 inclusive. Edited by E. J. Brooksmith, B.A., 
Instructor in Mathematics at the Royal Military Academy, Woolwich. Cr. 
Svo. 08. 

AGhRIOULTURR 

FRANKLAND.— AGRICULTURAL CHEMICAL ANALYSIS, A Handbook of. 
By Perot F. Frankland, F.R.S., Professor of Chemistry, University College, 
Dundee. Founded upon LsHfixden fSr dis AgricuUurs CSiemiche AnoUysSt von 
Dr. F. EIrogker. Cr. Svo. 7s. 6d. 
HARTIG.— TEXT- BOOK OF THE DISEASES OF TREES. By Dr. Robert 
Hartiq. Translated by Wm. Somerville, B.Sc., D.CE., Lecturer on Forester 
in the University of lEdinburgh. Edited, with Introduction, by Prof, a, 
Marshall Ward. Svo. [In preparaMon. 

LASLETT.— TIMBER AND TIMBER TREES, NATIVE AND FOREIGN. By 

Thomas Laslett. Cr. Svo. Ss. 6d. 
SMITH.— DISEASES OF FIELD AND GARDEN CROPS, CHIEFLY SUCH AS 
ARE CAUSED BY FUNGI. By Worthinoton G. Smith, F.L.S. Illnstrated. 
Fcap. Svo. 48. 6d. 
TANNER.— •ELEMENTARY LESSONS IN THE SCIENCE OFrA^GRICULTURAL 
PRACTICE. By Henry Tanner, F.C.S., M.R.A.C., Examiner in the Prin- 
ciples of Agriculture under the Government Department of Science. Fcap. 
Svo. Ss. 6dl 
FIRST PRINCIPLES OF AGRICULTURE. By the same. 18mo. 1b. 
THE PRINCIPLES OF AGRICULTURE. By the same. A Series of Reading 
Books for use in Elementary Schools. Ex. fcap. Svo. 
I. The Alphabet of the Principles of Agricultare. 6d. 
II. Further Steps in the Principles of Agriculture. Is. 
III. Elementary School Readings on the Principles of Agriculture for the 
third stage. Is. 
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WABO.— TIMBBR AND SOICB OF ITS DISBASBS. Bf H. ifAm^itATT. Wabb, 
M.A., F.L.B., F.B.S., Fellow of Ghrist's College, Oambridge, Professor of 
Botany at the Boyal Indian Bngineering College, Cooper's HilL With lUostra- 
tions. Cr. Syo. 68. 

DOMESTIC ECONOMY. 

*BABKEB.— FIBST LBSSONS IN THB FRINCIPLBS OF COOEINa. By Ladt 
Ba&keb. ISmo. la. 

«BEBNEBS.— FIRST LBSSONS ON HBALTH. ByJ. Bernsbs. 18mo. la. 

«OOOKEBT BOOK.— THB MIDDLB CLASS COOEBBT BOOK. Edited by the 

Manchester School of Domestic Cookery. Fcap. 8vo. Is. 6d. 
CRAVEN.— A OUIDB TO DISTRICT NURSEa By Mrs. Dacrb CRAvmr (nk 

Flobxnob Sarah Lees), Hon. Associate of the Order of St. John of Jenualon, 

etc. Cr. 8yo. 2s. 6d. 
FBEDERIOK.— HINTS TO HOUSBWIVBS ON "SEVERAL POINTS, PAR- 

TICUL ARLT ON THE PREPARATION OF ECONOMICAL AND TASTEFUL 

DISHES. By Mrs. Fbedebick. Cr. 8yo. Is. 

*aBAND'HOMMB.— CUTTINO-OUT AND DRESSMAKING. From the Fraoch of 

Mdlle. E. Grand'homme. With Diagrams. 18mo. Is. 
JEZ-BLAKE.— THE CARE OF INFANTS. A Mannal for Mothers and Norses. 

By Sophia Jex-Blake, M.D., Lecturer on Hygiene at the London School of 

Medicine for Women. 18mo. Is. 
RATHBONB.— THB HISTORY AND PROGRESS OF DISTRICT NURSING 

FROM ITS COMMENCEMENT IN THE TEAR 1859 TO THB PRESENT 

DATE, including the foundation by the Queen of the Queen Victoria Jubilee 

Institute for Nursing the Poor in their own Homes. By Wixxiam Rathbohx, 

M.P. Cr. 8vo. 28. 6d. 
«TEGETMEIER.— HOUSEHOLD MANAGEMENT AND COOKERT. With an 

Appendix of Recipes used by the Teachers of the National School of Cookery. 

By W. B. Teoetmeier. Compiled at the request of the School Board for 

London. 18mo. Is. 

^WRIGHT.— THB SCHOOL COOKERY-BOOK. CompUed and Edited by C. B. 
Guthrie Wright, Hon. Sec. to the Edinburgh School of Cookery. 18mo. Is. 

BOOK-KEEPING. 

"THORNTON.— FIRST LESSONS IN BOOK-KEEPING. By J. Thornton 

Cr. 8yo. 28. 6d. - KEY. Oblong 4to. 10s. 6d. 
*FRIMER OF BOOK-KEEPING. By the same. 18mo. Is. 
KEY. 8yo. , 2s. 6d. 

GEOGRAPHY. 

(See also PHYSICAL GEOGRAPHY.) 

BARTHOLOMEW.— «THE ELEMENTARY SCHOOL ATLAS. By John Bar. 
tholomsw, F.R.G.S. 4to. Is. 
MACMILLAN'S SCHOOL ATLAS, PHYSICAL AND POLITICAL. Consisting 
of 80 Maps and complete Index. By the same. Prepared for the use of 
Senior Pupils. Royal 4to. 7s. 6d. Half-morocco. 10s. 6d. 
THB LIBRARY REFERENCE ATLAS OF THE WORLD. By the same. 
A Complete Series of 84 Modem Maps. With Geographical Index to 100,000 
places. Half-morocco. Gilt edges. Folio. £2 : 12 : 6 net. 
•CLARKE.— CLASS-BOOK OF GEOGRAPHY. By a B. Clarkb, F.R.& New 
Ed., revised 1889, with 18 Maps. Fcap. 8yo. Paper covers, 8s. Cloth, 8s. 6d. 
GBIKIE.— Works by Archirald Gkikis, F.R.S., Director-Geneial of the Geol<^cal 

Survey of the United Kingdom. 
•THE TEACHING OF GEOGRAPHY. A Practical Handbook to the lue of 

Teachers. Cr. 8vo. Ss. 
•GEOGRAPHY OF THE BRITISH ISLES. 18mo. Is. 



OEOGRAPHY — HISTORY 47 

*aREEN.— A SHORT GE06BAPHT OF THB BRITISH ISLANDS. By Johm 

Richard Qrebn and A. S. Greeh. With Haps. Fcap. Syo. Ss. 6d. 
•GROVE.— A PRIMER OF GBOGRAFHY. By Sir Gxorqs Grovs, D.aL. 

niostrated. 18mo. Is. 
KIEPERT.-A MANUAL OF ANCIBNT GBOGRAFHY. By Dr. H. EixrvRT. 

Cr. 8vo. 58. 
MACMILLAN*S GEOGBAPHIOAL SERIES.— Edited by Archibald Gukir, 

F.R.S., Director-General of the Geological Survey of the United Kingdom. 
«THB TEACHING OF GEOGRAPHT. A Practical Handbook for the Use of 

Teachers. By Archibald Geikix, F.R.B. Gr. 8to. 28. 
•MAPS AND MAP-DRAWING. By W. A. Eldbrton. ISmo. It. 
•GEOGRAPHY OF THE BRITISH ISLES. By A. Gxikib, F.R.S. ISmo. Is. 
•AN ELEMENTARY CLASS-BOOK OF GENERAL GEOGRAPHY. By H. R 
Mill, D.Sc, Lecturer on Physiography and on Commercial Geography in 
the Heriot-Watt College, Edinburgh. Illustrated. Cr. Sto. Ss. 6d. 
•GEOGRAPHY OF EUROPE. By J. Sime, M.A. lUustrated. GL Syo. Ss. 
•ELEMENTARY GEOGRAPHY OF INDIA, BURMA, AND CEYLON. By H. 

F. Blantord, F.G.S. GL Svo. 2s. 6d. 
GEOGRAPHY OF NORTH AMERICA. By Prot N. S. Shalxr. [In preparatitm. 
GEOGRAPHY OF THB BRITISH COLONIES. By G. M. Dawboit and A. 
SuTHXRLAND. [In prtparotioT^ 

•«• Other volumes will be announced in due course. 

8TRA0HET.— LECTURES ON GEOGRAPHY. By General Richard Straohxt, 
R.E. Or. Svo. 4s. 6d. 
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ARNOLD.— THB SECOND PUNIC WAR. Being Chapters fh>m THB HISTORY 
OF ROME, by the late Thomas Arnold, D.D., Headmaster of Rugby. Edited, 
with Notes, by W. T. Arnold, M.A. With 8 Maps. Cr. 8vo. Ss. 

ARNOLD.— THE ROMAN SYSTEM OF PROVINCIAL ADMINISTRATION TO 
THB ACCESSION OF CONSTANTINE THE GREAT. By W. T. Arnold, 
M.A. Chr. 8vo. 6s. 

•BEESLT.— STORIES FROM THE HISTORY OF ROME. By Mrs. Bbxslt. 
Fcap. 8vo. 2s. 6d. 

BBYOE.— Works bv James Brtob, M.P., D.C.L., Regius Professor of Civil Law 
in the University of Oxford. 
THE HOLY ROMAN EMPIRE. 9th Ed. Cr. Svo. 7s. 6d. 
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Also a Library Edition, Demy Svo. 14s. 



THB AMERICAN COMMONWEALTH. 2 vols. Ex. cr. Svo. 26s. Part 1. 
The National Government Part II. The State Governments. Part III. 
The Party System. Part IV. Public Opinion. Part V. Illustrations and 
Reflections. Part VL Social Institutions. 

•BUGKLET.— A HISTORY OF ENGLAND FOR BEGINNERS. By Ahamtta 
B. BucKLBT With Maps and Tables. GL Svo. 8s. 

BURT.- A HISTORY OF THE LATER ROMAN EMPIRE FROM ARCADIUS 
TO IRENE, A.D. 806-800. By John B. Burt, M.A., Fellow of Trinity College, 
Dublin. 2 vols. Svo. S2s. 

OASSEL.— MANUAL OF JEWISH HISTORY AND LITERATURE. By Dr. D. 
Cassbl. Translated by Mrs. Hxnrt Lucas. Fcap. Svo. 2s. 6d. 

ENGLISH STATESMEN, TWELVE. Cr. Svo. 2s. 6d. each. 
William the Conqueror. By Edward A. Freeman, D.C.L., LL.D. 
Hxnrt II. By Mrs. J. R. Green. 

Edward I. By F. York Powell. In pnpturation, 

Hxnrt VII. By Jamxs Gairdnkii. 
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Oardinal Wolsbt. By Professor M. Okbighton. 

Blizabeth. By B. S. BinESLT. [In pr^parcUUm. 

Oliver Grouwell. By Frederic Harrison. 
William III. By H. D. Traill. 
Walpolb. By John Morlet. 

Chatham. By John Morlet. [In j^eparation, 

Pitt. By John Morlet. [In prepoaratUm. 

Peel. By J. R. Thursfisld. [In (he Pnss. 

PISELE.— Works by John Fiskx, formerly Lecturer on Phflosophy at Harvard 

University. 

THB CRITICAL PBBIOD IN AMBRIOAN HISTORY, 178S-1789. Bz. cr. 
8vo. lOs. 6d. 

THB BBGINNINGS OP NBW BNOLAND ; or, The Puritan Theocracy in its 
Relations to Civil and Religions Liberty. Cr. 8vo. 7s. 6d. 
FREEMAN.— Works by Bdward A. Freeman, D.C.L., Regins Professor of Modern 

History in the University of Oxford, etc 
*OLD BNGLISH HISTORY. With Maps. Bx. fcap. 8vo. ds. 

A SCHOOL HISTORY OF ROMB. Cr. Svo. [In preparatiim. 

MBTHODS OP HISTORICAL STUDY. Svo. 10s. 6d. 

THB CHIBF PBRIODS OF BUROPBAN HISTORY. Six Lectures. With an 
Bssay on Qreek Cities under Roman Rule. Svo. 10s. 6d. 

HISTORICAL BSSAYS. First Series. 4th Bd. Svo. 10s. 6d. 

HISTORICAL BSSAYS. Second Series. 8d Bd., with additional Bssays. Svo. 

10s. 6d. 
HISTORICAL BSSAYS. Third Series. Svo. 128. 
THB GROWTH OF THB BNGLISH CONSTITUTION FROM THB BARLIBST 

TIMBS. 4th Bd. Cr. Svo. 6s. 

«GBNBRAL SEBTCH OF BUROPBAN HISTORY. Bnlaiged, with Maps, etc. 
ISmo. 8s. 6d. 

«PRIMBR OF BUROPBAN HISTORY. ISmo. Is. (Hishry Primen,) 

FBIEDMANN.— ANNB BOLBYN. A Chapter of Bnglish History, 1527-1586. By 

Paul Friedmann. 2 vols. Svo. 28s. 
FYFFB.— A SCHOOL HISTORY OF GRBBCB. By C. A. Ftfpb, M.A., late 
Fellow of University College, Oxford. Cr. Svo. [In prepanUion, 

GREEN.— Works by John Richard Green, LL.D., late Honorary Fellow of 

Jesus College, Oxford. 
•A SHORT HISTORY OF THB BNGLISH PBOPLB. New and Revised Bd. 
With Maps, Genealogical Tables, and Chronological Annals. Cr. Svo. 8s. 6d. 
151st Thousand. 
*Also the same in Four Parts. With the corresponding portion of Mr. Tait's 
"Analysis." Crown Svo. 8s. each. Part I. 607-1265. Part IL 1204-1568. 
Part in. 1540-1689. Part IV. 1660-1878. 
HISTORY OF THB ENGLISH PEOPLE. In four vols. Svo. 168. each. 
Vol. I.— Early England, 449-1071 ; Foreign Kings, 1071-1214 ; The Charter, 

1214-1291 ; The Parliament, 1807-1461. With 8 Maps. 
Vol. II.— The Monarchy, 1461-1540 ; The Reformation, 154&-160S. 
Vol. III.— Puritan England, 1608-1660 ; The Revolution, 1660-1688. With four 

Maps. 
VoL IV.— The Revolution, 1688-1760; Modem England, 1760-1816. With 
Maps and Index. 

THB MAKING OF ENGLAND. With Maps. Svo. 16s. 
THB CONQUEST OF ENGLAND. With Maps and Portrait Svo. ISs. 
•ANALYSIS OF ENGLISH HISTORY, based on Green's " Short History of the 
Bnglish People." By C. W. A. Tait, M.A., Assistant Master at Clifton CoUeige. 
Revised and Enlarged Bd. Crown Svo. 4s. 6d. 
«BBADINGB FROM BNGLISH HISTORY. Selected and Edited by John 
Richard Green. Three Parts. Gl. Svo. Is. 6d. each. I. Hengist to Cressy, 
II. CreMy to Cromwell. III. Cromwell to Balaklava. 
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CK7E8T.— LBGTXJBES ON THB HISTOBT OF XNGLAND. By U. J. Gukt. 
With Maps. Gr. Svo. 68. 

•mSTORIOAL OGURSB FOB 80H00LS.— Xdited by B. A. Fiuebman, D.aL., 

Regias Professor of Modein History in the Univenity of Oxford. 18mo. 
GENERAL SKETCH OF EUROPBAK HISTOBT. By B. A. Fbsemav. 

D.G.L. New Ed., revised and enlarged. With Chronological Table, Hajts, ana 

Index. 8s. 6d. 
HISTOBT OF BNOLAND. By Edith THOvnov. New Bd., zBvlsed aod 

enlarged. With Coloured Maps. 28. 6d. 
HISTOBT OF SCOTLAND. By Maboabet Maoabthub. 88. 
HISTOBT OF ITALT. By Bev. W. Hunt, M.A. New Ed. With Coloured 

Maps. 88. 6d. 

HISTOBT OF GBBMANT. By J. Sime, M.A. New Ed., reyised. 88. 
HISTOBT OF AMEBICA. By John A. Dotls. With Maps. 48. 6d. 
HISTOBT OF EUBOPBAN COLONIBS. By B. J. Fatns, M.A. With Maps. 

4s. 6d. 
HISTOBT OF FBANCB. By Ohablottb M. Tong«. With Maps. 88. 6d. 
HISTOBT OF GBBECB. By Edward A. Freeicak, D.C.L. [In preparcOUm. 
HISTOBT OF BOMB. By Bdwabd A. FRxmtAK, D.C.L. [Jn preparation, 

«HISTOBTPBIMSBS.— Edited by John BioHABD Greek, LL.D. ISmo. Is. each. 
BOMB. By Bev. M. Creighton, M.A., Dixie Professor of Eooleaiastical 

History in the University of Cambridge. Maps. 
GBBECB. By C. A. Ftt¥e, M.A., late Fellow of University College, Oxford. 

Maps. 
BUBOPB. By B. A. Freeman, D.C.L. Maps^ 
FBANCB. By Charlotte M. Tonge. 

INDIAN HISTOBT : ASIATIC AND EUBOPBAN. By J. Talbotb Wheblb^ 
GBBBE ANTIQUITIE& By Bev. J. P. Mabant, D.D. Illastrated. 
CLASSICAL GEOGBAPHT. By H. F. Tozeb, M.A. 
GBOGBAPHT. By Sir G. Grove, D.C.L. Maps. 
ROMAN ANTIQUITIES. By Prof. Wilkinb, Litt.D. Illastrated. 

HOLE.— A GENEALOGICAL STEMMA OF THE KINGS OF BNGLAND AND 

FBANCB. By Bev. C. Hole. On Sheet. Is. 
JENNINGS.— CHBONOLOGICAL TABLES. A synchronistio arrangement of 

the events of Ancient History (with an IndexX By Bev. Arthur C. 

Jennings. Svo. 5s. 
LABBEBTON.— NEW HISTOBICAL ATLAS AND GENBBAL HISTOBT. By 

R H. Labberton. 4to. New Ed., revised and enlarged. 15s. 

LETHBBIDGE.— A SHOBT MANUAL OF THB HISTOBT OF INDIA. With 
an Account of India ab it is. The Soil, Climate, and Productions; the 
People, their Baces, Beligions, Public Works, ana Industries; the Civil 
Services, and System of Administration. By Sir Bopbb Lethbbidoe, FeUow 
of the Calcutta University. With Maps. Cr. Svo. 5s. 

MAHAFFT.— GBBEK LIFB AND THOUGHT FBOM THB AGE OF ALEX. 

ANDEB TO THB BOMAN CONQUEST. By Bev. J. P. Mahaeft, D.D., 

Fellow of Trinity College, Dublin. Cr. Svo. 12s. 6d. 
THE GBEBK WOBLD UNDER BOMAN SWAT. From Plutarch to Polybius. 

By the same Author. Cr. Svo. 10s. 6d. 
MARRIOTT.— THB MAKEBS OF MODERN ITALT : Mazzini. Cavour, Garl 

BALDL Three Lectures. By J. A. B. Marriott, M.A., Lecturer In Modem 

History and Political Economy, Oxford. Cr. Svo. Is. 6d. 

MICHELET.— A SUMMABT OF MODEBN HISTOBT. Translated by M. C. M. 
Simpson G1 Svo 48a 6d 

NORGATE.— ENGLAND UNDEB THE ANGEVIN KINGS. By Kate Noroaie. 

With Maps and Plans. 3 vols. Svo. 82s. 
0TT£.-«CANDINAVIAN HISTOBT. By B. C. Orri. With Maps. Gl. Svo. 68. 
SBBLBT.— 'Works by J. R Sbelbt, M.A., B^ns Professor of Modem History in 

the University of Cambridge. 
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THB EXPANSION OF BNOLAND. Grown Sro. 48. 6d. 
OUR COLONIAL EXPANSION. Extracts from the above. Cr.Svo. Sewed. Is. 
»TAIT.— ANALYSIS OF ENGLISH HISTOBT, Insed on Green's "Short 
History of the English People." By 0. W. A. Tatt, M.A., Assistant Master 
atOlifton. BeTised and Enlarged Ed. Gr. 870. 4s. 6d. 
WHEELER.— Works by J. Talbots Whkxlbb. 

*A PRIMER OF INDIAN HISTORY. Asiatic and European. 18mo. Is. 
•COLLEGE HISTORY OP INDIA, ASIATIC AND EUROPEAN. With Maps. 

Cr. 8vo. 88. 6d. 

A SHORT HISTORY OF INDIA AND OF THE FRONTIER STATES OF 
AFGHANISTAN, NEPAUL, AND BURMA. With Maps. Cr. 8vo. 12s. 
70NGE.— Works by Charlottb M. Yonos. 
CAMEOS FROM ENGLISH HISTORY. Ex. fcap. ^ 8to. 58. each. (1) 
FROM ROLLO TO EDWARD IL (2) THE WARS IN FRANCE. (8) 
THE WARS OF THE ROSES. (4) REFORMATION TIMES. <6) ENG- 
LAND AND SPAIN. (6) FORTY YEARS OF STUART RULE (1608-1648). 
(7) REBELLION AND RESTORATION (1642-1678). 
EUROPEAN HISTORY. Narrated in a Series of Historical Selections bom the 
Best Authorities. Edited and arranged by E. M. Sswsll and 0. M. Yonos. 
Cr. Svo. First Series, 1008-1154. 6s. Second Series, 1088-1228. 6s. 
THE VICTORIAN HALF CENTURY— A JUBILEE BOOK. With a New 
Portrait of the Queen. Cr. 8to. Paper covers. Is. Cloth, Is. 6d. 
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•ANDEBSON.— LINEAR PERSPBCTIYE AND MODEL DRAWING. A School 

and Art Class Manual, with Questions and Exercises for Examination, and 

Examples of Examination Papers. By Laubencs Aitdsbson. Illustrated. 

Svo. 28. 
OOLLIEB.— A PBIMER OF ART. By the Hon. Johv Collub. IllastFated. 

18mo. Is. 
CX)OK.— THE NATIONAL GALLERY: A POPULAR HANDBOOK TO. By 

EnwABD T. CooK, with a pre&ce by John Buskin, LL.D., and Selections 

fh>m his Writings. 8d Ed. Cr. Svo. Half-morocco, 14s. 
\* Also an Edition on large paper, limited to 250 copies. 2 vols. 8vo. 
DELAHOTTE.— A BEGINNER'S DRAWING BOOK. By P. H. Dnuucorrx, 

F.S.A. Progressively arranged. New Ed., improved. Cr. Svo. Ss. 6d. 
ELLIS.-SKETCHING FROM NATURE. A Handbook for Students and 

Amateurs. By TBismAM J. Elus. Illustrated by H. Stact Mabks, B.A., 

and the Author. New Ed., revised and enlarged. Cr. Svo. Ss. 6d. 
OBOYE.— A DICTIONARY OF MUSIC AND MUSICIANS. a.x>. 1450-1889. 

Edited by Sir Gkobob Gbovb, D.C.L. In four vols. Svo. Price 218. each. 

Also in Parts. 

Parts I.-XIV., Parts XIX.-XXn., 8b. 6d. each. Parts XV., XVI., Ts. 

Parts XVII., XVIII., 7s. Parte XXIII.-XXV. (AppendixX Os. 
A COMPLETE INDEX TO THE ABOVE. By Mrs. E. WoDKHOxraz. Svo. 

7s. 6d. 
HUNT.— TALKS ABOUT ABT. By William Httmt. With a Letter firom Sir J. 

B. MiLLAZS, Bart, B.A. Or. 8vo. 8s. 6d. 
MELDOLA.— THB CHEMISTBY OF PHOTOGRAPHY. By Raphaxl Mzldola, 

F.R.S., Professor of Chemistry in the Technical College, Finsbury. Cr. Sva 

TAYLOR.— A PRIMER OF PL^OFORTE-PLAYING. By Fbanxlin Tatlob. 

Edited by Sir Gbobgb Gbovb. ISmo. Is. 
TAYLOR.— A SYSTEM OF SIGHT-SINGING FBOM THE ESTABLISHED 

MUSICAL NOTATION ; based on the Principle of Tonic ReUtion, and Illna- 

trated by Extracts from the Works of the Great Mastera. By BsDurr Tatlqm. 

8va 6t. net 
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TTBWHITT.— OUB SEETOHING OLtJB. Letters and Studies on Landscape 
Art By Rev. R. St. John Tybwhitt. With an authorised Reproduction 
of the Lessons and Woodcnts in Prof. Ruskin's " Blements of Drawing." 4th 
Bd. Cr. 8vo. 78. 6d. 
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▲BBOTT.—BIBLB LESSONS. By Rev. Edwin A. Abbott, D.D. Cr. 8to. 48. 0d. 

ABBOTT— BUSHBBOOKE.— THE COMMON TRADITION OF THE STNOPTIC 

GOSPELS, in the Text of the Revised Version. By Rev. Edwin A. Abbott, 

D.D., and W. O. Bt«hbrookb, M.L. Cr. Svo. 8s. 6d. 
ARNOLD.-- Worlcs by MilTThsw Arnold. 
A BIBLE-READING FOR SCH00i;9,— THE GREAT PROPHECY OF 

ISRAEL'S RESTORATION (Isaiah, Chapters xl.-lxri.) Arranged and 

Edited for Tonng Learners. ISmo. Is. 

ISAIAH XL-LXVI. With the Shorter Prophecies allied to it Arranged and 

Edited, with Notes. Cr. Svo. 5s. 
ISAIAH OF JERUSALEM, IN THE AUTHORISED ENGLISH VERSION. 

With ^troduction, Corrections and Notes. Cr. Svo. 4s. 6d. 

BBNHAH.— A COMPANION TO THE LECTIONARY. Being a Commentaiy on 
the Proper Lessons for Sundays and Holy Days. By Rev. W. Bbnhajc, B.D. 
Cr. Svo. 4s. 6d. 

0A8SEL.— MANUAL OF JEWISH HISTORY AND LITERATURE ; preceded by 
a BRIEF SUMMARY OF BIBLE HISTORY. By Dr. D. Casbbl. Transited 
by Mrs. H. Luoas. Fcap. Svo. 2s. dd. 

GHUBOH.— STORIES FROM THE BIBLE. By Rev. A. J. Church, M.A. nins. 

trated. Cr. Svo. 6s. 

*0BOSS.— BIBLE READINGS SELECTED FROM THE PENTATEUCH AND 

THE BOOK OF JOSHUA. By Rev. John A. Cross. 2d Ed., enlarged, 

with Notes. GL Svo. 2s. 6d. 

DBUMMOND.— THE STUDY OF THEOLOGY, INTRODUCTION TO. By 
James Druioiond, LL.D., Professor of Theolo{^ in Manchester New College, 
London. Cr. Svo. 5s. 

FABBAB.— Works by the Venerable Archdeacon F. W. Farrab, D.D., P.R.S., 

Archdeacon and Canon of Westminster. 
THE HISTORY OF INTERPRETATION. Being the Bampton Lectures, 18S5. 

Svo. 16s. 
THE MESSAGES OF THE BOOKS. Being Dlsconrses and Notes on the Books 

of the New Testament Svo. 14s. 

•GASKOm.— THE CHILDREN'S TREASURY OF BIBLE STORIES. By Mra. 
Herman Gaskoin. Edited with Preface by Rev. G. F. Maclear, D.D. 
ISmo. Is. each. Part I.— Old TestambnI? History. Part II.— New Testa- 
ment. Part III.— The Apostles : St. Jambs thb Great, St. Paul, and St. 
John the Divine. 

GOLDEN TREASURY PSALTER.— Students' Edition. Being an Edition of " The 
Psalms chronologically arranged, by Four Friends,** with briefer Notes. ISmo. 
Ss. 6d. 

GREEK TESTAMENT.— Edited, with Introduction and Appendices, by Bishop 
Westcott and Dr. F. J. A. Hort. Two Vols. Cr. Svo. 10s. 6d. each. VoL 
I. The Text Vol. II. Introduction and Appendix. 

SCHOOL EDITION OF TEXT. 12mo. Cloth, 4s. 6d. ; roan, red edges, Ss. 6d. 

ISmo. Morocco, gilt edges, 6s. 6d. 
*GRBEE TESTAMENT, SCHOOL READINGS IN THE. Being the outline of 
the life of our Lord, as given by St Mark, with additions flrom the Text of the 
other Evangelists. Arranged and Edited, with Notes and Vocabulary, by 
Rev. A. Calvert, M.A. Fcap. Svo. 2s. 6d. 
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*THB GOSPEL i^OCORDma TO ST. MATTHEW. Belnff the Oieek Text ag 
revised by Bishop Westcott and Dr. Hobt. With Introdaction and Notes by 
Bev. A. Slomak, M.A, Headmaster of Birkenhead SohooL Fcap. Sva 2s. 6d. 
THE GOSPEL ACCORDING TO ST. MARE. Being the Greek Text as revised 
by Bishop Westoott and Dr. Hort. With Introdaction and Notes by Rev. J. 
O. F. MuBRAT, M.A., Lecturer at Emmanael College, Cambridge. Fcap. 8vo. 

[In preparation. 

«THE GOSPEL ACCORDING TO ST. LUKE. Being the Greek Text as revised 
by Bishop Westcott and Dr. Hort. With Introdaction and Notes by Rev. 
John Bond, M.A. Fcap. 8vo. 2s. 6d, 

rrHB ACTS OF THE APOSTLES. Being the Greek Text as revised by Bishop 
Westoott and Dr. Hobt. With Explanatory Notes by T. B. Page, M.A., 
Assistant Master at the Charterhouse. Fcap. 8vo. 88. 6d. 

GWATKIN.— CHURCH HISTORY TO THE BEGINNMG OF THE MIDDLE 
AGES. By H. M. Gwatkin, M.A. 8vo. [In preparatUm, 

HARDWIOK.— Works by Archdeacon Habdwiok. 
A HISTORY OF THE CHRISTIAN CHURCH. Middle Age. From Gregory 
the Great to the Excommanication of Lather. Edited by W. Stubbs, D.D., 
Bishop of Oxford. With 4 Maps. Cr. 8vo. 10s.* 6d. 
A HISTORY OF THE CHRISTIAN CHURCH DURING THE REFORMA- 
TION. 9th Ed. Edited by Bishop Stubbs. Cr. 8vo.- lOs. 6d 

HOOLB.— THE CLASSICAL ELEMENT IN THE NEW TESTAMENT. Considered 
as a proof of its Genuineness, with an Appendix on the Oldest Authorities used 
in the Formation of the Canon. By Chablbs H. Ho<h:.x, M.A., Stodent of Christ 
Church, Oxford. 8vo. 10s. 6d. 

JBMNINOS aal LOWE. — THE PSALMS, WITH INTRODUCTIONS AND 
CRITICAL NOTES. By A. C. Jbnnxnos, M.A. ; assisted in parts by W. H. 
Lowe, M.A. In 2 vols. 2d Ed., revised. Cr. 8vo. 10s. 6d. each. 

SIBEPATBIOK.— THE MINOR PROPHETS. Warburtonian Lectures. By 
Rev. Prof. Kibkpatbick. [In preparoiion, 

KUENEN.— PENTATEUCH AND BOOK OF JOSHUA: An Historico- Critical 
Inquiry into the Origin and Composition of the Hexateuch. By A. Ktienen. 
Translated by P. H. Wickstxed, M.A. 8vo. 14s. 

UOHTFOOT.— Works by the Right Rev. J. B. Liohtfoot, D.D., late Bishop of 

Durham. 
ST. PAUL'S EPISTLE TO THE GALATIANS. A Revised Text, with Introduc- 
tion, Notes, and Dissertations. 10th Ed., revised. 8vo. 128. 
ST. PAUL'S EPISTLE TO THE PHILIPPIANS. A Revised Text, with Intro- 

duction. Notes, and Dissertations. 9th Ed., revised. 8vo. 12s. 
ST. PAUL'S EPISTLES TO THE C0L08SIANS AND TO PHILEMON. A 

Revised Text, with Introductions, Notes, and Dissertations. 8th Ed., revised. 

8vo 12s. 
THE APOSTOLIC FATHERa Part L ST. CLEMENT OF ROME. A Revised 

Text, with Introductions, Notes, Dissertations, and Translations. 2 vols. 8vo. 

828. 
THE APOSTOLIC FATHERS. Part IL ST. IGNATIUft-ST. POLYCARP. 

Revised Texts, with Introductions, Notes, Dissertations, and Translations. 

2d Ed. 8 vols. 8vo. 48s. 
THE APOSTOLIC FATHERS. Abridged Edition. With short Introductions, 

Greek Text, and English Translation. 8vo. [In the Press. 

ESSAYS ON THE WORK ENTITLED "SUPERNATURAL RELIGION." 

(Reprinted firom the Ckmtemporary Review.) 8vo. lOs. 6d. 
MAOLEAB.— Works by the Rev. G. F. Maoleab, D.D., Warden of St. Augustine's 

College, Canterbury. 
ELEMENTARY THEOLOGICAL CLASS-BOOKS. 
•A SHILLING BOOK OF OLD TESTAMENT HISTORY. With Map. 18mo. 

•A SHILLING BOOK OF NEW TESTAMENT HISTORY. With Map. 18mo. 
These works have been carefully abridged from the Author's laiige manuals. 

»A CLASS-BOOK OF OLD TESTAMENT HISTORY. Mapa. 18mo. 4s. 6d. 



MVINITY 63 

MAOLEAR.— Works by Rev. G. F. Macli&ab, 'DJD.—eontin'tted, 

*A CLASS-BOOK OF NEW TESTAMENT HISTORY, including the Connection 

of the Old and New Testaments. With maps. 18mo. 5s. M. 
AN INTRODUCTION TO THE THIRTY-NINB ARTICLES. [In the Press. 
•AN INTRODUCTION TO THE CREEDS. 18mo. 2s. 6d. 

*A CLASS-BOOK OF THE CATECHISM OF THE CHURCH OF ENGLAND. 
I6ma Is. 6d. 

*A FIRST CLASS-BOOK OF THE CATECHISM OF THE CHURCH OF 
ENGLAND. With Scripture Proofs. 18mo. 6d. 

»A MANUAL OF INSTRUCTION FOR CONFIRMATION AND FIRST COM- 
MUNION. WITH PRAYERS AND DEVOTIONS. 82mo. 2s. 

MAUBIOB.— THE LORD'S PRAYER, THE CREED, AND THE COMMAND- 
MENTS. To which is added the Order of the Scriptures. By Rev. F. D. 
Maurice, M.A. 18mo. Is. 

THE PENTATEUCH AND BOOK OF JOSHUA: An Historico- Critical Inquiry 
into the Origin and Composition of the Hexateuch. By A. Kuenen, Professor 
of Theology at Leiden. Translated by P. H. Wicksteed, M.A. 8vo. 14s. 

PBOOTER.— A HISTORY OF THE BOOK OF COMMON PRAYER, with a Ration- 
ale of its Offices. By Rev. F. Pbocteb. 18th Ed. Cr. 8vo. 10s. 6d. 

*PBOOTBB and MACLEAB.— AN ELEMENTARY INTRODUCTION TO THE 
BOOK OF COMMON PRAYER. Rearranged and supplemented by an Ex- 
planation of the Morning and Evening Prayer and the Litany. By Rev. F. 
F^ooTEB and Rev. Dr« Macleab. New and enlarged Edition, containing 
the Communion Service and the Confirmation and Baptismal Offices. 18mo. 
2s. 6d. 

THE PSALMS, WITH JNTRODUGTIONS AND CRITICAL NOTES. By A. C. 
JsNNiNQS, M.A., Jesus College, Cambridge ; assisted in parts by W. H. Lows, 
M.A., Hebrew Lecturer at Christ's College, Cambridge. In 2 vols. 2d Ed., 
revised. Cr. 8vo. 10s. 6d. each. 

BYLE.— AN IN^ODUCTION TO THE CANON OF THE OLD TESTAMENT. 
By Rev. H. E. Rylb, Hulsean Professor of Divinity in the University of Cam- 
bridge. Cr. 8vo. [In preparation. 

SIMPSON.— AN EPITOME OP THE HISTORY OF THE CHRISTIAN CHURCH 
DURING THE FIRST THREE CENTURIES, AND OF THE REFORMATION 
IN ENGLAND. By Rev. William Simpson, MJL 7th Ed. Fcap.8vo. Ss.ed. 

ST. JAMES' EPISTLE.— The Greek Text, with Introduction and Notes. By Rev. 

Joseph Mayor, M.A., Professor of Moral Philosophy in King's College, London. 

8vo. [In ^ Press, 

ST. JOHN'S EPISTLES.— The Greek Text, with Notes and Essays. By Right Rev. 

B. F. Westoott, D.D., Bishop of Durham. 2d Ed., revised. 8vo. 12s. 6d. 
ST. PAUL'S EPISTLES.— THE EPISTLE TO THE ROMANS. Edited by the 

Very Rev. C. J. Vaughan, D.D., Dean of Llandaff. 6th Ed. Cr. 8vo. 78. 6d. 

THE TWO EPISTLES TO THE CORINTHIANS, A COMMENTARY ON. By 

the late Rev. W. Kat, D.D., Rector of Great Leghs, Essex. 8vo. 9.s. 
THE EPISTLE TO THE GALATIANS. Edited by the Right Rev. J. B. 

LiGHTFOOT, D.D. 10th Ed. 8vo. 128. 
THE EPISTLE TO THE PHILIPPIAN8. By the Right Rev. J. B. Liohtfoot, 

D.D. 9th Ed. Svo. 128. 
THE EPISTLE TO THE PHILIPPIANS, with TransUtion, Paraphrase, and 

Notes for English Readers. By the Very Rev. C. J. Vatjohan, D.D. Cr. 8vo. 5s. 
THE EPISTLE TO THE COLOSSIANS AND TO PHILEMON. By the Right 

Rev. J. B. LiGHTFOOT, D.D. 8th Ed. 8vo. 12s. 
THE EPISTLES TO THE EPHBSLA.NS, THE COLOSSLANS, AND PHILE- 

MON ; with Introductions and Notes, and an Essay on the Traces of Foreign 

Elements in the Theology of these Epistles. By Rev. J. Llewelyn Davies, 

M.A. 8vo. 7s. 6d. 
THE EPISTLE TO THE THESSALONIANS, COMMENTARY ON THE GREEK 

TEXT. By John Eadie, D.D. Edited by Rev. W. Young, M.A., with Preface 

by Prof. Caibnb. Svo. 188. 
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THB BFIBZLE TO THE HEBREWS.— In Greek and Bngliah. With Critical and 
Explanatory Notes. Edited hy Bev. F. Bshdaix, M .A. Gr. Svo. 6a. 

THE ENGLISH TEXT, WITH OOMHENTABT. By the same Editor. Cr. 
Svo. 78. 6d. 

THE GBEEK TEXT. With Notes I7 a J. Tadohav, D.D., Dean of TJmii^ir, 
Cr. 8to. 7s. 6d. 

THE GBEEK TEXT. With Notes and Essays by Bishop Wsbtoor; D.D. 
Sto. 14s. 

VAUGHAH.— THE CHUBCH OF THB FIBST DATa Comprising the Chnrch 
of Jerosalem, the Choidi of the Gentiles, the Chorch of the World. By C. J. 
Yaughajt, D.D., Dean of Llandaff. New Ed. Cr. 8vo. lOs. 6d. 

WE8TO0TT.— Works by the Bight Bev. Bbooks Fo8b Wbstooit, D.D., Bishop ot 

Dnrham. 

A GENBBAL 8UBVEY OF THE HI8T0BT OF THE CANON OF THE NEW 
TESTAMENT DDBING THE FIBST FOUB CENTUBIEa 6th Ed. With 
Prefsce on " Sopematnral Beligion." Cr. 8ro. lOs. 6d. 

INTBODUCTION TO THE STUDY OF THE FOUB GOSPEI& 7th Ed. 
Cr. Sro. 10s. 6d. 

THE BIBLE IN THE CHUBCH. A Popniar Account of the Collection and 
Beception of the Holy Scriptures in the Christian (Hiurches. 18mo. 48. 6d. 

THE EPISTLES OF ST. JOHN. The Greek Text, with Notes and Essays. 
2d Ed., revised. 8yo. 12s. 6d. 

THE EPISTLE TO THB HEBBEWa The Greek Text, with Notes and Essays. 
Syo. 14s. 

SOME THOUGHTS FBOM THE OBDINAL. Cr. 8vo. Is. 6d. 
WESTOOTT and HOST.— THE NEW TESTAMENT IN THB OBIGINAL 
GBEEK. The Text, revised by the Bight Bev. Bishop Wbstoott and Dr. 
F. J. A. HoBT. 2 vols. Cr. 8vo. lOs. 6d. each. Vol L Text VoL IL 
Introduction and Api>endix. 

SCHOOL EDITION OF TEXT. 12mo. 4s. 6d. ; Boan, red edgte, Ss. 6d. 18ina 
Morocco, gilt edges, 68. 6d. 
WILSON.— THE BIBLE STUDENTS GUIDE to the more correct understanding 
of the English Translation of the Old Testament, by reference to the originai 
Hebrew. By William Wilbok, D.D., Canon of Winchester. 2d Ed., carefully 
revised. 4to. 25s. 

WBIGHT.— THE COMPOSITION OF THB FOUB GOSPEI^. A CriUcal En- 
quiry. By Bev. Abthub Wright., M.A., Fellow and Tutor of Queen's College, 
Oainbridge. Gr. 8vo. 68. 

WBIGHT.— THE BIBLE WOBD-BOOK: A Glossary of Archaic Words and 
Phrases in the Authorised Version of the Bible and the Book of Common 
Prayer. By W. Alois Wbiqht, M.A., Vice-Master of Trinity College, Cam- 
bridge. 2d Ed., revised and enlarged. Cr. 8vo. 7s. 6d. 

*YONGE.— SCBIPTUBE HEADINGS FOB SCHOOLS AND FAMILIES. By 
CHARLom M. YoKOB. In Five Vols. Ex. fcap. 8vo. Is. 6d. each. With 
Comments. 38. 6d. each. 
FiBST Sebibs. — GiNKsifl TO Deutebonomt. Sboomd Sebies.— Fbom Joshua to 
Solomon. Thibd Sebies.— The KiNce akd the Pbophetb. Foubth Sebcbb. 
—The Gospel Times. Fifth Series.— -Apostolic Times. 

ZEOHABIAH— THB HEBBEW STUDENT'S COMMBNTABY ON ZECHABIAH, 
HEBBEW AND LXX. With Excursus on Syllable-dividing, Metheg, Initial 
Dagesh, and Siman Bapheh. By W. H. Lows, M.A., Hebrew Lecturer at 
Christ's College, Cambridge. 8va 10s. 6d. 
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The Times says : "Both artists and writers have done their best to 
give it a high place in English periodical literature, and the result is a 
magazine which has no rival in England," 

The Guardian describes it as : '• FuU of good matter both in the way 
of writing and drawing. ... A capital magazine for all tables and all 
times," 

%\it <ett0ltaKT lUttBirateit |Ka0a|tni, 18S4. 

A Handsome Volume^ of*l^2 po&h wiVift 428 Illustrations , price ys, 6d, 

The Volume contains a Complete Series of Descriptive Sketches by 
the Author of "John Halifax, Gentleman," with Illustrations by 
C. Napier Hemy ; a Comptete Historical Novel by Charlotte M. 
YoNGE ; and numerous Short Stories and Essays on Popular Subjects 
by well-known Writers. 

9ht CSn^liatr $ihxsixeUh IKaga^ttu, 1885. 

A Handsome Volume^ of %/^o pages, with nearly 500 Illustrations^ 

price 8/. 

The Volume contains a Complete Novel, *' A FAMILY AFFAIR," 
by Hugh Conway, Author of "Called Back," and also Complete 
Stories and Essays by Bret Hart^ the Author of "John Herring," 
Archibald Forbes, J. Henry Shorthouse, Henry Irving, 
Mrs. Oliphant, and others, besides numerous interesting miscellaneous 
Articles by the First Authors of the Day. 



%\it <Ktt0UsIr lUnstrat^ Utagalhu, 1886. 

A Handsonu Volume^ of 832 pages, containing nearly 500 Illustra- 

tionsy price %s. 

Among the Chief Contributors to the Volume are the following : — 



The Author op "John Halifax, 
Gentleman." 

D. Christie Murray. 
Margaret Veley. 
W. B. Norris. 
Grant Allen. 



Clementina Black. 
Mrs. Molesworth. 
Wilkie Collins. 
Mrs. Oliphant. 
Katharine S. Macquoid. 

Rev. Canon Ainger, Alfred T. Watson, H. Sutherland Ed- 
wards, Dr. MORELL Mackenzie, A. C. Swinburne, Henry W. 
Lucy, Edmund Gosse, The Right Rev. The Bishop of Ripon, Ran- 
dolph Caldecott, Miss L. Alma-Tadema, and "Days with Sir 
Roger de Coverley," with pictures by Hugh Thomson. 
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^\jt (Bngltatr lUnatratitii IKagi^m 1887. 

A Handsome Volume j of 832 pages, and containing nearly 500 Illus- 

trationSf price 8j. 

The Volume contains the following Complete Stories and Serials : — 

Marzio's Cruoiflx. By F. Marion Crawford. A Secret Inheritance. 
By B. L. Farjeon. Jacquetta. By the Author of" John Herring." Gerald. 
By Stanley J. Wevman. An Unknown Country. By the Author of ' * John 
Halifax, Gentleman." With Illustrations by F. Noel Paton. A Siege Baby. 
By J. S. Winter. Miss £*alkland. By Clementina Black. 

Vat CngUsIr llluairateit llta^afttu. 1888. 

A Handsome Volume, ofZ'^2pp,, with nearly 500 IllustrcUions, price &?. 
Among the chief Contents of the Volume are the following Complete 

Stories and Serials : — 



Coaching Days and Coaching 

Ways. By W. O. Tristram. With 
Illustrations by H. Railton and 
Hugh Thomson. [of " Mehalah." 
The Story of Jael. By the Author 
LU: A Liverpool Child. By 
Agnes C. Maitland. 

The Patagonia. By Henry 

James. [Weyman. 

Family Portraits. By S. J. 



The Mediation of Ralph Harde- 

lot. By Prof. W. Minto. 

That Girl in Black. By Mrs. 

MOLESWORTH. 

Glimpses of Old English Homes. 

By Elizabeth Balch. 

Pagodas, Anrioles, and Umbrel- 
las. By C. F. Gordon Cumming. 

The Magic Fan. By John 
Strange Winter. Q 






%\ft (Ett0ltBlr lllnstrateit IKogaftm, 1889. 

A Handsome Volume, of g/oo pp,, with nearly 500 Illustrations, price S^. 

Among the chief Contents of the Volume are the following Complete 

Stories and Serials : — 



Sant' nario. By F. Marion 

Crawford. 
The House of the Wolf. By 

Stanley J. Weyman. 

Glimpses of Old English Homes. 

By Elizabeth Balch. 

One Night— The Better Man. 

By Arthur Patbrson. 



How the ** Craytnre " got on the 

Strength. And other Sketches. By 
Archibald Forbes. 
La Belle Americaine. By W. £. 

NORRIS. [Macquoid. 

Success. By Katharine S. 

Jenny Harlowe. By W. Clark 

Russell. 



fS^t (BngUa^T lUnatrateli fHa^eixxu, 1890. 

A Handsome Volume, of^yxipp,, with nearly 550 Illustrations, price 8j. 

Among the chief Contents of the Volume are the following Complete 

Stories and Serials : — 

The Bing of Amasis. By the Earl of Lytton. The Qlittering Plain : 
or, the Land of Living Men. By William Morris. The Old Brown 
Mare. By W. £. Norris. My Journey to Texas. By Arthur Patersoni 
A Glimpse ol Hiehclere Oastle— A Glimpse of Osterley Park. By 
Elizabeth Balch. for the Cause. By Stanley J. Weyman. Morised. 
By the Marchioness of Carmarthen. Overland from India. By Sir 
Donald Mackenzie Wallace, K.C.I.E. The Doll's House and After. 
By Walter Besant. La Mnlette, Anno 1814. By W. Clark Russell. 
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